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The chemical property of methyl groups that renders them indis-
pensable to biomolecules is their hydrophobicity. Quantum mechan-
ical studies undertaken here to understand the effect of point sub-
stitutions on potassium (K–) channels illustrate quantitatively how
methyl–induced polarization also contributes to biomolecular func-
tion. K–channels regulate transmembrane salt concentration gradi-
ents by transporting K+ ions selectively. One of the K+ binding sites
in the channel’s selectivity filter, the S4 site, also binds Ba2+ ions,
which blocks K+ transport. This inhibitory property of Ba2+ ions
has been vital in understanding K–channel mechanism. In most K–
channels, the S4 site is comprised of four threonine amino acids. The
K–channels that carry serine instead of threonine are significantly
less susceptible to Ba2+ block and have reduced stabilities. We find
that these differences can be explained by the lower polarizability
of serine compared to threonine as serine carries one less branched
methyl group than threonine. A T→S substitution in the S4 site
reduces its polarizability, which, in turn, reduces ion binding by sev-
eral kcal/mol. While the loss in binding affinity is high for Ba2+,
the loss in K+ binding affinity is also significant thermodynamically,
which reduces channel stability. These results highlight, in general,
how biomolecular function can rely on the polarization induced by
methyl groups, especially those that are proximal to charged moi-
eties, including ions, titratable amino acids, sulphates, phosphates
and nucleotides.
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Methyl groups play a central role in biomolecular func-
tion. As constituents of biomolecules, these groups

define the biomolecule’s solvated configurations. Also, their
post-translational addition to peptides is regulated tightly to
enable numerous physiological processes, including gene tran-
scription, and signal transduction [1]. Furthermore, methy-
lation of nucleotides is a crucial epigenetic modification that
regulates many cellular processes such as embryonic develop-
ment, transcription, chromatin structure, genomic imprint-
ing and chromosome stability [2]. The chemical property
of methyl groups that render them indispensable to these
processes is their hydrophobicity, that is, their inability to
hydrogen-bond with water molecules, or more generally, with
polar groups.

Methyl groups are, however, also polarizable. For exam-
ple, methanol differs from water chemically in that it includes
a methyl group, and has an average static dipole polarizabil-
ity more than twice that of water (3.3 vs 1.5 Å3) [3]. In ad-
dition, the average static dipole polarizabilities of alcohols in-
crease with addition of methylene bridges (–CH2–). Methanol,
ethanol and propanol have increasingly larger polarizabilities
of 3.3, 4.5 and 6.7 Å3, respectively [3]. While such trends in-
dicate that methyl or methylene polarizability could be an im-
portant contributor to the electrostatic and polarization forces
that drive biomolecular function, there exist only suggestive
and qualitative evidences as to their actual role. Studies ex-
amining the effect of methylation on DNA stability [4] pro-
posed that the enhanced stability of methylated DNA may be
explained by considering that methylation of nucleotides in-
creases their polarizability. In a different experimental study

concerning the relative stabilities of DNA and RNA helices [5],
it was proposed that the largest contribution to stabilization
by methyl groups was due to increased base–stacking ability
rather than favorable hydrophobic methyl–methyl contacts.
We present investigations on K–channels that illustrate quan-
titatively how methyl–induced polarization contributes to the
functional properties of biomolecules.
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Fig. 1. (a) Selectivity filter of a representative K–channel, KcsA [7]. The orange

spheres denote K+ ions bound to two of their four preferred bindings sites, S2 and

S4 (PDB ID: 1K4C). Threonine side chains that makes up the S4 site are highlighted

in green. (b) Sequence alignment of the selectivity filter region of K–channels that

have serine residues in their S4 sites. The K–channels whose names are appended

with an asterisk are engineered via site-directed mutagenesis and were functionally

characterized recently by Chatelain et al [16]. (c) Representative configurations of

threonine and serine amino acids.

The primary function of K–channels is to regulate trans-
membrane salt concentration gradients [6]. K–channels ac-
complish this task by transporting K+ ions selectively through
their pores in response to specific external stimuli. Fig. 1a
is a representative structure of the selectivity filter of their
pores [7], which shows four preferred binding sites for K+ ions,
S1–4. Three of these binding sites, S1–3, can be considered
chemically identical as they provide eight backbone carbonyl
oxygens for ion coordination. The fourth site, S4, is typically
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composed of four threonine residues that provide four back-
bone carbonyl oxygens and four side chain hydroxyl oxygens
for ion coordination. This S4 site is also the preferred binding
site for Ba2+ ions that block K+ permeation [8, 9, 10, 11].
This inhibitory property of Ba2+ has proven vital toward un-
derstanding the mechanisms underlying K–channel function
[8, 9, 10, 12, 13, 14, 15, 17, 18].

Genetic selection and site-directed mutagenesis experi-
ments on a viral K–channel, Kcv, and the inward rectifier
K–channel, Kir 2.1, show that a threonine-to-serine (T→S)
substitution in the S4 sites reduces channel susceptibility to
Ba2+ block by over two orders in magnitude [16]. In addition,
this substitution also reduces channel stability, including the
channel’s mean open probabilities. Furthermore, the sequence
alignment of K–channels [19] shows that some K–channel sub
families carry a serine instead of threonine residue in their
S4 sites (Fig. 1b). Among these serine-carrying channels,
Kir 2.4 has also been found to exhibit similar characteristic
differences with respect to the typical threonine–containing
channels [20, 21].

The single chemical difference between a serine and a thre-
onine side chain is that serine has one less branched methyl
group than threonine (Fig. 1c). Consequently, serine can be
expected to be less polarizable than threonine. However, is
the difference in electronic polarizability sufficient to explain
the T→S induced changes in K-channel properties, especially
given that the ion in the S4 site resides at a distance greater
than 5 Å from the branched methyl group [7]? Serine and
threonine also have different hydrophobicities [22], so do T→S
substitutions alter the manner in which their side chain hy-
droxyl groups align with the permeation pathway and interact
with ions?

The primary challenge associated with investigating these
issues is to model accurately the broad range of molecular
forces involved in ion complexation, in particular, polariza-
tion and dispersion that contribute non-trivially to ion-ligand
and ligand-ligand energetics [23, 24, 25]. A consistent first-
principles approach is, therefore, essential. Toward that end,
we use density-functional theory with the semilocal PBE [26]
and hybrid PBE0 [27, 28] exchange-correlation functionals.
Since van der Waals (vdW) dispersion can be expected to be a
major contributor to ion–methyl energetics in the 5 Å distance
range [29], we describe it explicitly using the recently devel-
oped DFT+vdW method [30]. In this method, the C6[n(r)]
coefficients of the interatomic interaction term C6[n(r)]/R6

are obtained from the self–consistent electron density n(r).
This method yields an accuracy of about 0.3 kcal/mol in com-
parison to “gold standard” quantum chemical calculations
for a wide range of intermolecular interactions in molecular
dimers [31]. We find that for our systems, the C6 coefficients
of the ions depend strongly on their local coordination en-
vironments and can vary by an order in magnitude, making
their explicit electron–density dependent evaluation critical
to the accuracy of energetic and structural properties. These
calculations show that the reduction in methyl–induced po-
larization of the S4 site associated with T→S substitutions is
sufficient to explain the aforementioned experimental obser-
vations.

Results and Discussion
To understand how T→S substitutions in the S4 site affect K–
channel function, we examine first the general consequences
of methyl polarizability on the thermodynamics of ion bind-
ing. We estimate changes in enthalpies (∆H) and free energies
(∆G) for the substitution reactions

AXn + nX′ 
 AX′n + nX, [1]

in the gas phase. We consider first the set of reactions in which
A represents one of the ions Na+, K+ and Ba2+ and X repre-
sents one of the molecules, water (W), methanol (M), ethanol
(E), and propanol (P). While these four small molecules all
provide hydroxyl oxygens for ion coordination, they differ
from each other in the number of methyl groups or methylene
bridges they carry. Consequently they have different static
dipole polarizabilities of 1.5, 3.3, 5.4 and 6.7 Å3, respectively
[3]. Note, however, that these four small molecules all have
comparable gas phase dipole moments of 1.85, 1.70, 1.69 and
1.68 Debye, respectively [32]. The PBE0 functional we em-
ploy yields similar values for gas phase dipole moments, that
is, 1.91, 1.68, 1.72 and 1.77 Debye, respectively. The results
of the substitution reaction energy calculations are plotted in
Fig. 2. The ∆G obtained for the set of reactions involving wa-
ter molecules and methanols, for which experimental data are
available [33, 34, 35], are in quantitative agreement with ex-
perimental values (Table S1 of supporting information). The
explicit inclusion of dispersion improves the performance of
PBE0 significantly.
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The ensemble of 3-d configurations exhibited by a molecule, that is, its intrinsic motion, can be
altered by numerous environmental factors, such as temperature, and also by the binding of other
molecules. An understanding of ensemble-level di↵erences from a geometric perspective is important
because it provides a basis for relating thermodynamic changes to changes in molecular motion.
The task of di↵erentiating two configurational ensembles is, however, challenging because it requires
comparing two high-dimensional datasets. Traditionally, when analyzing molecular simulations,
this problem is circumvented by first reducing the dimensions of the two ensembles separately,
and then comparing summary statistics from the two ensembles against each other. However,
since dimensionality reduction is carried out prior to comparison of ensembles, such strategies are
susceptible to artifactual biases from information loss. Here we introduce a method based on support
vector machines (SVM) that compares 3-d ensembles directly against one another in the Hilbert
space without a prerequisite reduction in phase space. While this method can be applied to any
molecular system, here we explore its sensitivity toward model systems comprised of amino acids.
We also apply the technique to identify the specific regions of a paramyxovirus G protein that are
a↵ected by the binding of its preferred human receptor, Ephrin B2. We find that the specific regions
identified by this method include the set of amino acids that are known from experimental studies
to play a vital role in viral fusion. The configurational ensembles of the viral protein in both its
bound and unbound states were generated using all-atom molecular dynamics simulations.

INTRODUCTION

The ensemble of 3-d configurations exhibited by a
molecule, that is, its intrinsic motion, is correlated with
the properties of its environment [1–12]. Changes in
intensive variables, such as temperature and pressure,
modify the intrinsic motion of a molecule. Additionally,
molecular motion also changes as a result of binding with
other molecules, such as in ligand-substrate complexes or
molecular assemblies. Moreover, the extent of the change
in molecular motion is dependent upon multiple factors,
including properties of the molecule and the nature of
the perturbation or external potential. A quantitative
characterization of such changes in molecular motion is
important from both scientific as well as engineering per-
spectives because it provides a basis to associate changes

in thermodynamic properties directly with corresponding
changes in molecular motion.

Di↵erentiating between two ensembles of molecular
configurations is, however, challenging. The challenge
lies in comparing two sets of high-dimension data. For
the motion of a n-particle molecule represented by m-
configurations, {an(x)}m

1 , the task of di↵erentiating it
from the molecule’s reference state, {an(x0)}m

1 , involves
comparing two 3n-dimensional vector spaces. Tradition-
ally, when analyzing molecular simulations, this prob-
lem is dealt with by first reducing the dimensions of the
two ensembles separately, and then comparing the result-
ing summary statistics from the two ensembles against
each other [13]. Dimensionality reduction is carried out,
for example, by averaging over n-space that involves
particle-clustering or averaging over m-space that yields
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ploy the recently developed...We use density-functional theory
within the PBE [18] and PBE0 [19, 20] approximations for the
exchange-correlation potential. In addition, we employ a re-
cently developed van der Waals (vdW) correction scheme [21]
based on a summation of pairwise C6[n]/R6 terms, where the
C6 coe�cients are based on the self-consistent electronic den-
sity. This approach allows us to treat accurately the energetics
and e↵ects of polarization in our systems.

We find that a T!S substitution is accompanied with only
minor structural changes. In addition, we find that the reduc-
tion in polarizability of S4 associated with a T!S substitu-
tion is su�cient to explain experimental observations.These
studies provide, in general, a vivid example of how peptide
function is influenced by the polarizability of methyl groups,
especially those that are proximal to charged moieties, includ-
ing ions, titratable side-acids and phosphates.

Results and Discussion
To understand how T!S substitutions in the S4 site a↵ect K–
channel function, we examine first the general consequences
of methyl polarizability on the thermodynamics of ion bind-
ing. We estimate the gas phase enthalpies and free energies
of Na+, K+ and Ba2+ ion binding to four di↵erent molecules,
namely water, methanol, ethanol and propanol. While all
these molecules provide hydroxyl ligands for ion-coordination,
they di↵er from each other in the number of methyl groups
they carry. Consequently they have di↵erent static average
ground-state dipole polarizabilities of 1.5, 3.3, 5.4 and 6.7 Å3,
respectively [15]. The results of these calculations are plotted
in Fig. 2. We find that while the addition of methyl groups
enhance the stability of the complex, the e↵ect decreases with
each incremental addition. In addition, multibody e↵ects are
the e↵ect of coordination number is non-trivial.

Table 2. distance between methyl and K ion in the s4 site
is about 5 Å
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Fig. 2. Changes in ion complexation enthalpies (��H) and free energies

(��G) due to methyl groups. �H and �G were estimated separately for re-

actions A + nX ⌦ AXn in which A is an ion, Na+, K+ or Ba2+, and X is

a ligand molecule, water (W ), methanol (M ), ethanol (E ) or propanol (P). The

reactions were then combined to obtain ��H and ��G. All values are reported

in kcal/mol.

Fig. 3. E↵ect of T!S substitution on electron densities. Di↵erences between the

electronic densities of (BaT++
4 � 4CH3)� (BaS++

4 � 4H), calculated with

PBE0+vdW, are shown. The geometry used was that of the fully relaxed (PBE+vdW)

BaT++
4 complex. To build BaS++

4 the CH3 groups of T were substituted by

H atoms and only these were relaxed. The di↵erence in electron density shown thus

corresponds to the e↵ect of polarization on the electronic densities caused by the

addition of methyl groups.

Materials and Methods

All geometric relaxations were performed with the all-electron, localized basis

(numeric atom-centered orbitals) program package FHI-aims [22, 23], where we em-
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respectively [15]. The results of these calculations are plotted
in Fig. 2. We find that while the addition of methyl groups
enhance the stability of the complex, the e↵ect decreases with
each incremental addition. In addition, multibody e↵ects are
the e↵ect of coordination number is non-trivial.
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The ensemble of 3-d configurations exhibited by a molecule, that is, its intrinsic motion, can be
altered by numerous environmental factors, such as temperature, and also by the binding of other
molecules. An understanding of ensemble-level di↵erences from a geometric perspective is important
because it provides a basis for relating thermodynamic changes to changes in molecular motion.
The task of di↵erentiating two configurational ensembles is, however, challenging because it requires
comparing two high-dimensional datasets. Traditionally, when analyzing molecular simulations,
this problem is circumvented by first reducing the dimensions of the two ensembles separately,
and then comparing summary statistics from the two ensembles against each other. However,
since dimensionality reduction is carried out prior to comparison of ensembles, such strategies are
susceptible to artifactual biases from information loss. Here we introduce a method based on support
vector machines (SVM) that compares 3-d ensembles directly against one another in the Hilbert
space without a prerequisite reduction in phase space. While this method can be applied to any
molecular system, here we explore its sensitivity toward model systems comprised of amino acids.
We also apply the technique to identify the specific regions of a paramyxovirus G protein that are
a↵ected by the binding of its preferred human receptor, Ephrin B2. We find that the specific regions
identified by this method include the set of amino acids that are known from experimental studies
to play a vital role in viral fusion. The configurational ensembles of the viral protein in both its
bound and unbound states were generated using all-atom molecular dynamics simulations.

INTRODUCTION

The ensemble of 3-d configurations exhibited by a
molecule, that is, its intrinsic motion, is correlated with
the properties of its environment [1–12]. Changes in
intensive variables, such as temperature and pressure,
modify the intrinsic motion of a molecule. Additionally,
molecular motion also changes as a result of binding with
other molecules, such as in ligand-substrate complexes or
molecular assemblies. Moreover, the extent of the change
in molecular motion is dependent upon multiple factors,
including properties of the molecule and the nature of
the perturbation or external potential. A quantitative
characterization of such changes in molecular motion is
important from both scientific as well as engineering per-
spectives because it provides a basis to associate changes

in thermodynamic properties directly with corresponding
changes in molecular motion.

Di�erentiating between two ensembles of molecular
configurations is, however, challenging. The challenge
lies in comparing two sets of high-dimension data. For
the motion of a n-particle molecule represented by m-
configurations, {an(x)}m

1 , the task of di�erentiating it
from the molecule’s reference state, {an(x0)}m

1 , involves
comparing two 3n-dimensional vector spaces. Tradition-
ally, when analyzing molecular simulations, this prob-
lem is dealt with by first reducing the dimensions of the
two ensembles separately, and then comparing the result-
ing summary statistics from the two ensembles against
each other [13]. Dimensionality reduction is carried out,
for example, by averaging over n-space that involves
particle-clustering or averaging over m-space that yields
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Fig. 2. Changes in ion complexation enthalpies (��H) and free energies

(��G) due to methyl groups. �H and �G were estimated separately for re-

actions A + nX ⌦ AXn in which A is an ion, Na+, K+ or Ba2+, and X is

a ligand molecule, water (W ), methanol (M ), ethanol (E ) or propanol (P). The

reactions were then combined to obtain ��H and ��G. All values are reported

in kcal/mol.

Fig. 3. E↵ect of T!S substitution on electron densities. Di↵erences between the

electronic densities of (BaT++
4 � 4CH3)� (BaS++

4 � 4H), calculated with

PBE0+vdW, are shown. The geometry used was that of the fully relaxed (PBE+vdW)

BaT++
4 complex. To build BaS++

4 the CH3 groups of T were substituted by

H atoms and only these were relaxed. The di↵erence in electron density shown thus

corresponds to the e↵ect of polarization on the electronic densities caused by the

addition of methyl groups.

Materials and Methods

All geometric relaxations were performed with the all-electron, localized basis

(numeric atom-centered orbitals) program package FHI-aims [22, 23], where we em-
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trons-ALEX/MARIANA-PLEASEELABORATE...Weem-
ploytherecentlydeveloped...Weusedensity-functionaltheory
withinthePBE[18]andPBE0[19,20]approximationsforthe
exchange-correlationpotential.Inaddition,weemployare-
centlydevelopedvanderWaals(vdW)correctionscheme[21]
basedonasummationofpairwiseC6[n]/R

6
terms,wherethe

C6coe�cientsarebasedontheself-consistentelectronicden-
sity.Thisapproachallowsustotreataccuratelytheenergetics
ande↵ectsofpolarizationinoursystems.

WefindthataT!Ssubstitutionisaccompaniedwithonly
minorstructuralchanges.Inaddition,wefindthatthereduc-
tioninpolarizabilityofS4associatedwithaT!Ssubstitu-
tionissu�cienttoexplainexperimentalobservations.These
studiesprovide,ingeneral,avividexampleofhowpeptide
functionisinfluencedbythepolarizabilityofmethylgroups,
especiallythosethatareproximaltochargedmoieties,includ-
ingions,titratableside-acidsandphosphates.

ResultsandDiscussion
TounderstandhowT!SsubstitutionsintheS4sitea↵ectK–
channelfunction,weexaminefirstthegeneralconsequences
ofmethylpolarizabilityonthethermodynamicsofionbind-
ing.Weestimatethegasphaseenthalpiesandfreeenergies
ofNa

+
,K

+
andBa

2+
ionbindingtofourdi↵erentmolecules,

namelywater,methanol,ethanolandpropanol.Whileall
thesemoleculesprovidehydroxylligandsforion-coordination,
theydi↵erfromeachotherinthenumberofmethylgroups
theycarry.Consequentlytheyhavedi↵erentstaticaverage
ground-statedipolepolarizabilitiesof1.5,3.3,5.4and6.7Å

3
,

respectively[15].Theresultsofthesecalculationsareplotted
inFig.2.Wefindthatwhiletheadditionofmethylgroups
enhancethestabilityofthecomplex,thee↵ectdecreaseswith
eachincrementaladdition.Inaddition,multibodye↵ectsare
thee↵ectofcoordinationnumberisnon-trivial.

Table2.distancebetweenmethylandKioninthes4site
isabout5Å
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Theensembleof3-dconfigurationsexhibitedbyamolecule,thatis,itsintrinsicmotion,canbe
alteredbynumerousenvironmentalfactors,suchastemperature,andalsobythebindingofother
molecules.Anunderstandingofensemble-leveldi↵erencesfromageometricperspectiveisimportant
becauseitprovidesabasisforrelatingthermodynamicchangestochangesinmolecularmotion.
Thetaskofdi↵erentiatingtwoconfigurationalensemblesis,however,challengingbecauseitrequires
comparingtwohigh-dimensionaldatasets.Traditionally,whenanalyzingmolecularsimulations,
thisproblemiscircumventedbyfirstreducingthedimensionsofthetwoensemblesseparately,
andthencomparingsummarystatisticsfromthetwoensemblesagainsteachother.However,
sincedimensionalityreductioniscarriedoutpriortocomparisonofensembles,suchstrategiesare
susceptibletoartifactualbiasesfrominformationloss.Hereweintroduceamethodbasedonsupport
vectormachines(SVM)thatcompares3-densemblesdirectlyagainstoneanotherintheHilbert
spacewithoutaprerequisitereductioninphasespace.Whilethismethodcanbeappliedtoany
molecularsystem,hereweexploreitssensitivitytowardmodelsystemscomprisedofaminoacids.
WealsoapplythetechniquetoidentifythespecificregionsofaparamyxovirusGproteinthatare
a↵ectedbythebindingofitspreferredhumanreceptor,EphrinB2.Wefindthatthespecificregions
identifiedbythismethodincludethesetofaminoacidsthatareknownfromexperimentalstudies
toplayavitalroleinviralfusion.Theconfigurationalensemblesoftheviralproteininbothits
boundandunboundstatesweregeneratedusingall-atommoleculardynamicssimulations.

INTRODUCTION

Theensembleof3-dconfigurationsexhibitedbya
molecule,thatis,itsintrinsicmotion,iscorrelatedwith
thepropertiesofitsenvironment[1–12].Changesin
intensivevariables,suchastemperatureandpressure,
modifytheintrinsicmotionofamolecule.Additionally,
molecularmotionalsochangesasaresultofbindingwith
othermolecules,suchasinligand-substratecomplexesor
molecularassemblies.Moreover,theextentofthechange
inmolecularmotionisdependentuponmultiplefactors,
includingpropertiesofthemoleculeandthenatureof
theperturbationorexternalpotential.Aquantitative
characterizationofsuchchangesinmolecularmotionis
importantfrombothscientificaswellasengineeringper-
spectivesbecauseitprovidesabasistoassociatechanges

inthermodynamicpropertiesdirectlywithcorresponding
changesinmolecularmotion.

Di�erentiatingbetweentwoensemblesofmolecular
configurationsis,however,challenging.Thechallenge
liesincomparingtwosetsofhigh-dimensiondata.For
themotionofan-particlemoleculerepresentedbym-
configurations,{an(x)}

m
1,thetaskofdi�erentiatingit

fromthemolecule’sreferencestate,{an(x0)}
m
1,involves

comparingtwo3n-dimensionalvectorspaces.Tradition-
ally,whenanalyzingmolecularsimulations,thisprob-
lemisdealtwithbyfirstreducingthedimensionsofthe
twoensemblesseparately,andthencomparingtheresult-
ingsummarystatisticsfromthetwoensemblesagainst
eachother[13].Dimensionalityreductioniscarriedout,
forexample,byaveragingovern-spacethatinvolves
particle-clusteringoraveragingoverm-spacethatyields
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vectormachines(SVM)thatcompares3-densemblesdirectlyagainstoneanotherintheHilbert
spacewithoutaprerequisitereductioninphasespace.Whilethismethodcanbeappliedtoany
molecularsystem,hereweexploreitssensitivitytowardmodelsystemscomprisedofaminoacids.
WealsoapplythetechniquetoidentifythespecificregionsofaparamyxovirusGproteinthatare
a↵ectedbythebindingofitspreferredhumanreceptor,EphrinB2.Wefindthatthespecificregions
identifiedbythismethodincludethesetofaminoacidsthatareknownfromexperimentalstudies
toplayavitalroleinviralfusion.Theconfigurationalensemblesoftheviralproteininbothits
boundandunboundstatesweregeneratedusingall-atommoleculardynamicssimulations.

INTRODUCTION

Theensembleof3-dconfigurationsexhibitedbya
molecule,thatis,itsintrinsicmotion,iscorrelatedwith
thepropertiesofitsenvironment[1–12].Changesin
intensivevariables,suchastemperatureandpressure,
modifytheintrinsicmotionofamolecule.Additionally,
molecularmotionalsochangesasaresultofbindingwith
othermolecules,suchasinligand-substratecomplexesor
molecularassemblies.Moreover,theextentofthechange
inmolecularmotionisdependentuponmultiplefactors,
includingpropertiesofthemoleculeandthenatureof
theperturbationorexternalpotential.Aquantitative
characterizationofsuchchangesinmolecularmotionis
importantfrombothscientificaswellasengineeringper-
spectivesbecauseitprovidesabasistoassociatechanges

inthermodynamicpropertiesdirectlywithcorresponding
changesinmolecularmotion.

Di�erentiatingbetweentwoensemblesofmolecular
configurationsis,however,challenging.Thechallenge
liesincomparingtwosetsofhigh-dimensiondata.For
themotionofan-particlemoleculerepresentedbym-
configurations,{an(x)}

m
1,thetaskofdi�erentiatingit

fromthemolecule’sreferencestate,{an(x0)}
m
1,involves

comparingtwo3n-dimensionalvectorspaces.Tradition-
ally,whenanalyzingmolecularsimulations,thisprob-
lemisdealtwithbyfirstreducingthedimensionsofthe
twoensemblesseparately,andthencomparingtheresult-
ingsummarystatisticsfromthetwoensemblesagainst
eachother[13].Dimensionalityreductioniscarriedout,
forexample,byaveragingovern-spacethatinvolves
particle-clusteringoraveragingoverm-spacethatyields

Fig.2.Changesinioncomplexationenthalpies(��H)andfreeenergies

(��G)duetomethylgroups.�Hand�Gwereestimatedseparatelyforre-

actionsA+nX⌦AXninwhichAisanion,Na+,K+orBa2+,andXis

aligandmolecule,water(W),methanol(M),ethanol(E)orpropanol(P).The

reactionswerethencombinedtoobtain��Hand��G.Allvaluesarereported

inkcal/mol.

Fig.3.E↵ectofT!Ssubstitutiononelectrondensities.Di↵erencesbetweenthe

electronicdensitiesof(BaT
++
4�4CH3)�(BaS

++
4�4H),calculatedwith

PBE0+vdW,areshown.Thegeometryusedwasthatofthefullyrelaxed(PBE+vdW)

BaT
++
4complex.TobuildBaS

++
4theCH3groupsofTweresubstitutedby

Hatomsandonlythesewererelaxed.Thedi↵erenceinelectrondensityshownthus

correspondstothee↵ectofpolarizationontheelectronicdensitiescausedbythe

additionofmethylgroups.

MaterialsandMethods

Allgeometricrelaxationswereperformedwiththeall-electron,localizedbasis

(numericatom-centeredorbitals)programpackageFHI-aims[22,23],whereweem-

2www.pnas.org/cgi/doi/10.1073/pnas.0709640104FootlineAuthor
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a
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d
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0
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b
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trons-ALEX/MARIANA-PLEASEELABORATE...Weem-
ploytherecentlydeveloped...Weusedensity-functionaltheory
withinthePBE[18]andPBE0[19,20]approximationsforthe
exchange-correlationpotential.Inaddition,weemployare-
centlydevelopedvanderWaals(vdW)correctionscheme[21]
basedonasummationofpairwiseC6[n]/R

6
terms,wherethe

C6coe�cientsarebasedontheself-consistentelectronicden-
sity.Thisapproachallowsustotreataccuratelytheenergetics
ande↵ectsofpolarizationinoursystems.

WefindthataT!Ssubstitutionisaccompaniedwithonly
minorstructuralchanges.Inaddition,wefindthatthereduc-
tioninpolarizabilityofS4associatedwithaT!Ssubstitu-
tionissu�cienttoexplainexperimentalobservations.These
studiesprovide,ingeneral,avividexampleofhowpeptide
functionisinfluencedbythepolarizabilityofmethylgroups,
especiallythosethatareproximaltochargedmoieties,includ-
ingions,titratableside-acidsandphosphates.

ResultsandDiscussion
TounderstandhowT!SsubstitutionsintheS4sitea↵ectK–
channelfunction,weexaminefirstthegeneralconsequences
ofmethylpolarizabilityonthethermodynamicsofionbind-
ing.Weestimatethegasphaseenthalpiesandfreeenergies
ofNa

+
,K

+
andBa

2+
ionbindingtofourdi↵erentmolecules,

namelywater,methanol,ethanolandpropanol.Whileall
thesemoleculesprovidehydroxylligandsforion-coordination,
theydi↵erfromeachotherinthenumberofmethylgroups
theycarry.Consequentlytheyhavedi↵erentstaticaverage
ground-statedipolepolarizabilitiesof1.5,3.3,5.4and6.7Å

3
,

respectively[15].Theresultsofthesecalculationsareplotted
inFig.2.Wefindthatwhiletheadditionofmethylgroups
enhancethestabilityofthecomplex,thee↵ectdecreaseswith
eachincrementaladdition.Inaddition,multibodye↵ectsare
thee↵ectofcoordinationnumberisnon-trivial.

Table2.distancebetweenmethylandKioninthes4site
isabout5Å
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Theensembleof3-dconfigurationsexhibitedbyamolecule,thatis,itsintrinsicmotion,canbe
alteredbynumerousenvironmentalfactors,suchastemperature,andalsobythebindingofother
molecules.Anunderstandingofensemble-leveldi↵erencesfromageometricperspectiveisimportant
becauseitprovidesabasisforrelatingthermodynamicchangestochangesinmolecularmotion.
Thetaskofdi↵erentiatingtwoconfigurationalensemblesis,however,challengingbecauseitrequires
comparingtwohigh-dimensionaldatasets.Traditionally,whenanalyzingmolecularsimulations,
thisproblemiscircumventedbyfirstreducingthedimensionsofthetwoensemblesseparately,
andthencomparingsummarystatisticsfromthetwoensemblesagainsteachother.However,
sincedimensionalityreductioniscarriedoutpriortocomparisonofensembles,suchstrategiesare
susceptibletoartifactualbiasesfrominformationloss.Hereweintroduceamethodbasedonsupport
vectormachines(SVM)thatcompares3-densemblesdirectlyagainstoneanotherintheHilbert
spacewithoutaprerequisitereductioninphasespace.Whilethismethodcanbeappliedtoany
molecularsystem,hereweexploreitssensitivitytowardmodelsystemscomprisedofaminoacids.
WealsoapplythetechniquetoidentifythespecificregionsofaparamyxovirusGproteinthatare
a↵ectedbythebindingofitspreferredhumanreceptor,EphrinB2.Wefindthatthespecificregions
identifiedbythismethodincludethesetofaminoacidsthatareknownfromexperimentalstudies
toplayavitalroleinviralfusion.Theconfigurationalensemblesoftheviralproteininbothits
boundandunboundstatesweregeneratedusingall-atommoleculardynamicssimulations.

INTRODUCTION

Theensembleof3-dconfigurationsexhibitedbya
molecule,thatis,itsintrinsicmotion,iscorrelatedwith
thepropertiesofitsenvironment[1–12].Changesin
intensivevariables,suchastemperatureandpressure,
modifytheintrinsicmotionofamolecule.Additionally,
molecularmotionalsochangesasaresultofbindingwith
othermolecules,suchasinligand-substratecomplexesor
molecularassemblies.Moreover,theextentofthechange
inmolecularmotionisdependentuponmultiplefactors,
includingpropertiesofthemoleculeandthenatureof
theperturbationorexternalpotential.Aquantitative
characterizationofsuchchangesinmolecularmotionis
importantfrombothscientificaswellasengineeringper-
spectivesbecauseitprovidesabasistoassociatechanges

inthermodynamicpropertiesdirectlywithcorresponding
changesinmolecularmotion.

Di�erentiatingbetweentwoensemblesofmolecular
configurationsis,however,challenging.Thechallenge
liesincomparingtwosetsofhigh-dimensiondata.For
themotionofan-particlemoleculerepresentedbym-
configurations,{an(x)}

m
1,thetaskofdi�erentiatingit

fromthemolecule’sreferencestate,{an(x0)}
m
1,involves

comparingtwo3n-dimensionalvectorspaces.Tradition-
ally,whenanalyzingmolecularsimulations,thisprob-
lemisdealtwithbyfirstreducingthedimensionsofthe
twoensemblesseparately,andthencomparingtheresult-
ingsummarystatisticsfromthetwoensemblesagainst
eachother[13].Dimensionalityreductioniscarriedout,
forexample,byaveragingovern-spacethatinvolves
particle-clusteringoraveragingoverm-spacethatyields
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Fig.2.Changesinioncomplexationenthalpies(��H)andfreeenergies

(��G)duetomethylgroups.�Hand�Gwereestimatedseparatelyforre-

actionsA+nX⌦AXninwhichAisanion,Na+,K+orBa2+,andXis

aligandmolecule,water(W),methanol(M),ethanol(E)orpropanol(P).The

reactionswerethencombinedtoobtain��Hand��G.Allvaluesarereported

inkcal/mol.

Fig.3.E↵ectofT!Ssubstitutiononelectrondensities.Di↵erencesbetweenthe

electronicdensitiesof(BaT
++
4�4CH3)�(BaS

++
4�4H),calculatedwith

PBE0+vdW,areshown.Thegeometryusedwasthatofthefullyrelaxed(PBE+vdW)

BaT
++
4complex.TobuildBaS

++
4theCH3groupsofTweresubstitutedby

Hatomsandonlythesewererelaxed.Thedi↵erenceinelectrondensityshownthus

correspondstothee↵ectofpolarizationontheelectronicdensitiescausedbythe

additionofmethylgroups.

MaterialsandMethods

Allgeometricrelaxationswereperformedwiththeall-electron,localizedbasis

(numericatom-centeredorbitals)programpackageFHI-aims[22,23],whereweem-
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b
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b
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b
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b
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b
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at
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p
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p
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p
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p
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d
d
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b
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p
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p
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d
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p
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d
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e
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p
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p
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u
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u
n
d

a
n
d

u
n
b
o
u
n
d

st
a
te

s
w

er
e

g
en

er
a
te

d
u
si

n
g

a
ll
-a

to
m

m
o
le

cu
la

r
d
y
n
a
m

ic
s

si
m

u
la

ti
o
n
s.

IN
T

R
O

D
U

C
T

IO
N

T
h
e

en
se

m
b
le

o
f

3
-d

co
n
fi
g
u
ra

ti
o
n
s

ex
h
ib

it
ed

b
y

a
m

o
le

cu
le

,
th

a
t

is
,
it

s
in

tr
in

si
c

m
o
ti

o
n
,
is

co
rr

el
a
te

d
w

it
h

th
e

p
ro

p
er

ti
es

o
f

it
s

en
v
ir

o
n
m

en
t

[1
–
1
2
].

C
h
a
n
g
es

in
in

te
n
si

v
e

va
ri

a
b
le

s,
su

ch
a
s

te
m

p
er

a
tu

re
a
n
d

p
re

ss
u
re

,
m

o
d
if
y

th
e

in
tr

in
si

c
m

o
ti

o
n

o
f
a

m
o
le

cu
le

.
A

d
d
it

io
n
a
ll
y,

m
o
le

cu
la

r
m

o
ti

o
n

a
ls

o
ch

a
n
g
es

a
s
a

re
su

lt
o
f
b
in

d
in

g
w

it
h

o
th

er
m

o
le

cu
le

s,
su

ch
a
s
in

li
g
a
n
d
-s

u
b
st

ra
te

co
m

p
le

x
es

o
r

m
o
le

cu
la

r
a
ss

em
b
li
es

.
M

o
re

ov
er

,
th

e
ex

te
n
t
o
f
th

e
ch

a
n
g
e

in
m

o
le

cu
la

r
m

o
ti

o
n

is
d
ep

en
d
en

t
u
p
o
n

m
u
lt

ip
le

fa
ct

o
rs

,
in

cl
u
d
in

g
p
ro

p
er

ti
es

o
f

th
e

m
o
le

cu
le

a
n
d

th
e

n
a
tu

re
o
f

th
e

p
er

tu
rb

a
ti

o
n

o
r

ex
te

rn
a
l

p
o
te

n
ti

a
l.

A
q
u
a
n
ti

ta
ti

v
e

ch
a
ra

ct
er

iz
a
ti

o
n

o
f

su
ch

ch
a
n
g
es

in
m

o
le

cu
la

r
m

o
ti

o
n

is
im

p
o
rt

a
n
t
fr

o
m

b
o
th

sc
ie

n
ti

fi
c

a
s

w
el

l
a
s

en
g
in

ee
ri

n
g

p
er

-
sp

ec
ti

v
es

b
ec

a
u
se

it
p
ro

v
id

es
a

b
a
si

s
to

a
ss

o
ci

a
te

ch
a
n
g
es

in
th

er
m

o
d
y
n
a
m

ic
p
ro

p
er

ti
es

d
ir

ec
tl

y
w

it
h

co
rr

es
p
o
n
d
in

g
ch

a
n
g
es

in
m

o
le

cu
la

r
m

o
ti

o
n
.

D
i�

er
en

ti
a
ti

n
g

b
et

w
ee

n
tw

o
en

se
m

b
le

s
o
f

m
o
le

cu
la

r
co

n
fi
g
u
ra

ti
o
n
s

is
,

h
ow

ev
er

,
ch

a
ll
en

g
in

g
.

T
h
e

ch
a
ll
en

g
e

li
es

in
co

m
p
a
ri

n
g

tw
o

se
ts

o
f

h
ig

h
-d

im
en

si
o
n

d
a
ta

.
F
o
r

th
e

m
o
ti

o
n

o
f

a
n
-p

a
rt

ic
le

m
o
le

cu
le

re
p
re

se
n
te

d
b
y

m
-

co
n
fi
g
u
ra

ti
o
n
s,

{a
n
(x

)}
m 1

,
th

e
ta

sk
o
f

d
i�

er
en

ti
a
ti

n
g

it
fr

o
m

th
e

m
o
le

cu
le

’s
re

fe
re

n
ce

st
a
te

,
{a

n
(x

0
)}

m 1
,
in

v
o
lv

es
co

m
p
a
ri

n
g

tw
o

3
n
-d

im
en

si
o
n
a
l
v
ec

to
r

sp
a
ce

s.
T
ra

d
it

io
n
-

a
ll
y,

w
h
en

a
n
a
ly

zi
n
g

m
o
le

cu
la

r
si

m
u
la

ti
o
n
s,

th
is

p
ro

b
-

le
m

is
d
ea

lt
w

it
h

b
y

fi
rs

t
re

d
u
ci

n
g

th
e

d
im

en
si

o
n
s

o
f
th

e
tw

o
en

se
m

b
le

s
se

p
a
ra

te
ly

,
a
n
d

th
en

co
m

p
a
ri

n
g

th
e

re
su

lt
-

in
g

su
m

m
a
ry

st
a
ti

st
ic

s
fr

o
m

th
e

tw
o

en
se

m
b
le

s
a
g
a
in

st
ea

ch
o
th

er
[1

3
].

D
im

en
si

o
n
a
li
ty

re
d
u
ct

io
n

is
ca

rr
ie

d
o
u
t,

fo
r

ex
a
m

p
le

,
b
y

av
er

a
g
in

g
ov

er
n
-s

p
a
ce

th
a
t

in
v
o
lv

es
p
a
rt

ic
le

-c
lu

st
er

in
g

o
r

av
er

a
g
in

g
ov

er
m

-s
p
a
ce

th
a
t

y
ie

ld
s

<
� z

z
(t

)�
z
z
(0

)
>

e
q
�

<
� x

x
(t

)�
x
x
(0

)
>

e
q

{a
,b

,c
}

k
(x

i,
x

j
)

=
x

i
·x

j

2n
d

� |
|
=

0

d
�
/d

�
=

0.
37

G
P
a

25 �x
i
�

x
j
�

A
W

n
�

A
M

n

A
M

n
�

A
E

n

A
E

n
�

A
P

n

Q
u
a
n
ti
ta

ti
v
e

C
h
a
ra

ct
e
ri

za
ti
o
n

o
f
In

tr
in

si
c

M
o
le

cu
la

r
M

o
ti
o
n

U
si

n
g

S
u
p
p
o
rt

V
e
ct

o
r

M
a
ch

in
e
s

R
al

p
h

E
.

L
ei

gh
ty

1
an

d
S
am

ee
r

V
ar

m
a1

,2
,3

,�

1
D

ep
a
rt

m
en

t
o
f

C
el

l
B
io

lo
gy

,
M

ic
ro

bi
o
lo
gy

a
n
d

M
o
le
cu

la
r

B
io

lo
gy

,
2
D

ep
a
rt

m
en

t
o
f

P
h
ys

ic
s,

U
n
iv

er
si

ty
o
f

S
o
u
th

F
lo

ri
d
a
,

T
a
m

pa
,

F
L

3
3
6
2
0
,

U
S
A

a
n
d

3
In

st
it
u
te

o
f
P
u
re

a
n
d

A
p
p
li
ed

M
a
th

em
a
ti
cs

,
U

n
iv

er
si

ty
o
f
C

a
li
fo

rn
ia

L
o
s

A
n
ge

le
s,

L
o
s

A
n
ge

le
s,

C
A

9
0
0
9
5
,
U

S
A

(D
a
te

d
:

J
u
ly

3
0
,
2
0
1
2

D
R

A
F
T

)

T
h
e

en
se

m
b
le

o
f

3
-d

co
n
fi
g
u
ra

ti
o
n
s

ex
h
ib

it
ed

b
y

a
m

o
le

cu
le

,
th

a
t

is
,

it
s

in
tr

in
si

c
m

o
ti

o
n
,

ca
n

b
e

a
lt

er
ed

b
y

n
u
m

er
o
u
s

en
v
ir

o
n
m

en
ta

l
fa

ct
o
rs

,
su

ch
a
s

te
m

p
er

a
tu

re
,
a
n
d

a
ls

o
b
y

th
e

b
in

d
in

g
o
f
o
th

er
m

o
le

cu
le

s.
A

n
u
n
d
er

st
a
n
d
in

g
o
f
en

se
m

b
le

-l
ev

el
d
i↵

er
en

ce
s
fr

o
m

a
g
eo

m
et

ri
c

p
er

sp
ec

ti
v
e

is
im

p
o
rt

a
n
t

b
ec

a
u
se

it
p
ro

v
id

es
a

b
a
si

s
fo

r
re

la
ti

n
g

th
er

m
o
d
y
n
a
m

ic
ch

a
n
g
es

to
ch

a
n
g
es

in
m

o
le

cu
la

r
m

o
ti

o
n
.

T
h
e

ta
sk

o
f
d
i↵

er
en

ti
a
ti

n
g

tw
o

co
n
fi
g
u
ra

ti
o
n
a
l
en

se
m

b
le

s
is

,
h
ow

ev
er

,
ch

a
ll
en

g
in

g
b
ec

a
u
se

it
re

q
u
ir

es
co

m
p
a
ri

n
g

tw
o

h
ig

h
-d

im
en

si
o
n
a
l

d
a
ta

se
ts

.
T
ra

d
it

io
n
a
ll
y,

w
h
en

a
n
a
ly

zi
n
g

m
o
le

cu
la

r
si

m
u
la

ti
o
n
s,

th
is

p
ro

b
le

m
is

ci
rc

u
m

v
en

te
d

b
y

fi
rs

t
re

d
u
ci

n
g

th
e

d
im

en
si

o
n
s

o
f

th
e

tw
o

en
se

m
b
le

s
se

p
a
ra

te
ly

,
a
n
d

th
en

co
m

p
a
ri

n
g

su
m

m
a
ry

st
a
ti

st
ic

s
fr

o
m

th
e

tw
o

en
se

m
b
le

s
a
g
a
in

st
ea

ch
o
th

er
.

H
ow

ev
er

,
si

n
ce

d
im

en
si

o
n
a
li
ty

re
d
u
ct

io
n

is
ca

rr
ie

d
o
u
t

p
ri

o
r

to
co

m
p
a
ri

so
n

o
f

en
se

m
b
le

s,
su

ch
st

ra
te

g
ie

s
a
re

su
sc

ep
ti

b
le

to
a
rt

if
a
ct

u
a
l
b
ia

se
s
fr

o
m

in
fo

rm
a
ti

o
n

lo
ss

.
H

er
e

w
e

in
tr

o
d
u
ce

a
m

et
h
o
d

b
a
se

d
o
n

su
p
p
o
rt

v
ec

to
r

m
a
ch

in
es

(S
V

M
)

th
a
t

co
m

p
a
re

s
3
-d

en
se

m
b
le

s
d
ir

ec
tl

y
a
g
a
in

st
o
n
e

a
n
o
th

er
in

th
e

H
il
b
er

t
sp

a
ce

w
it

h
o
u
t

a
p
re

re
q
u
is

it
e

re
d
u
ct

io
n

in
p
h
a
se

sp
a
ce

.
W

h
il
e

th
is

m
et

h
o
d

ca
n

b
e

a
p
p
li
ed

to
a
n
y

m
o
le

cu
la

r
sy

st
em

,
h
er

e
w

e
ex

p
lo

re
it

s
se

n
si

ti
v
it
y

to
w

a
rd

m
o
d
el

sy
st

em
s

co
m

p
ri

se
d

o
f

a
m

in
o

a
ci

d
s.

W
e

a
ls

o
a
p
p
ly

th
e

te
ch

n
iq

u
e

to
id

en
ti

fy
th

e
sp

ec
ifi

c
re

g
io

n
s

o
f
a

p
a
ra

m
y
x
ov

ir
u
s

G
p
ro

te
in

th
a
t

a
re

a
↵
ec

te
d

b
y

th
e

b
in

d
in

g
o
f
it

s
p
re

fe
rr

ed
h
u
m

a
n

re
ce

p
to

r,
E

p
h
ri

n
B

2
.

W
e

fi
n
d

th
a
t
th

e
sp

ec
ifi

c
re

g
io

n
s

id
en

ti
fi
ed

b
y

th
is

m
et

h
o
d

in
cl

u
d
e

th
e

se
t

o
f
a
m

in
o

a
ci

d
s

th
a
t

a
re

k
n
ow

n
fr

o
m

ex
p
er

im
en

ta
l
st

u
d
ie

s
to

p
la

y
a

v
it

a
l

ro
le

in
v
ir

a
l

fu
si

o
n
.

T
h
e

co
n
fi
g
u
ra

ti
o
n
a
l

en
se

m
b
le

s
o
f

th
e

v
ir

a
l

p
ro

te
in

in
b
o
th

it
s

b
o
u
n
d

a
n
d

u
n
b
o
u
n
d

st
a
te

s
w

er
e

g
en

er
a
te

d
u
si

n
g

a
ll
-a

to
m

m
o
le

cu
la

r
d
y
n
a
m

ic
s

si
m

u
la

ti
o
n
s.

IN
T

R
O

D
U

C
T

IO
N

T
h
e

en
se

m
b
le

of
3-

d
co

n
fi
gu

ra
ti

on
s

ex
h
ib

it
ed

b
y

a
m

ol
ec

u
le

,
th

at
is

,
it

s
in

tr
in

si
c

m
ot

io
n
,
is

co
rr

el
at

ed
w

it
h

th
e

p
ro

p
er

ti
es

of
it
s

en
v
ir

on
m

en
t

[1
–1

2]
.

C
h
an

ge
s

in
in

te
n
si

ve
va

ri
ab

le
s,

su
ch

as
te

m
p
er

at
u
re

an
d

p
re

ss
u
re

,
m

o
d
if
y

th
e

in
tr

in
si

c
m

ot
io

n
of

a
m

ol
ec

u
le

.
A

d
d
it

io
n
al

ly
,

m
ol

ec
u
la

r
m

ot
io

n
al

so
ch

an
ge

s
as

a
re

su
lt

of
b
in

d
in

g
w

it
h

ot
h
er

m
ol

ec
u
le

s,
su

ch
as

in
li
ga

n
d
-s

u
b
st

ra
te

co
m

p
le

x
es

or
m

ol
ec

u
la

r
as

se
m

b
li
es

.
M

or
eo

ve
r,

th
e

ex
te

n
t
of

th
e

ch
an

ge
in

m
ol

ec
u
la

r
m

ot
io

n
is

d
ep

en
d
en

t
u
p
on

m
u
lt

ip
le

fa
ct

or
s,

in
cl

u
d
in

g
p
ro

p
er

ti
es

of
th

e
m

ol
ec

u
le

an
d

th
e

n
at

u
re

of
th

e
p
er

tu
rb

at
io

n
or

ex
te

rn
al

p
ot

en
ti

al
.

A
q
u
an

ti
ta

ti
ve

ch
ar

ac
te

ri
za

ti
on

of
su

ch
ch

an
ge

s
in

m
ol

ec
u
la

r
m

ot
io

n
is

im
p
or

ta
n
t
fr

om
b
ot

h
sc

ie
n
ti

fi
c

as
w

el
l
as

en
gi

n
ee

ri
n
g

p
er

-
sp

ec
ti

ve
s

b
ec

au
se

it
p
ro

v
id

es
a

b
as

is
to

as
so

ci
at

e
ch

an
ge

s

in
th

er
m

o
d
y
n
am

ic
p
ro

p
er

ti
es

d
ir

ec
tl

y
w

it
h

co
rr

es
p
on

d
in

g
ch

an
ge

s
in

m
ol

ec
u
la

r
m

ot
io

n
.

D
i�

er
en

ti
at

in
g

b
et

w
ee

n
tw

o
en

se
m

b
le

s
of

m
ol

ec
u
la

r
co

n
fi
gu

ra
ti

on
s

is
,

h
ow

ev
er

,
ch

al
le

n
gi

n
g.

T
h
e

ch
al

le
n
ge

li
es

in
co

m
p
ar

in
g

tw
o

se
ts

of
h
ig

h
-d

im
en

si
on

d
at

a.
F
or

th
e

m
ot

io
n

of
a

n
-p

ar
ti

cl
e

m
ol

ec
u
le

re
p
re

se
n
te

d
b
y

m
-

co
n
fi
gu

ra
ti

on
s,

{a
n
(x

)}
m 1

,
th

e
ta

sk
of

d
i�

er
en

ti
at

in
g

it
fr

om
th

e
m

ol
ec

u
le

’s
re

fe
re

n
ce

st
at

e,
{a

n
(x

0
)}

m 1
,
in

vo
lv

es
co

m
p
ar

in
g

tw
o

3n
-d

im
en

si
on

al
ve

ct
or

sp
ac

es
.

T
ra

d
it

io
n
-

al
ly

,
w

h
en

an
al

y
zi

n
g

m
ol

ec
u
la

r
si

m
u
la

ti
on

s,
th

is
p
ro

b
-

le
m

is
d
ea

lt
w

it
h

b
y

fi
rs

t
re

d
u
ci

n
g

th
e

d
im

en
si

on
s

of
th

e
tw

o
en

se
m

b
le

s
se

p
ar

at
el

y,
an

d
th

en
co

m
p
ar

in
g

th
e

re
su

lt
-

in
g

su
m

m
ar

y
st

at
is

ti
cs

fr
om

th
e

tw
o

en
se

m
b
le

s
ag

ai
n
st

ea
ch

ot
h
er

[1
3]

.
D

im
en

si
on

al
it
y

re
d
u
ct

io
n

is
ca

rr
ie

d
ou

t,
fo

r
ex

am
p
le

,
b
y

av
er

ag
in

g
ov

er
n
-s

p
ac
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of
3-

d
co

n
fi
gu

ra
ti

on
s

ex
h
ib

it
ed

b
y

a
m

ol
ec

u
le

,
th

at
is

,
it

s
in

tr
in

si
c

m
ot

io
n
,
is

co
rr

el
at

ed
w

it
h

th
e

p
ro

p
er

ti
es

of
it
s

en
v
ir

on
m

en
t

[1
–1

2]
.

C
h
an

ge
s

in
in

te
n
si

ve
va

ri
ab

le
s,

su
ch

as
te

m
p
er

at
u
re

an
d

p
re

ss
u
re

,
m

o
d
if
y

th
e

in
tr

in
si

c
m

ot
io

n
of

a
m

ol
ec

u
le

.
A

d
d
it

io
n
al

ly
,

m
ol

ec
u
la

r
m

ot
io

n
al

so
ch

an
ge

s
as

a
re

su
lt

of
b
in

d
in

g
w

it
h

ot
h
er

m
ol

ec
u
le

s,
su

ch
as

in
li
ga

n
d
-s

u
b
st

ra
te

co
m

p
le

x
es

or
m

ol
ec

u
la

r
as

se
m

b
li
es

.
M

or
eo

ve
r,

th
e

ex
te

n
t
of

th
e

ch
an

ge
in

m
ol

ec
u
la

r
m

ot
io

n
is

d
ep

en
d
en

t
u
p
on

m
u
lt

ip
le

fa
ct

or
s,

in
cl

u
d
in

g
p
ro

p
er

ti
es

of
th

e
m

ol
ec

u
le

an
d

th
e

n
at

u
re

of
th

e
p
er

tu
rb

at
io

n
or

ex
te

rn
al

p
ot

en
ti

al
.

A
q
u
an

ti
ta

ti
ve

ch
ar

ac
te

ri
za

ti
on

of
su

ch
ch

an
ge

s
in

m
ol

ec
u
la

r
m

ot
io

n
is

im
p
or

ta
n
t
fr

om
b
ot

h
sc

ie
n
ti

fi
c

as
w

el
l
as

en
gi

n
ee

ri
n
g

p
er

-
sp

ec
ti

ve
s

b
ec

au
se

it
p
ro

v
id

es
a

b
as

is
to

as
so

ci
at

e
ch

an
ge

s

in
th

er
m

o
d
y
n
am

ic
p
ro

p
er

ti
es

d
ir

ec
tl

y
w

it
h

co
rr

es
p
on

d
in

g
ch

an
ge

s
in

m
ol

ec
u
la

r
m

ot
io

n
.

D
i�

er
en

ti
at

in
g

b
et

w
ee

n
tw

o
en

se
m

b
le

s
of

m
ol

ec
u
la

r
co

n
fi
gu

ra
ti

on
s

is
,

h
ow

ev
er

,
ch

al
le

n
gi

n
g.

T
h
e

ch
al

le
n
ge

li
es

in
co

m
p
ar

in
g

tw
o

se
ts

of
h
ig

h
-d

im
en

si
on

d
at

a.
F
or

th
e

m
ot

io
n

of
a

n
-p

ar
ti

cl
e

m
ol

ec
u
le

re
p
re

se
n
te

d
b
y

m
-

co
n
fi
gu

ra
ti

on
s,

{a
n
(x

)}
m 1

,
th

e
ta

sk
of

d
i�

er
en

ti
at

in
g

it
fr

om
th

e
m

ol
ec

u
le

’s
re

fe
re

n
ce

st
at

e,
{a

n
(x

0
)}

m 1
,
in

vo
lv

es
co

m
p
ar

in
g

tw
o

3n
-d

im
en

si
on

al
ve

ct
or

sp
ac

es
.

T
ra

d
it

io
n
-

al
ly

,
w

h
en

an
al

y
zi

n
g

m
ol

ec
u
la

r
si

m
u
la

ti
on

s,
th

is
p
ro

b
-

le
m

is
d
ea

lt
w

it
h

b
y

fi
rs

t
re

d
u
ci

n
g

th
e

d
im

en
si

on
s

of
th

e
tw

o
en

se
m

b
le

s
se

p
ar

at
el

y,
an

d
th

en
co

m
p
ar

in
g

th
e

re
su

lt
-

in
g

su
m

m
ar

y
st

at
is

ti
cs

fr
om

th
e

tw
o

en
se

m
b
le

s
ag

ai
n
st

ea
ch

ot
h
er

[1
3]

.
D

im
en

si
on

al
it
y

re
d
u
ct

io
n

is
ca

rr
ie

d
ou

t,
fo

r
ex

am
p
le

,
b
y

av
er

ag
in

g
ov

er
n
-s

p
ac

e
th

at
in

vo
lv

es
p
ar

ti
cl

e-
cl

u
st

er
in

g
or

av
er

ag
in

g
ov

er
m

-s
p
ac

e
th

at
y
ie

ld
s

<
� z

z
(t

)�
z
z
(0

)
>

e
q
�

<
� x

x
(t

)�
x
x
(0

)
>

e
q

{a
,b

,c
}

k
(x

i,
x

j
)

=
x

i
·x

j

2
n

d

� |
|
=

0

d
�
/
d
�

=
0
.3

7
G

P
a

2
5 �x

i
�

x
j
�

A
W

n
�

A
M

n

A
M

n
�

A
E

n

A
E

n
�

A
P

n

Q
u
a
n
ti
ta

ti
v
e

C
h
a
ra

c
te

ri
z
a
ti
o
n

o
f
In

tr
in

si
c

M
o
le

c
u
la

r
M

o
ti
o
n

U
si

n
g

S
u
p
p
o
rt

V
e
c
to

r
M

a
ch

in
e
s

R
a
lp

h
E

.
L
ei

g
h
ty

1
a
n
d

S
a
m

ee
r

V
a
rm

a
1
,2

,3
,�

1
D

ep
a
rt

m
en

t
o
f

C
el

l
B
io

lo
gy

,
M

ic
ro

bi
o
lo
gy

a
n
d

M
o
le
cu

la
r

B
io

lo
gy

,
2
D

ep
a
rt

m
en

t
o
f

P
h
y
si

cs
,

U
n
iv

er
si

ty
o
f

S
o
u
th

F
lo

ri
d
a
,

T
a
m

pa
,

F
L

3
3
6
2
0
,

U
S
A

a
n
d

3
In

st
it
u
te

o
f
P
u
re

a
n
d

A
p
p
li
ed

M
a
th

em
a
ti
cs

,
U

n
iv

er
si

ty
o
f
C

a
li
fo

rn
ia

L
o
s

A
n
ge

le
s,

L
o
s

A
n
ge

le
s,

C
A

9
0
0
9
5
,
U

S
A

(D
a
te

d
:

J
u
ly

3
0
,
2
0
1
2

D
R

A
F
T

)

T
h
e

en
se

m
b
le

o
f

3
-d

co
n
fi
g
u
ra

ti
o
n
s

ex
h
ib

it
ed

b
y

a
m

o
le

cu
le

,
th

a
t

is
,

it
s

in
tr

in
si

c
m

o
ti

o
n
,

ca
n

b
e

a
lt

er
ed

b
y

n
u
m

er
o
u
s

en
v
ir

o
n
m

en
ta

l
fa

ct
o
rs

,
su

ch
a
s

te
m

p
er

a
tu

re
,
a
n
d

a
ls

o
b
y

th
e

b
in

d
in

g
o
f
o
th

er
m

o
le

cu
le

s.
A

n
u
n
d
er

st
a
n
d
in

g
o
f
en

se
m

b
le

-l
ev

el
d
i↵

er
en

ce
s
fr

o
m

a
g
eo

m
et

ri
c

p
er

sp
ec

ti
v
e

is
im

p
o
rt

a
n
t

b
ec

a
u
se

it
p
ro

v
id

es
a

b
a
si

s
fo

r
re

la
ti

n
g

th
er

m
o
d
y
n
a
m

ic
ch

a
n
g
es

to
ch

a
n
g
es

in
m

o
le

cu
la

r
m

o
ti

o
n
.

T
h
e

ta
sk

o
f
d
i↵

er
en

ti
a
ti

n
g

tw
o

co
n
fi
g
u
ra

ti
o
n
a
l
en

se
m

b
le

s
is

,
h
ow

ev
er

,
ch

a
ll
en

g
in

g
b
ec

a
u
se

it
re

q
u
ir

es
co

m
p
a
ri

n
g

tw
o

h
ig

h
-d

im
en

si
o
n
a
l

d
a
ta

se
ts

.
T
ra

d
it

io
n
a
ll
y,

w
h
en

a
n
a
ly

zi
n
g

m
o
le

cu
la

r
si

m
u
la

ti
o
n
s,

th
is

p
ro

b
le

m
is

ci
rc

u
m

v
en

te
d

b
y

fi
rs

t
re

d
u
ci

n
g

th
e

d
im

en
si

o
n
s

o
f

th
e

tw
o

en
se

m
b
le

s
se

p
a
ra

te
ly

,
a
n
d

th
en

co
m

p
a
ri

n
g

su
m

m
a
ry

st
a
ti

st
ic

s
fr

o
m

th
e

tw
o

en
se

m
b
le

s
a
g
a
in

st
ea

ch
o
th

er
.

H
ow

ev
er

,
si

n
ce

d
im

en
si

o
n
a
li
ty

re
d
u
ct

io
n

is
ca

rr
ie

d
o
u
t

p
ri

o
r

to
co

m
p
a
ri

so
n

o
f

en
se

m
b
le

s,
su

ch
st

ra
te

g
ie

s
a
re

su
sc

ep
ti

b
le

to
a
rt

if
a
ct

u
a
l
b
ia

se
s
fr

o
m

in
fo

rm
a
ti

o
n

lo
ss

.
H

er
e

w
e

in
tr

o
d
u
ce

a
m

et
h
o
d

b
a
se

d
o
n

su
p
p
o
rt

v
ec

to
r

m
a
ch

in
es

(S
V

M
)

th
a
t

co
m

p
a
re

s
3
-d

en
se

m
b
le

s
d
ir

ec
tl

y
a
g
a
in

st
o
n
e

a
n
o
th

er
in

th
e

H
il
b
er

t
sp

a
ce

w
it

h
o
u
t

a
p
re

re
q
u
is

it
e

re
d
u
ct

io
n

in
p
h
a
se

sp
a
ce

.
W

h
il
e

th
is

m
et

h
o
d

ca
n

b
e

a
p
p
li
ed

to
a
n
y

m
o
le

cu
la

r
sy

st
em

,
h
er

e
w

e
ex

p
lo

re
it

s
se

n
si

ti
v
it
y

to
w

a
rd

m
o
d
el

sy
st

em
s

co
m

p
ri

se
d

o
f

a
m

in
o

a
ci

d
s.

W
e

a
ls

o
a
p
p
ly

th
e

te
ch

n
iq

u
e

to
id

en
ti

fy
th

e
sp

ec
ifi

c
re

g
io

n
s

o
f
a

p
a
ra

m
y
x
ov

ir
u
s

G
p
ro

te
in

th
a
t

a
re

a
↵
ec

te
d

b
y

th
e

b
in

d
in

g
o
f
it

s
p
re

fe
rr

ed
h
u
m

a
n

re
ce

p
to

r,
E

p
h
ri

n
B

2
.

W
e

fi
n
d

th
a
t
th

e
sp

ec
ifi

c
re

g
io

n
s

id
en

ti
fi
ed

b
y

th
is

m
et

h
o
d

in
cl

u
d
e

th
e

se
t

o
f
a
m

in
o

a
ci

d
s

th
a
t

a
re

k
n
ow

n
fr

o
m

ex
p
er

im
en

ta
l
st

u
d
ie

s
to

p
la

y
a

v
it

a
l

ro
le

in
v
ir

a
l

fu
si

o
n
.

T
h
e

co
n
fi
g
u
ra

ti
o
n
a
l

en
se

m
b
le

s
o
f

th
e

v
ir

a
l

p
ro

te
in

in
b
o
th

it
s

b
o
u
n
d

a
n
d

u
n
b
o
u
n
d

st
a
te

s
w

er
e

g
en

er
a
te

d
u
si

n
g

a
ll
-a

to
m

m
o
le

cu
la

r
d
y
n
a
m

ic
s

si
m

u
la

ti
o
n
s.

IN
T

R
O

D
U

C
T

IO
N

T
h
e

en
se

m
b
le

o
f

3
-d

co
n
fi
g
u
ra

ti
o
n
s

ex
h
ib

it
ed

b
y

a
m

o
le

cu
le

,
th

a
t

is
,
it

s
in

tr
in

si
c

m
o
ti

o
n
,
is

co
rr

el
a
te

d
w

it
h

th
e

p
ro

p
er

ti
es

o
f

it
s

en
v
ir

o
n
m

en
t

[1
–
1
2
].

C
h
a
n
g
es

in
in

te
n
si

v
e

va
ri

a
b
le

s,
su

ch
a
s

te
m

p
er

a
tu

re
a
n
d

p
re

ss
u
re

,
m

o
d
if
y

th
e

in
tr

in
si

c
m

o
ti

o
n

o
f
a

m
o
le

cu
le

.
A

d
d
it

io
n
a
ll
y,

m
o
le

cu
la

r
m

o
ti

o
n

a
ls

o
ch

a
n
g
es

a
s
a

re
su

lt
o
f
b
in

d
in

g
w

it
h

o
th

er
m

o
le

cu
le

s,
su

ch
a
s
in

li
g
a
n
d
-s

u
b
st

ra
te

co
m

p
le

x
es

o
r

m
o
le

cu
la

r
a
ss

em
b
li
es

.
M

o
re

ov
er

,
th

e
ex

te
n
t
o
f
th

e
ch

a
n
g
e

in
m

o
le

cu
la

r
m

o
ti

o
n

is
d
ep

en
d
en

t
u
p
o
n

m
u
lt

ip
le

fa
ct

o
rs

,
in

cl
u
d
in

g
p
ro

p
er

ti
es

o
f

th
e

m
o
le

cu
le

a
n
d

th
e

n
a
tu

re
o
f

th
e

p
er

tu
rb

a
ti

o
n

o
r

ex
te

rn
a
l

p
o
te

n
ti

a
l.

A
q
u
a
n
ti

ta
ti

v
e

ch
a
ra

ct
er

iz
a
ti

o
n

o
f

su
ch

ch
a
n
g
es

in
m

o
le

cu
la

r
m

o
ti

o
n

is
im

p
o
rt

a
n
t
fr

o
m

b
o
th

sc
ie

n
ti

fi
c

a
s

w
el

l
a
s

en
g
in

ee
ri

n
g

p
er

-
sp

ec
ti

v
es

b
ec

a
u
se

it
p
ro

v
id

es
a

b
a
si

s
to

a
ss

o
ci

a
te

ch
a
n
g
es

in
th

er
m

o
d
y
n
a
m

ic
p
ro

p
er

ti
es

d
ir

ec
tl

y
w

it
h

co
rr

es
p
o
n
d
in

g
ch

a
n
g
es

in
m

o
le

cu
la

r
m

o
ti

o
n
.

D
i�

er
en

ti
a
ti

n
g

b
et

w
ee

n
tw

o
en

se
m

b
le

s
o
f

m
o
le

cu
la

r
co

n
fi
g
u
ra

ti
o
n
s

is
,

h
ow

ev
er

,
ch

a
ll
en

g
in

g
.

T
h
e

ch
a
ll
en

g
e

li
es

in
co

m
p
a
ri

n
g

tw
o

se
ts

o
f

h
ig

h
-d

im
en

si
o
n

d
a
ta

.
F
o
r

th
e

m
o
ti

o
n

o
f

a
n
-p

a
rt

ic
le

m
o
le

cu
le

re
p
re

se
n
te

d
b
y

m
-

co
n
fi
g
u
ra

ti
o
n
s,

{a
n
(x

)}
m 1

,
th

e
ta

sk
o
f

d
i�

er
en

ti
a
ti

n
g

it
fr

o
m

th
e

m
o
le

cu
le

’s
re

fe
re

n
ce

st
a
te

,
{a

n
(x

0
)}

m 1
,
in

v
o
lv

es
co

m
p
a
ri

n
g

tw
o

3
n
-d

im
en

si
o
n
a
l
v
ec

to
r

sp
a
ce

s.
T
ra

d
it

io
n
-

a
ll
y,

w
h
en

a
n
a
ly

zi
n
g

m
o
le

cu
la

r
si

m
u
la

ti
o
n
s,

th
is

p
ro

b
-

le
m

is
d
ea

lt
w

it
h

b
y

fi
rs

t
re

d
u
ci

n
g

th
e

d
im

en
si

o
n
s

o
f
th

e
tw

o
en

se
m

b
le

s
se

p
a
ra

te
ly

,
a
n
d

th
en

co
m

p
a
ri

n
g

th
e

re
su

lt
-

in
g

su
m

m
a
ry

st
a
ti

st
ic

s
fr

o
m

th
e

tw
o

en
se

m
b
le

s
a
g
a
in

st
ea

ch
o
th

er
[1

3
].

D
im

en
si

o
n
a
li
ty

re
d
u
ct

io
n

is
ca

rr
ie

d
o
u
t,

fo
r

ex
a
m

p
le

,
b
y

av
er

a
g
in

g
ov

er
n
-s

p
a
ce

th
a
t

in
v
o
lv

es
p
a
rt

ic
le

-c
lu

st
er

in
g

o
r

av
er

a
g
in

g
ov

er
m

-s
p
a
ce

th
a
t

y
ie

ld
s
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trons-ALEX/MARIANA-PLEASEELABORATE...Weem-
ploytherecentlydeveloped...Weusedensity-functionaltheory
withinthePBE[18]andPBE0[19,20]approximationsforthe
exchange-correlationpotential.Inaddition,weemployare-
centlydevelopedvanderWaals(vdW)correctionscheme[21]
basedonasummationofpairwiseC6[n]/R

6
terms,wherethe

C6coe�cientsarebasedontheself-consistentelectronicden-
sity.Thisapproachallowsustotreataccuratelytheenergetics
ande↵ectsofpolarizationinoursystems.

WefindthataT!Ssubstitutionisaccompaniedwithonly
minorstructuralchanges.Inaddition,wefindthatthereduc-
tioninpolarizabilityofS4associatedwithaT!Ssubstitu-
tionissu�cienttoexplainexperimentalobservations.These
studiesprovide,ingeneral,avividexampleofhowpeptide
functionisinfluencedbythepolarizabilityofmethylgroups,
especiallythosethatareproximaltochargedmoieties,includ-
ingions,titratableside-acidsandphosphates.

ResultsandDiscussion
TounderstandhowT!SsubstitutionsintheS4sitea↵ectK–
channelfunction,weexaminefirstthegeneralconsequences
ofmethylpolarizabilityonthethermodynamicsofionbind-
ing.Weestimatethegasphaseenthalpiesandfreeenergies
ofNa

+
,K

+
andBa

2+
ionbindingtofourdi↵erentmolecules,

namelywater,methanol,ethanolandpropanol.Whileall
thesemoleculesprovidehydroxylligandsforion-coordination,
theydi↵erfromeachotherinthenumberofmethylgroups
theycarry.Consequentlytheyhavedi↵erentstaticaverage
ground-statedipolepolarizabilitiesof1.5,3.3,5.4and6.7Å

3
,

respectively[15].Theresultsofthesecalculationsareplotted
inFig.2.Wefindthatwhiletheadditionofmethylgroups
enhancethestabilityofthecomplex,thee↵ectdecreaseswith
eachincrementaladdition.Inaddition,multibodye↵ectsare
thee↵ectofcoordinationnumberisnon-trivial.

Table2.distancebetweenmethylandKioninthes4site
isabout5Å
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Theensembleof3-dconfigurationsexhibitedbyamolecule,thatis,itsintrinsicmotion,canbe
alteredbynumerousenvironmentalfactors,suchastemperature,andalsobythebindingofother
molecules.Anunderstandingofensemble-leveldi↵erencesfromageometricperspectiveisimportant
becauseitprovidesabasisforrelatingthermodynamicchangestochangesinmolecularmotion.
Thetaskofdi↵erentiatingtwoconfigurationalensemblesis,however,challengingbecauseitrequires
comparingtwohigh-dimensionaldatasets.Traditionally,whenanalyzingmolecularsimulations,
thisproblemiscircumventedbyfirstreducingthedimensionsofthetwoensemblesseparately,
andthencomparingsummarystatisticsfromthetwoensemblesagainsteachother.However,
sincedimensionalityreductioniscarriedoutpriortocomparisonofensembles,suchstrategiesare
susceptibletoartifactualbiasesfrominformationloss.Hereweintroduceamethodbasedonsupport
vectormachines(SVM)thatcompares3-densemblesdirectlyagainstoneanotherintheHilbert
spacewithoutaprerequisitereductioninphasespace.Whilethismethodcanbeappliedtoany
molecularsystem,hereweexploreitssensitivitytowardmodelsystemscomprisedofaminoacids.
WealsoapplythetechniquetoidentifythespecificregionsofaparamyxovirusGproteinthatare
a↵ectedbythebindingofitspreferredhumanreceptor,EphrinB2.Wefindthatthespecificregions
identifiedbythismethodincludethesetofaminoacidsthatareknownfromexperimentalstudies
toplayavitalroleinviralfusion.Theconfigurationalensemblesoftheviralproteininbothits
boundandunboundstatesweregeneratedusingall-atommoleculardynamicssimulations.

INTRODUCTION

Theensembleof3-dconfigurationsexhibitedbya
molecule,thatis,itsintrinsicmotion,iscorrelatedwith
thepropertiesofitsenvironment[1–12].Changesin
intensivevariables,suchastemperatureandpressure,
modifytheintrinsicmotionofamolecule.Additionally,
molecularmotionalsochangesasaresultofbindingwith
othermolecules,suchasinligand-substratecomplexesor
molecularassemblies.Moreover,theextentofthechange
inmolecularmotionisdependentuponmultiplefactors,
includingpropertiesofthemoleculeandthenatureof
theperturbationorexternalpotential.Aquantitative
characterizationofsuchchangesinmolecularmotionis
importantfrombothscientificaswellasengineeringper-
spectivesbecauseitprovidesabasistoassociatechanges

inthermodynamicpropertiesdirectlywithcorresponding
changesinmolecularmotion.

Di�erentiatingbetweentwoensemblesofmolecular
configurationsis,however,challenging.Thechallenge
liesincomparingtwosetsofhigh-dimensiondata.For
themotionofan-particlemoleculerepresentedbym-
configurations,{an(x)}

m
1,thetaskofdi�erentiatingit

fromthemolecule’sreferencestate,{an(x0)}
m
1,involves

comparingtwo3n-dimensionalvectorspaces.Tradition-
ally,whenanalyzingmolecularsimulations,thisprob-
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Fig.2.Changesinioncomplexationenthalpies(��H)andfreeenergies

(��G)duetomethylgroups.�Hand�Gwereestimatedseparatelyforre-

actionsA+nX⌦AXninwhichAisanion,Na+,K+orBa2+,andXis

aligandmolecule,water(W),methanol(M),ethanol(E)orpropanol(P).The

reactionswerethencombinedtoobtain��Hand��G.Allvaluesarereported

inkcal/mol.

Fig.3.E↵ectofT!Ssubstitutiononelectrondensities.Di↵erencesbetweenthe

electronicdensitiesof(BaT
++
4�4CH3)�(BaS

++
4�4H),calculatedwith

PBE0+vdW,areshown.Thegeometryusedwasthatofthefullyrelaxed(PBE+vdW)

BaT
++
4complex.TobuildBaS

++
4theCH3groupsofTweresubstitutedby

Hatomsandonlythesewererelaxed.Thedi↵erenceinelectrondensityshownthus

correspondstothee↵ectofpolarizationontheelectronicdensitiescausedbythe

additionofmethylgroups.

MaterialsandMethods

Allgeometricrelaxationswereperformedwiththeall-electron,localizedbasis

(numericatom-centeredorbitals)programpackageFHI-aims[22,23],whereweem-

2www.pnas.org/cgi/doi/10.1073/pnas.0709640104FootlineAuthor
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m
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a
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3
n
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n
a
l
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to
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s.
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d
it

io
n
-

a
ll
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g
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le
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r
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ti
o
n
s,
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-
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b
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b
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a
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s
fr
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m
b
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a
g
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in
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].
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p
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b
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a
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in
g

o
r

av
er

a
g
in

g
ov

er
m

-s
p
a
ce

th
a
t

y
ie

ld
s

<
� z

z
(t

)�
z
z
(0

)
>

e
q
�

<
� x

x
(t

)�
x
x
(0

)
>

e
q

{a
,b

,c
}

k
(x

i,
x

j
)

=
x

i
·x

j

2
n

d

� |
|
=

0

d
�
/
d
�

=
0
.3

7
G

P
a

2
5 �x

i
�

x
j
�

A
W

n
�

A
M

n

A
M

n
�

A
E

n

A
E

n
�

A
P

n

Q
u
a
n
ti

ta
ti

v
e

C
h
a
ra

c
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c
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p
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R
a
lp

h
E

.
L
ei
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n
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C
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o
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n
d

M
o
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r
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,
2
D
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a
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f

P
h
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cs
,

U
n
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er
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f

S
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u
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F
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d
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,

T
a
m
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,

F
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3
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S
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n
d
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f
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A
p
p
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M
a
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a
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U

n
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si
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o
f
C

a
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s
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n
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s,
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n
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le
s,
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9
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0
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3
0
,
2
0
1
2

D
R
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T
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e
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b
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n
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g
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o
n
s
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h
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ed

b
y

a
m
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le
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,
th

a
t

is
,

it
s

in
tr

in
si

c
m

o
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o
n
,
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n

b
e

a
lt

er
ed

b
y

n
u
m

er
o
u
s

en
v
ir

o
n
m

en
ta

l
fa

ct
o
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ch
a
s

te
m

p
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a
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re
,
a
n
d

a
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o
b
y

th
e

b
in

d
in

g
o
f
o
th
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m

o
le

cu
le

s.
A

n
u
n
d
er

st
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n
d
in
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b
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ev
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p
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v
e

is
im

p
o
rt

a
n
t

b
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n
g
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b
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b
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m
p
a
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n
g
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o
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h
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a
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d
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n
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en
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n
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g
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m
u
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b
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b
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b
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b
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re
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b
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b
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u
a
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b
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H
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h
o
d

b
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n
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p
p
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V

M
)
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m
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s
3
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m
b
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s
d
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y
a
g
a
in
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e

H
il
b
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h
o
u
t

a
p
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q
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e
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d
u
ct
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n
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p
h
a
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ce

.
W

h
il
e
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m
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h
o
d
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n

b
e

a
p
p
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y
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o
le
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la
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em

,
h
er
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w
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p
lo

re
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s
se

n
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ti
v
it
y

to
w

a
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m
o
d
el

sy
st
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s
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m

p
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se
d

o
f

a
m
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o

a
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d
s.

W
e

a
ls

o
a
p
p
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th
e

te
ch

n
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u
e

to
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en
ti

fy
th

e
sp

ec
ifi

c
re

g
io

n
s

o
f
a

p
a
ra

m
y
x
o
v
ir

u
s

G
p
ro

te
in

th
a
t

a
re

a
↵
ec

te
d

b
y

th
e

b
in

d
in

g
o
f
it

s
p
re

fe
rr

ed
h
u
m

a
n

re
ce

p
to

r,
E

p
h
ri

n
B

2
.

W
e

fi
n
d

th
a
t
th

e
sp

ec
ifi

c
re

g
io

n
s

id
en

ti
fi
ed

b
y

th
is

m
et

h
o
d
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u
d
e

th
e

se
t

o
f
a
m
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o

a
ci

d
s

th
a
t
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k
n
o
w
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fr

o
m

ex
p
er

im
en

ta
l
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u
d
ie

s
to

p
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y
a

v
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a
l

ro
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in
v
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a
l
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o
n
.

T
h
e

co
n
fi
g
u
ra

ti
o
n
a
l

en
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m
b
le

s
o
f

th
e

v
ir

a
l

p
ro

te
in

in
b
o
th

it
s

b
o
u
n
d

a
n
d

u
n
b
o
u
n
d

st
a
te
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w

er
e
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en
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a
te

d
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si

n
g

a
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m

m
o
le
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r
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n
a
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s
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m

u
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o
n
s.
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T

R
O

D
U

C
T
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N

T
h
e
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se

m
b
le

o
f

3
-d

co
n
fi
g
u
ra

ti
o
n
s

ex
h
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it
ed

b
y

a
m

o
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,
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a
t
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,
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s
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c

m
o
ti

o
n
,
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a
te

d
w
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h

th
e

p
ro

p
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es

o
f
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s

en
v
ir

o
n
m

en
t

[1
–
1
2
].

C
h
a
n
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te
n
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v
e
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a
b
le

s,
su

ch
a
s

te
m

p
er

a
tu

re
a
n
d

p
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u
re

,
m

o
d
if
y

th
e
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tr

in
si

c
m

o
ti

o
n

o
f
a

m
o
le

cu
le

.
A

d
d
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n
a
ll
y,
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r
m

o
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o
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n
g
es
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s
a
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o
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b
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s
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u
b
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m

p
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r
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o
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em
b
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.
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n
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r
m

o
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o
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u
p
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m
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,
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u
d
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g
p
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p
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f
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e

m
o
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n
d
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e

n
a
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o
f
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e

p
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a
ti

o
n
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r
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te
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a
l

p
o
te

n
ti

a
l.

A
q
u
a
n
ti
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ti

v
e

ch
a
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er
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a
ti

o
n

o
f
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ch

ch
a
n
g
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in
m

o
le

cu
la

r
m

o
ti

o
n

is
im

p
o
rt

a
n
t
fr

o
m

b
o
th

sc
ie

n
ti
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c

a
s

w
el

l
a
s

en
g
in

ee
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n
g

p
er
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v
es

b
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a
u
se

it
p
ro
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a

b
a
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s
to
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o
ci

a
te

ch
a
n
g
es

in
th
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m

o
d
y
n
a
m
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p
ro

p
er
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ec
tl
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w
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h
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o
n
d
in
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a
n
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o
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r
m

o
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o
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.
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b
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m

b
le
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f

m
o
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r
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n
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g
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o
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,

h
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ev
er

,
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g
in
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.

T
h
e
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a
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g
e
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m
p
a
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n
g
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o
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o
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h
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h
-d
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d
a
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.
F
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r
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e

m
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o
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f

a
n
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o
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le
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d
b
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m
-
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n
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g
u
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,
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f
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e
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m
p
a
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n
g
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o

3
n
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o
n
a
l
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to
r
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s.
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d
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-
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g
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ti
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-
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b
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e
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b
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a
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b
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a
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in
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].
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ty
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n
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C
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n
d
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o
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,
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a
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P
h
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d
a
,

T
a
m

pa
,

F
L

3
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n
d
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p
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U

n
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n
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0
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T
h
e
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m
b
le

o
f

3
-d
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n
fi
g
u
ra

ti
o
n
s

ex
h
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ed

b
y

a
m

o
le
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le

,
th

a
t

is
,

it
s

in
tr

in
si

c
m

o
ti

o
n
,

ca
n

b
e

a
lt

er
ed

b
y

n
u
m

er
o
u
s

en
v
ir

o
n
m

en
ta

l
fa

ct
o
rs

,
su

ch
a
s

te
m

p
er

a
tu

re
,
a
n
d

a
ls

o
b
y

th
e

b
in

d
in

g
o
f
o
th

er
m

o
le

cu
le

s.
A

n
u
n
d
er
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a
n
d
in
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o
f
en
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m

b
le

-l
ev
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d
i↵
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en
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s
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o
m
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g
eo
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c

p
er
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ti
v
e
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p
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n
t

b
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a
u
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it
p
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a

b
a
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r
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la
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n
g
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m
o
d
y
n
a
m
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ch

a
n
g
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to
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a
n
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m

o
le

cu
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r
m

o
ti

o
n
.

T
h
e

ta
sk

o
f
d
i↵

er
en

ti
a
ti

n
g
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o
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n
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g
u
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o
n
a
l
en
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m

b
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s
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trons-ALEX/MARIANA-PLEASEELABORATE...Weem-
ploytherecentlydeveloped...Weusedensity-functionaltheory
withinthePBE[18]andPBE0[19,20]approximationsforthe
exchange-correlationpotential.Inaddition,weemployare-
centlydevelopedvanderWaals(vdW)correctionscheme[21]
basedonasummationofpairwiseC6[n]/R

6
terms,wherethe

C6coe�cientsarebasedontheself-consistentelectronicden-
sity.Thisapproachallowsustotreataccuratelytheenergetics
ande↵ectsofpolarizationinoursystems.

WefindthataT!Ssubstitutionisaccompaniedwithonly
minorstructuralchanges.Inaddition,wefindthatthereduc-
tioninpolarizabilityofS4associatedwithaT!Ssubstitu-
tionissu�cienttoexplainexperimentalobservations.These
studiesprovide,ingeneral,avividexampleofhowpeptide
functionisinfluencedbythepolarizabilityofmethylgroups,
especiallythosethatareproximaltochargedmoieties,includ-
ingions,titratableside-acidsandphosphates.

ResultsandDiscussion
TounderstandhowT!SsubstitutionsintheS4sitea↵ectK–
channelfunction,weexaminefirstthegeneralconsequences
ofmethylpolarizabilityonthethermodynamicsofionbind-
ing.Weestimatethegasphaseenthalpiesandfreeenergies
ofNa

+
,K

+
andBa

2+
ionbindingtofourdi↵erentmolecules,

namelywater,methanol,ethanolandpropanol.Whileall
thesemoleculesprovidehydroxylligandsforion-coordination,
theydi↵erfromeachotherinthenumberofmethylgroups
theycarry.Consequentlytheyhavedi↵erentstaticaverage
ground-statedipolepolarizabilitiesof1.5,3.3,5.4and6.7Å

3
,

respectively[15].Theresultsofthesecalculationsareplotted
inFig.2.Wefindthatwhiletheadditionofmethylgroups
enhancethestabilityofthecomplex,thee↵ectdecreaseswith
eachincrementaladdition.Inaddition,multibodye↵ectsare
thee↵ectofcoordinationnumberisnon-trivial.

Table2.distancebetweenmethylandKioninthes4site
isabout5Å
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Theensembleof3-dconfigurationsexhibitedbyamolecule,thatis,itsintrinsicmotion,canbe
alteredbynumerousenvironmentalfactors,suchastemperature,andalsobythebindingofother
molecules.Anunderstandingofensemble-leveldi↵erencesfromageometricperspectiveisimportant
becauseitprovidesabasisforrelatingthermodynamicchangestochangesinmolecularmotion.
Thetaskofdi↵erentiatingtwoconfigurationalensemblesis,however,challengingbecauseitrequires
comparingtwohigh-dimensionaldatasets.Traditionally,whenanalyzingmolecularsimulations,
thisproblemiscircumventedbyfirstreducingthedimensionsofthetwoensemblesseparately,
andthencomparingsummarystatisticsfromthetwoensemblesagainsteachother.However,
sincedimensionalityreductioniscarriedoutpriortocomparisonofensembles,suchstrategiesare
susceptibletoartifactualbiasesfrominformationloss.Hereweintroduceamethodbasedonsupport
vectormachines(SVM)thatcompares3-densemblesdirectlyagainstoneanotherintheHilbert
spacewithoutaprerequisitereductioninphasespace.Whilethismethodcanbeappliedtoany
molecularsystem,hereweexploreitssensitivitytowardmodelsystemscomprisedofaminoacids.
WealsoapplythetechniquetoidentifythespecificregionsofaparamyxovirusGproteinthatare
a↵ectedbythebindingofitspreferredhumanreceptor,EphrinB2.Wefindthatthespecificregions
identifiedbythismethodincludethesetofaminoacidsthatareknownfromexperimentalstudies
toplayavitalroleinviralfusion.Theconfigurationalensemblesoftheviralproteininbothits
boundandunboundstatesweregeneratedusingall-atommoleculardynamicssimulations.

INTRODUCTION

Theensembleof3-dconfigurationsexhibitedbya
molecule,thatis,itsintrinsicmotion,iscorrelatedwith
thepropertiesofitsenvironment[1–12].Changesin
intensivevariables,suchastemperatureandpressure,
modifytheintrinsicmotionofamolecule.Additionally,
molecularmotionalsochangesasaresultofbindingwith
othermolecules,suchasinligand-substratecomplexesor
molecularassemblies.Moreover,theextentofthechange
inmolecularmotionisdependentuponmultiplefactors,
includingpropertiesofthemoleculeandthenatureof
theperturbationorexternalpotential.Aquantitative
characterizationofsuchchangesinmolecularmotionis
importantfrombothscientificaswellasengineeringper-
spectivesbecauseitprovidesabasistoassociatechanges

inthermodynamicpropertiesdirectlywithcorresponding
changesinmolecularmotion.

Di�erentiatingbetweentwoensemblesofmolecular
configurationsis,however,challenging.Thechallenge
liesincomparingtwosetsofhigh-dimensiondata.For
themotionofan-particlemoleculerepresentedbym-
configurations,{an(x)}

m
1,thetaskofdi�erentiatingit

fromthemolecule’sreferencestate,{an(x0)}
m
1,involves

comparingtwo3n-dimensionalvectorspaces.Tradition-
ally,whenanalyzingmolecularsimulations,thisprob-
lemisdealtwithbyfirstreducingthedimensionsofthe
twoensemblesseparately,andthencomparingtheresult-
ingsummarystatisticsfromthetwoensemblesagainst
eachother[13].Dimensionalityreductioniscarriedout,
forexample,byaveragingovern-spacethatinvolves
particle-clusteringoraveragingoverm-spacethatyields
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spectivesbecauseitprovidesabasistoassociatechanges

inthermodynamicpropertiesdirectlywithcorresponding
changesinmolecularmotion.

Di�erentiatingbetweentwoensemblesofmolecular
configurationsis,however,challenging.Thechallenge
liesincomparingtwosetsofhigh-dimensiondata.For
themotionofan-particlemoleculerepresentedbym-
configurations,{an(x)}

m
1,thetaskofdi�erentiatingit

fromthemolecule’sreferencestate,{an(x0)}
m
1,involves

comparingtwo3n-dimensionalvectorspaces.Tradition-
ally,whenanalyzingmolecularsimulations,thisprob-
lemisdealtwithbyfirstreducingthedimensionsofthe
twoensemblesseparately,andthencomparingtheresult-
ingsummarystatisticsfromthetwoensemblesagainst
eachother[13].Dimensionalityreductioniscarriedout,
forexample,byaveragingovern-spacethatinvolves
particle-clusteringoraveragingoverm-spacethatyields

Fig.2.Changesinioncomplexationenthalpies(��H)andfreeenergies

(��G)duetomethylgroups.�Hand�Gwereestimatedseparatelyforre-

actionsA+nX⌦AXninwhichAisanion,Na+,K+orBa2+,andXis

aligandmolecule,water(W),methanol(M),ethanol(E)orpropanol(P).The

reactionswerethencombinedtoobtain��Hand��G.Allvaluesarereported

inkcal/mol.

Fig.3.E↵ectofT!Ssubstitutiononelectrondensities.Di↵erencesbetweenthe

electronicdensitiesof(BaT
++
4�4CH3)�(BaS

++
4�4H),calculatedwith

PBE0+vdW,areshown.Thegeometryusedwasthatofthefullyrelaxed(PBE+vdW)

BaT
++
4complex.TobuildBaS

++
4theCH3groupsofTweresubstitutedby

Hatomsandonlythesewererelaxed.Thedi↵erenceinelectrondensityshownthus

correspondstothee↵ectofpolarizationontheelectronicdensitiescausedbythe

additionofmethylgroups.

MaterialsandMethods

Allgeometricrelaxationswereperformedwiththeall-electron,localizedbasis

(numericatom-centeredorbitals)programpackageFHI-aims[22,23],whereweem-

2www.pnas.org/cgi/doi/10.1073/pnas.0709640104FootlineAuthor
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b
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p
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b
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b
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p
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p
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d
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b
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b
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ra
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p
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b
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ra
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p
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d
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h
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b
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b
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p
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at
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b
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b
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p
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n
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C
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a
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P
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u
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n
d
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p
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0
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b
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b
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b
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p
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b
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b
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b
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p
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b
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b
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a
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d
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b
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p
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b
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–
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p
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d
d
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3
0
,
2
0
1
2

D
R

A
F
T

)

T
h
e

en
se

m
b
le

o
f

3
-d

co
n
fi
g
u
ra

ti
o
n
s

ex
h
ib

it
ed

b
y

a
m

o
le

cu
le

,
th

a
t

is
,

it
s

in
tr

in
si

c
m

o
ti

o
n
,

ca
n

b
e

a
lt

er
ed

b
y

n
u
m

er
o
u
s

en
v
ir

o
n
m

en
ta

l
fa

ct
o
rs

,
su

ch
a
s

te
m

p
er

a
tu

re
,
a
n
d

a
ls

o
b
y

th
e

b
in

d
in

g
o
f
o
th

er
m

o
le

cu
le

s.
A

n
u
n
d
er

st
a
n
d
in

g
o
f
en

se
m

b
le

-l
ev

el
d
i↵

er
en

ce
s
fr

o
m

a
g
eo

m
et

ri
c

p
er

sp
ec

ti
v
e

is
im

p
o
rt

a
n
t

b
ec

a
u
se

it
p
ro

v
id

es
a

b
a
si

s
fo

r
re

la
ti

n
g

th
er

m
o
d
y
n
a
m

ic
ch

a
n
g
es

to
ch

a
n
g
es

in
m

o
le

cu
la

r
m

o
ti

o
n
.

T
h
e

ta
sk

o
f
d
i↵

er
en

ti
a
ti

n
g

tw
o

co
n
fi
g
u
ra

ti
o
n
a
l
en

se
m

b
le

s
is

,
h
ow

ev
er

,
ch

a
ll
en

g
in

g
b
ec

a
u
se

it
re

q
u
ir

es
co

m
p
a
ri

n
g

tw
o

h
ig

h
-d

im
en

si
o
n
a
l

d
a
ta

se
ts

.
T
ra

d
it

io
n
a
ll
y,

w
h
en

a
n
a
ly

zi
n
g

m
o
le

cu
la

r
si

m
u
la

ti
o
n
s,

th
is

p
ro

b
le

m
is

ci
rc

u
m

v
en

te
d

b
y

fi
rs

t
re

d
u
ci

n
g

th
e

d
im

en
si

o
n
s

o
f

th
e

tw
o

en
se

m
b
le

s
se

p
a
ra

te
ly

,
a
n
d

th
en

co
m

p
a
ri

n
g

su
m

m
a
ry

st
a
ti

st
ic

s
fr

o
m

th
e

tw
o

en
se

m
b
le

s
a
g
a
in

st
ea

ch
o
th

er
.

H
ow

ev
er

,
si

n
ce

d
im

en
si

o
n
a
li
ty

re
d
u
ct

io
n

is
ca

rr
ie

d
o
u
t

p
ri

o
r

to
co

m
p
a
ri

so
n

o
f

en
se

m
b
le

s,
su

ch
st

ra
te

g
ie

s
a
re

su
sc

ep
ti

b
le

to
a
rt

if
a
ct

u
a
l
b
ia

se
s
fr

o
m

in
fo

rm
a
ti

o
n

lo
ss

.
H

er
e

w
e

in
tr

o
d
u
ce

a
m

et
h
o
d

b
a
se

d
o
n

su
p
p
o
rt

v
ec

to
r

m
a
ch

in
es

(S
V

M
)

th
a
t

co
m

p
a
re

s
3
-d

en
se

m
b
le

s
d
ir

ec
tl

y
a
g
a
in

st
o
n
e

a
n
o
th

er
in

th
e

H
il
b
er

t
sp

a
ce

w
it

h
o
u
t

a
p
re

re
q
u
is

it
e

re
d
u
ct

io
n

in
p
h
a
se

sp
a
ce

.
W

h
il
e

th
is

m
et

h
o
d

ca
n

b
e

a
p
p
li
ed

to
a
n
y

m
o
le

cu
la

r
sy

st
em

,
h
er

e
w

e
ex

p
lo

re
it

s
se

n
si

ti
v
it
y

to
w

a
rd

m
o
d
el

sy
st

em
s

co
m

p
ri

se
d

o
f

a
m

in
o

a
ci

d
s.

W
e

a
ls

o
a
p
p
ly

th
e

te
ch

n
iq

u
e

to
id

en
ti

fy
th

e
sp

ec
ifi

c
re

g
io

n
s

o
f
a

p
a
ra

m
y
x
ov

ir
u
s

G
p
ro

te
in

th
a
t

a
re

a
↵
ec

te
d

b
y

th
e

b
in

d
in

g
o
f
it

s
p
re

fe
rr

ed
h
u
m

a
n

re
ce

p
to

r,
E

p
h
ri

n
B

2
.

W
e

fi
n
d

th
a
t
th

e
sp

ec
ifi

c
re

g
io

n
s

id
en

ti
fi
ed

b
y

th
is

m
et

h
o
d

in
cl

u
d
e

th
e

se
t

o
f
a
m

in
o

a
ci

d
s

th
a
t

a
re

k
n
ow

n
fr

o
m

ex
p
er

im
en

ta
l
st

u
d
ie

s
to

p
la

y
a

v
it

a
l

ro
le

in
v
ir

a
l

fu
si

o
n
.

T
h
e

co
n
fi
g
u
ra

ti
o
n
a
l

en
se

m
b
le

s
o
f

th
e

v
ir

a
l

p
ro

te
in

in
b
o
th

it
s

b
o
u
n
d

a
n
d

u
n
b
o
u
n
d

st
a
te

s
w

er
e

g
en

er
a
te

d
u
si

n
g

a
ll
-a

to
m

m
o
le

cu
la

r
d
y
n
a
m

ic
s

si
m

u
la

ti
o
n
s.

IN
T

R
O

D
U

C
T

IO
N

T
h
e

en
se

m
b
le

of
3-

d
co

n
fi
gu

ra
ti

on
s

ex
h
ib

it
ed

b
y

a
m

ol
ec

u
le

,
th

at
is

,
it

s
in

tr
in

si
c

m
ot

io
n
,
is

co
rr

el
at

ed
w

it
h

th
e

p
ro

p
er

ti
es

of
it
s

en
v
ir

on
m

en
t

[1
–1

2]
.

C
h
an

ge
s

in
in

te
n
si

ve
va

ri
ab

le
s,

su
ch

as
te

m
p
er

at
u
re

an
d

p
re

ss
u
re

,
m

o
d
if
y

th
e

in
tr

in
si

c
m

ot
io

n
of

a
m

ol
ec

u
le

.
A

d
d
it

io
n
al

ly
,

m
ol

ec
u
la

r
m

ot
io

n
al

so
ch

an
ge

s
as

a
re

su
lt

of
b
in

d
in

g
w

it
h

ot
h
er

m
ol

ec
u
le

s,
su

ch
as

in
li
ga

n
d
-s

u
b
st

ra
te

co
m

p
le

x
es

or
m

ol
ec

u
la

r
as

se
m

b
li
es

.
M

or
eo

ve
r,

th
e

ex
te

n
t
of

th
e

ch
an

ge
in

m
ol

ec
u
la

r
m

ot
io

n
is

d
ep

en
d
en

t
u
p
on

m
u
lt

ip
le

fa
ct

or
s,

in
cl

u
d
in

g
p
ro

p
er

ti
es

of
th

e
m

ol
ec

u
le

an
d

th
e

n
at

u
re

of
th

e
p
er

tu
rb

at
io

n
or

ex
te

rn
al

p
ot

en
ti

al
.

A
q
u
an

ti
ta

ti
ve

ch
ar

ac
te

ri
za

ti
on

of
su

ch
ch

an
ge

s
in

m
ol

ec
u
la

r
m

ot
io

n
is

im
p
or

ta
n
t
fr

om
b
ot

h
sc

ie
n
ti

fi
c

as
w

el
l
as

en
gi

n
ee

ri
n
g

p
er

-
sp

ec
ti

ve
s

b
ec

au
se

it
p
ro

v
id

es
a

b
as

is
to

as
so

ci
at

e
ch

an
ge

s

in
th

er
m

o
d
y
n
am

ic
p
ro

p
er

ti
es

d
ir

ec
tl

y
w

it
h

co
rr

es
p
on

d
in

g
ch

an
ge

s
in

m
ol

ec
u
la

r
m

ot
io

n
.

D
i�

er
en

ti
at

in
g

b
et

w
ee

n
tw

o
en

se
m

b
le

s
of

m
ol

ec
u
la

r
co

n
fi
gu

ra
ti

on
s

is
,

h
ow

ev
er

,
ch

al
le

n
gi

n
g.

T
h
e

ch
al

le
n
ge

li
es

in
co

m
p
ar

in
g

tw
o

se
ts

of
h
ig

h
-d

im
en

si
on

d
at

a.
F
or

th
e

m
ot

io
n

of
a

n
-p

ar
ti

cl
e

m
ol

ec
u
le

re
p
re

se
n
te

d
b
y

m
-

co
n
fi
gu

ra
ti

on
s,

{a
n
(x

)}
m 1

,
th

e
ta

sk
of

d
i�

er
en

ti
at

in
g

it
fr

om
th

e
m

ol
ec

u
le

’s
re

fe
re

n
ce

st
at

e,
{a

n
(x

0
)}

m 1
,
in

vo
lv

es
co

m
p
ar

in
g

tw
o

3n
-d

im
en

si
on

al
ve

ct
or

sp
ac

es
.

T
ra

d
it

io
n
-

al
ly

,
w

h
en

an
al

y
zi

n
g

m
ol

ec
u
la

r
si

m
u
la

ti
on

s,
th

is
p
ro

b
-

le
m

is
d
ea

lt
w

it
h

b
y

fi
rs

t
re

d
u
ci

n
g

th
e

d
im

en
si

on
s

of
th

e
tw

o
en

se
m

b
le

s
se

p
ar

at
el

y,
an

d
th

en
co

m
p
ar

in
g

th
e

re
su

lt
-

in
g

su
m

m
ar

y
st

at
is

ti
cs

fr
om

th
e

tw
o

en
se

m
b
le

s
ag

ai
n
st

ea
ch

ot
h
er

[1
3]

.
D

im
en

si
on

al
it
y

re
d
u
ct

io
n

is
ca

rr
ie

d
ou

t,
fo

r
ex

am
p
le

,
b
y

av
er

ag
in

g
ov

er
n
-s

p
ac

e
th

at
in

vo
lv

es
p
ar

ti
cl

e-
cl

u
st

er
in

g
or

av
er

ag
in

g
ov

er
m

-s
p
ac

e
th

at
y
ie

ld
s

F
ig

.
2
.

C
h
an

ge
s

in
io

n
co

m
p
le

xa
ti
on

en
th

al
p
ie

s
(�

�
H

)
an

d
fr
ee

en
er

gi
es

(�
�

G
)

d
u
e

to
m

et
h
yl

gr
ou

p
s.

�
H

an
d
�

G
w
er

e
es

ti
m

at
ed

se
p
ar

at
el

y
fo

r
re

-

ac
ti
on

s
A

+
n
X

⌦
A

X
n

in
w

h
ic

h
A

is
an

io
n
,

N
a+

,
K
+

or
B

a2
+

,
an

d
X

is

a
lig

an
d

m
ol

ec
u
le

,
w
at

er
(W

),
m

et
h
an

ol
(M

),
et

h
an

ol
(E

)
or

pr
op

an
ol

(P
).

T
h
e

re
ac

ti
on

s
w
er

e
th

en
co

m
b
in

ed
to

ob
ta

in
�
�

H
an

d
�
�

G
.

A
ll

va
lu

es
ar

e
re

p
or

te
d

in
kc

al
/m

ol
.

F
ig

.
3
.

E
↵
ec

t
of

T
!

S
su

b
st

it
u
ti
on

on
el

ec
tr

on
d
en

si
ti
es

.
D

i↵
er

en
ce

s
b
et

w
ee

n
th

e

el
ec

tr
on

ic
d
en

si
ti
es

of
(B

a
T

+
+

4
�

4
C

H
3
)
�

(B
a
S

+
+

4
�

4
H

),
ca

lc
u
la

te
d

w
it
h

P
B

E
0+

vd
W

,
ar

e
sh

ow
n
.

T
h
e

ge
om

et
ry

u
se

d
w
as

th
at

of
th

e
fu

lly
re

la
xe

d
(P

B
E
+

vd
W

)

B
a
T

+
+

4
co

m
p
le

x.
T
o

b
u
ild

B
a
S

+
+

4
th

e
C

H
3

gr
ou

p
s

of
T

w
er

e
su

b
st

it
u
te

d
by

H
at

om
s

an
d

on
ly

th
es

e
w
er

e
re

la
xe

d
.

T
h
e

d
i↵

er
en

ce
in

el
ec

tr
on

d
en

si
ty

sh
ow

n
th

u
s

co
rr

es
p
on

d
s

to
th

e
e↵

ec
t

of
p
ol

ar
iz

at
io

n
on

th
e

el
ec

tr
on

ic
d
en

si
ti
es

ca
u
se

d
by

th
e

ad
d
it
io

n
of

m
et

h
yl

gr
ou

p
s.

M
a
te

ri
a
ls

a
n
d

M
et

h
o
d
s

A
ll

ge
om

et
ri
c

re
la

xa
ti
on

s
w
er

e
p
er

fo
rm

ed
w

it
h

th
e

al
l-
el

ec
tr

on
,

lo
ca

liz
ed

b
as

is

(n
u
m

er
ic

at
om

-c
en

te
re

d
or

b
it
al

s)
pr

og
ra

m
p
ac

ka
ge

F
H

I-
ai

m
s

[2
2,

23
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w
h
er

e
w
e

em
-

2
w

w
w

.p
n
as

.o
rg

/c
gi

/d
oi

/1
0.

10
73

/p
n
as

.0
70

96
40

10
4

F
o
ot

lin
e

A
u
th

or

tr
o
n
s
-
A

L
E

X
/
M

A
R

IA
N

A
-
P

L
E

A
S
E

E
L
A

B
O

R
A

T
E

..
.W

e
em

-
p
lo

y
th

e
re

ce
n
tl

y
d
ev

el
o
p
ed

..
.W

e
u
se

d
en

si
ty

-f
u
n
ct

io
n
a
l
th

eo
ry

w
it

h
in

th
e

P
B

E
[1

8
]
a
n
d

P
B

E
0

[1
9
,
2
0
]
a
p
p
ro

x
im

a
ti

o
n
s
fo

r
th

e
ex

ch
a
n
g
e-

co
rr

el
a
ti

o
n

p
o
te

n
ti

a
l.

In
a
d
d
it

io
n
,

w
e

em
p
lo

y
a

re
-

ce
n
tl

y
d
ev

el
o
p
ed

va
n

d
er

W
a
a
ls

(v
d
W

)
co

rr
ec

ti
o
n

sc
h
em

e
[2

1
]

b
a
se

d
o
n

a
su

m
m

a
ti

o
n

o
f
p
a
ir

w
is

e
C

6
[n

]/
R

6
te

rm
s,

w
h
er

e
th

e
C

6
co

e�
ci

en
ts

a
re

b
a
se

d
o
n

th
e

se
lf
-c

o
n
si

st
en

t
el

ec
tr

o
n
ic

d
en

-
si

ty
.

T
h
is

a
p
p
ro

a
ch

a
ll
ow

s
u
s
to

tr
ea

t
a
cc

u
ra

te
ly

th
e

en
er

g
et

ic
s

a
n
d

e↵
ec

ts
o
f
p
o
la

ri
za

ti
o
n

in
o
u
r

sy
st

em
s.

W
e

fi
n
d

th
a
t
a

T
!

S
su

b
st

it
u
ti

o
n

is
a
cc

o
m

p
a
n
ie

d
w

it
h

o
n
ly

m
in

o
r

st
ru

ct
u
ra

l
ch

a
n
g
es

.
In

a
d
d
it

io
n
,
w

e
fi
n
d

th
a
t

th
e

re
d
u
c-

ti
o
n

in
p
o
la

ri
za

b
il
it
y

o
f

S
4

a
ss

o
ci

a
te

d
w

it
h

a
T
!

S
su

b
st

it
u
-

ti
o
n

is
su
�

ci
en

t
to

ex
p
la

in
ex

p
er

im
en

ta
l

o
b
se

rv
a
ti

o
n
s.

T
h
es

e
st

u
d
ie

s
p
ro

v
id

e,
in

g
en

er
a
l,

a
v
iv

id
ex

a
m

p
le

o
f

h
ow

p
ep

ti
d
e

fu
n
ct

io
n

is
in

fl
u
en

ce
d

b
y

th
e

p
o
la

ri
za

b
il
it
y

o
f
m

et
h
y
l
g
ro

u
p
s,

es
p
ec

ia
ll
y

th
o
se

th
a
t
a
re

p
ro

x
im

a
l
to

ch
a
rg

ed
m

o
ie

ti
es

,
in

cl
u
d
-

in
g

io
n
s,

ti
tr

a
ta

b
le

si
d
e-

a
ci

d
s

a
n
d

p
h
o
sp

h
a
te

s.

R
es

u
lt
s

a
n
d

D
is
cu

ss
io

n
T
o

u
n
d
er

st
a
n
d

h
ow

T
!

S
su

b
st

it
u
ti

o
n
s
in

th
e

S
4

si
te

a
↵
ec

t
K

–
ch

a
n
n
el

fu
n
ct

io
n
,

w
e

ex
a
m

in
e

fi
rs

t
th

e
g
en

er
a
l

co
n
se

q
u
en

ce
s

o
f

m
et

h
y
l
p
o
la

ri
za

b
il
it
y

o
n

th
e

th
er

m
o
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b
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b
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r
d
y
n
a
m

ic
s

si
m

u
la

ti
o
n
s.

IN
T

R
O

D
U

C
T

IO
N

T
h
e

en
se

m
b
le

of
3-

d
co

n
fi
gu

ra
ti

on
s

ex
h
ib

it
ed

b
y

a
m

ol
ec

u
le

,
th

at
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p
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p
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p
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p
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in
si

c
m

ot
io

n
of

a
m

ol
ec

u
le

.
A

d
d
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b
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b
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b
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p
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p
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at
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b
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b
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p
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d
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b
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p
ar

in
g

tw
o

se
ts

of
h
ig

h
-d

im
en

si
on

d
at

a.
F
or

th
e

m
ot

io
n

of
a

n
-p

ar
ti

cl
e

m
ol

ec
u
le

re
p
re

se
n
te

d
b
y

m
-

co
n
fi
gu

ra
ti

on
s,

{a
n
(x

)}
m 1

,
th

e
ta

sk
of

d
i�

er
en

ti
at

in
g

it
fr

om
th

e
m

ol
ec

u
le
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p
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p
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n
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e
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p
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p
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p
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n
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f
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u
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y
n
a
m

ic
s

si
m

u
la

ti
o
n
s.

IN
T

R
O

D
U

C
T

IO
N

T
h
e

en
se

m
b
le

o
f

3
-d

co
n
fi
g
u
ra

ti
o
n
s

ex
h
ib

it
ed

b
y

a
m

o
le

cu
le

,
th

a
t

is
,
it

s
in

tr
in

si
c

m
o
ti

o
n
,
is

co
rr

el
a
te

d
w

it
h

th
e

p
ro

p
er

ti
es

o
f

it
s

en
v
ir

o
n
m

en
t

[1
–
1
2
].

C
h
a
n
g
es

in
in

te
n
si

v
e

va
ri

a
b
le

s,
su

ch
a
s

te
m

p
er

a
tu

re
a
n
d

p
re

ss
u
re

,
m

o
d
if
y

th
e

in
tr

in
si

c
m

o
ti

o
n

o
f
a

m
o
le

cu
le

.
A

d
d
it

io
n
a
ll
y,

m
o
le

cu
la

r
m

o
ti

o
n

a
ls

o
ch

a
n
g
es

a
s
a

re
su

lt
o
f
b
in

d
in

g
w

it
h

o
th

er
m

o
le

cu
le

s,
su

ch
a
s
in

li
g
a
n
d
-s

u
b
st

ra
te

co
m

p
le

x
es

o
r

m
o
le

cu
la

r
a
ss

em
b
li
es

.
M

o
re

ov
er

,
th

e
ex

te
n
t
o
f
th

e
ch

a
n
g
e

in
m

o
le

cu
la

r
m

o
ti

o
n

is
d
ep

en
d
en

t
u
p
o
n

m
u
lt

ip
le

fa
ct

o
rs

,
in

cl
u
d
in

g
p
ro

p
er

ti
es

o
f

th
e

m
o
le

cu
le

a
n
d

th
e

n
a
tu

re
o
f

th
e

p
er

tu
rb

a
ti

o
n

o
r

ex
te

rn
a
l

p
o
te

n
ti

a
l.

A
q
u
a
n
ti

ta
ti

v
e

ch
a
ra

ct
er

iz
a
ti

o
n

o
f

su
ch

ch
a
n
g
es

in
m

o
le

cu
la

r
m

o
ti

o
n

is
im

p
o
rt

a
n
t
fr

o
m

b
o
th

sc
ie

n
ti

fi
c

a
s

w
el

l
a
s

en
g
in

ee
ri

n
g

p
er

-
sp

ec
ti

v
es

b
ec

a
u
se

it
p
ro

v
id

es
a

b
a
si

s
to

a
ss

o
ci

a
te

ch
a
n
g
es

in
th

er
m

o
d
y
n
a
m

ic
p
ro

p
er

ti
es

d
ir

ec
tl

y
w

it
h

co
rr

es
p
o
n
d
in

g
ch

a
n
g
es

in
m

o
le

cu
la

r
m

o
ti

o
n
.

D
i�

er
en

ti
a
ti

n
g

b
et

w
ee

n
tw

o
en

se
m

b
le

s
o
f

m
o
le

cu
la

r
co

n
fi
g
u
ra

ti
o
n
s

is
,

h
ow

ev
er

,
ch

a
ll
en

g
in

g
.

T
h
e

ch
a
ll
en

g
e

li
es

in
co

m
p
a
ri

n
g

tw
o

se
ts

o
f

h
ig

h
-d

im
en

si
o
n

d
a
ta

.
F
o
r

th
e

m
o
ti

o
n

o
f

a
n
-p

a
rt

ic
le

m
o
le

cu
le

re
p
re

se
n
te

d
b
y

m
-

co
n
fi
g
u
ra

ti
o
n
s,

{a
n
(x

)}
m 1

,
th

e
ta

sk
o
f

d
i�

er
en

ti
a
ti

n
g

it
fr

o
m

th
e

m
o
le

cu
le

’s
re

fe
re

n
ce

st
a
te

,
{a

n
(x

0
)}

m 1
,
in

v
o
lv

es
co

m
p
a
ri

n
g

tw
o

3
n
-d

im
en

si
o
n
a
l
v
ec

to
r

sp
a
ce

s.
T
ra

d
it

io
n
-

a
ll
y,

w
h
en

a
n
a
ly

zi
n
g

m
o
le

cu
la

r
si

m
u
la

ti
o
n
s,

th
is

p
ro

b
-

le
m

is
d
ea

lt
w

it
h

b
y

fi
rs

t
re

d
u
ci

n
g

th
e

d
im

en
si

o
n
s

o
f
th

e
tw

o
en

se
m

b
le

s
se

p
a
ra

te
ly

,
a
n
d

th
en

co
m

p
a
ri

n
g

th
e

re
su

lt
-

in
g

su
m

m
a
ry

st
a
ti

st
ic

s
fr

o
m

th
e

tw
o

en
se

m
b
le

s
a
g
a
in

st
ea

ch
o
th

er
[1

3
].

D
im

en
si

o
n
a
li
ty

re
d
u
ct

io
n

is
ca

rr
ie

d
o
u
t,

fo
r

ex
a
m

p
le

,
b
y

av
er

a
g
in

g
ov

er
n
-s

p
a
ce

th
a
t

in
v
o
lv

es
p
a
rt

ic
le

-c
lu

st
er

in
g

o
r

av
er

a
g
in

g
ov

er
m

-s
p
a
ce

th
a
t

y
ie

ld
s

<
� z

z
(t

)�
z
z
(0

)
>

e
q
�

<
� x

x
(t

)�
x
x
(0

)
>

e
q

{a
,b

,c
}

k
(x

i,
x

j
)

=
x

i
·x

j

2n
d

� |
|
=

0

d
�
/d

�
=

0.
37

G
P
a

25 �x
i
�

x
j
�

A
W

n
�

A
M

n

A
M

n
�

A
E

n

A
E

n
�

A
P

n

Q
u
a
n
ti

ta
ti

v
e

C
h
a
ra

ct
e
ri

za
ti

o
n

o
f
In

tr
in

si
c

M
o
le

cu
la

r
M

o
ti

o
n

U
si

n
g

S
u
p
p
o
rt

V
e
ct

o
r

M
a
ch

in
e
s

R
al

p
h

E
.

L
ei

gh
ty

1
an

d
S
am

ee
r

V
ar

m
a1

,2
,3

,�

1
D

ep
a
rt

m
en

t
o
f

C
el

l
B
io

lo
gy

,
M

ic
ro

bi
o
lo

gy
a
n
d

M
o
le
cu

la
r

B
io

lo
gy

,
2
D

ep
a
rt

m
en

t
o
f

P
h
ys

ic
s,

U
n
iv

er
si

ty
o
f

S
o
u
th

F
lo

ri
d
a
,

T
a
m

pa
,

F
L

3
3
6
2
0
,

U
S
A

a
n
d

3
In

st
it
u
te

o
f
P
u
re

a
n
d

A
p
p
li
ed

M
a
th

em
a
ti
cs

,
U

n
iv

er
si

ty
o
f
C

a
li
fo

rn
ia

L
o
s

A
n
ge

le
s,

L
o
s

A
n
ge

le
s,

C
A

9
0
0
9
5
,
U

S
A

(D
a
te

d
:

J
u
ly

3
0
,
2
0
1
2

D
R

A
F
T

)

T
h
e

en
se

m
b
le

o
f

3
-d

co
n
fi
g
u
ra

ti
o
n
s

ex
h
ib

it
ed

b
y

a
m

o
le

cu
le

,
th

a
t

is
,

it
s

in
tr

in
si

c
m

o
ti

o
n
,

ca
n

b
e

a
lt

er
ed

b
y

n
u
m

er
o
u
s

en
v
ir

o
n
m

en
ta

l
fa

ct
o
rs

,
su

ch
a
s

te
m

p
er

a
tu

re
,
a
n
d

a
ls

o
b
y

th
e

b
in

d
in

g
o
f
o
th

er
m

o
le

cu
le

s.
A

n
u
n
d
er

st
a
n
d
in

g
o
f
en

se
m

b
le

-l
ev

el
d
i↵

er
en

ce
s
fr

o
m

a
g
eo

m
et

ri
c

p
er

sp
ec

ti
v
e

is
im

p
o
rt

a
n
t

b
ec

a
u
se

it
p
ro

v
id

es
a

b
a
si

s
fo

r
re

la
ti

n
g

th
er

m
o
d
y
n
a
m

ic
ch

a
n
g
es

to
ch

a
n
g
es

in
m

o
le

cu
la

r
m

o
ti

o
n
.

T
h
e

ta
sk

o
f
d
i↵

er
en

ti
a
ti

n
g

tw
o

co
n
fi
g
u
ra

ti
o
n
a
l
en

se
m

b
le

s
is

,
h
ow

ev
er

,
ch

a
ll
en

g
in

g
b
ec

a
u
se

it
re

q
u
ir

es
co

m
p
a
ri

n
g

tw
o

h
ig

h
-d

im
en

si
o
n
a
l

d
a
ta

se
ts

.
T
ra

d
it

io
n
a
ll
y,

w
h
en

a
n
a
ly

zi
n
g

m
o
le

cu
la

r
si

m
u
la

ti
o
n
s,

th
is

p
ro

b
le

m
is

ci
rc

u
m

v
en

te
d

b
y

fi
rs

t
re

d
u
ci

n
g

th
e

d
im

en
si

o
n
s

o
f

th
e

tw
o

en
se

m
b
le

s
se

p
a
ra

te
ly

,
a
n
d

th
en

co
m

p
a
ri

n
g

su
m

m
a
ry

st
a
ti

st
ic

s
fr

o
m

th
e

tw
o

en
se

m
b
le

s
a
g
a
in

st
ea

ch
o
th

er
.

H
ow

ev
er

,
si

n
ce

d
im

en
si

o
n
a
li
ty

re
d
u
ct

io
n

is
ca

rr
ie

d
o
u
t

p
ri

o
r

to
co

m
p
a
ri

so
n

o
f

en
se

m
b
le

s,
su

ch
st

ra
te

g
ie

s
a
re

su
sc

ep
ti

b
le

to
a
rt

if
a
ct

u
a
l
b
ia

se
s
fr

o
m

in
fo

rm
a
ti

o
n

lo
ss

.
H

er
e

w
e

in
tr

o
d
u
ce

a
m

et
h
o
d

b
a
se

d
o
n

su
p
p
o
rt

v
ec

to
r

m
a
ch

in
es

(S
V

M
)

th
a
t

co
m

p
a
re

s
3
-d

en
se

m
b
le

s
d
ir

ec
tl

y
a
g
a
in

st
o
n
e

a
n
o
th

er
in

th
e

H
il
b
er

t
sp

a
ce

w
it

h
o
u
t

a
p
re

re
q
u
is

it
e

re
d
u
ct

io
n

in
p
h
a
se

sp
a
ce

.
W

h
il
e

th
is

m
et

h
o
d

ca
n

b
e

a
p
p
li
ed

to
a
n
y

m
o
le

cu
la

r
sy

st
em

,
h
er

e
w

e
ex

p
lo

re
it

s
se

n
si

ti
v
it
y

to
w

a
rd

m
o
d
el

sy
st

em
s

co
m

p
ri

se
d

o
f

a
m

in
o

a
ci

d
s.

W
e

a
ls

o
a
p
p
ly

th
e

te
ch

n
iq

u
e

to
id

en
ti

fy
th

e
sp

ec
ifi

c
re

g
io

n
s

o
f
a

p
a
ra

m
y
x
ov

ir
u
s

G
p
ro

te
in

th
a
t

a
re

a
↵
ec

te
d

b
y

th
e

b
in

d
in

g
o
f
it

s
p
re

fe
rr

ed
h
u
m

a
n

re
ce

p
to

r,
E

p
h
ri

n
B

2
.

W
e

fi
n
d

th
a
t
th

e
sp

ec
ifi

c
re

g
io

n
s

id
en

ti
fi
ed

b
y

th
is

m
et

h
o
d

in
cl

u
d
e

th
e

se
t

o
f
a
m

in
o

a
ci

d
s

th
a
t

a
re

k
n
ow

n
fr

o
m

ex
p
er

im
en

ta
l
st

u
d
ie

s
to

p
la

y
a

v
it

a
l

ro
le

in
v
ir

a
l

fu
si

o
n
.

T
h
e

co
n
fi
g
u
ra

ti
o
n
a
l

en
se

m
b
le

s
o
f

th
e

v
ir

a
l

p
ro

te
in

in
b
o
th

it
s

b
o
u
n
d

a
n
d

u
n
b
o
u
n
d

st
a
te

s
w

er
e

g
en

er
a
te

d
u
si

n
g

a
ll
-a

to
m

m
o
le

cu
la

r
d
y
n
a
m

ic
s

si
m

u
la

ti
o
n
s.

IN
T

R
O

D
U

C
T

IO
N

T
h
e

en
se

m
b
le

of
3-

d
co

n
fi
gu

ra
ti

on
s

ex
h
ib

it
ed

b
y

a
m

ol
ec

u
le

,
th

at
is

,
it

s
in

tr
in

si
c

m
ot

io
n
,
is

co
rr

el
at

ed
w

it
h

th
e

p
ro

p
er

ti
es

of
it
s

en
v
ir

on
m

en
t

[1
–1

2]
.

C
h
an

ge
s

in
in

te
n
si

ve
va

ri
ab

le
s,

su
ch

as
te

m
p
er

at
u
re

an
d

p
re

ss
u
re

,
m

o
d
if
y

th
e

in
tr

in
si

c
m

ot
io

n
of

a
m

ol
ec

u
le

.
A

d
d
it

io
n
al

ly
,

m
ol

ec
u
la

r
m

ot
io

n
al

so
ch

an
ge

s
as

a
re

su
lt

of
b
in

d
in

g
w

it
h

ot
h
er

m
ol

ec
u
le

s,
su

ch
as

in
li
ga

n
d
-s

u
b
st

ra
te

co
m

p
le

x
es

or
m

ol
ec

u
la

r
as

se
m

b
li
es

.
M

or
eo

ve
r,

th
e

ex
te

n
t
of

th
e

ch
an

ge
in

m
ol

ec
u
la

r
m

ot
io

n
is

d
ep

en
d
en

t
u
p
on

m
u
lt

ip
le

fa
ct

or
s,

in
cl

u
d
in

g
p
ro

p
er

ti
es

of
th

e
m

ol
ec

u
le

an
d

th
e

n
at

u
re

of
th

e
p
er

tu
rb

at
io

n
or

ex
te

rn
al

p
ot

en
ti

al
.

A
q
u
an

ti
ta

ti
ve

ch
ar

ac
te

ri
za

ti
on

of
su

ch
ch

an
ge

s
in

m
ol

ec
u
la

r
m

ot
io

n
is

im
p
or

ta
n
t
fr

om
b
ot

h
sc

ie
n
ti

fi
c

as
w

el
l
as

en
gi

n
ee

ri
n
g

p
er

-
sp

ec
ti

ve
s

b
ec

au
se

it
p
ro

v
id

es
a

b
as

is
to

as
so

ci
at

e
ch

an
ge

s

in
th

er
m

o
d
y
n
am

ic
p
ro

p
er

ti
es

d
ir

ec
tl

y
w

it
h

co
rr

es
p
on

d
in

g
ch

an
ge

s
in

m
ol

ec
u
la

r
m

ot
io

n
.

D
i�

er
en

ti
at

in
g

b
et

w
ee

n
tw

o
en

se
m

b
le

s
of

m
ol

ec
u
la

r
co

n
fi
gu

ra
ti

on
s

is
,

h
ow

ev
er

,
ch

al
le

n
gi

n
g.

T
h
e

ch
al

le
n
ge

li
es

in
co

m
p
ar

in
g

tw
o

se
ts

of
h
ig

h
-d

im
en

si
on

d
at

a.
F
or

th
e

m
ot

io
n

of
a

n
-p

ar
ti

cl
e

m
ol

ec
u
le

re
p
re

se
n
te

d
b
y

m
-

co
n
fi
gu

ra
ti

on
s,

{a
n
(x

)}
m 1

,
th

e
ta

sk
of

d
i�

er
en

ti
at

in
g

it
fr

om
th

e
m

ol
ec

u
le

’s
re

fe
re

n
ce

st
at

e,
{a

n
(x

0
)}

m 1
,
in

vo
lv

es
co

m
p
ar

in
g

tw
o

3n
-d

im
en

si
on

al
ve

ct
or

sp
ac

es
.

T
ra

d
it

io
n
-

al
ly

,
w

h
en

an
al

y
zi

n
g

m
ol

ec
u
la

r
si

m
u
la

ti
on

s,
th

is
p
ro

b
-

le
m

is
d
ea

lt
w

it
h

b
y

fi
rs

t
re

d
u
ci

n
g

th
e

d
im

en
si

on
s

of
th

e
tw

o
en

se
m

b
le

s
se

p
ar

at
el

y,
an

d
th

en
co

m
p
ar

in
g

th
e

re
su

lt
-

in
g

su
m

m
ar

y
st

at
is

ti
cs

fr
om

th
e

tw
o

en
se

m
b
le

s
ag

ai
n
st

ea
ch

ot
h
er

[1
3]

.
D

im
en

si
on

al
it
y

re
d
u
ct

io
n

is
ca

rr
ie

d
ou

t,
fo

r
ex

am
p
le

,
b
y

av
er

ag
in

g
ov

er
n
-s

p
ac

e
th

at
in

vo
lv

es
p
ar

ti
cl

e-
cl

u
st

er
in

g
or

av
er

ag
in

g
ov

er
m

-s
p
ac

e
th

at
y
ie

ld
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The ensemble of 3-d configurations exhibited by a molecule, that is, its intrinsic motion, can be
altered by numerous environmental factors, such as temperature, and also by the binding of other
molecules. An understanding of ensemble-level di↵erences from a geometric perspective is important
because it provides a basis for relating thermodynamic changes to changes in molecular motion.
The task of di↵erentiating two configurational ensembles is, however, challenging because it requires
comparing two high-dimensional datasets. Traditionally, when analyzing molecular simulations,
this problem is circumvented by first reducing the dimensions of the two ensembles separately,
and then comparing summary statistics from the two ensembles against each other. However,
since dimensionality reduction is carried out prior to comparison of ensembles, such strategies are
susceptible to artifactual biases from information loss. Here we introduce a method based on support
vector machines (SVM) that compares 3-d ensembles directly against one another in the Hilbert
space without a prerequisite reduction in phase space. While this method can be applied to any
molecular system, here we explore its sensitivity toward model systems comprised of amino acids.
We also apply the technique to identify the specific regions of a paramyxovirus G protein that are
a↵ected by the binding of its preferred human receptor, Ephrin B2. We find that the specific regions
identified by this method include the set of amino acids that are known from experimental studies
to play a vital role in viral fusion. The configurational ensembles of the viral protein in both its
bound and unbound states were generated using all-atom molecular dynamics simulations.

INTRODUCTION

The ensemble of 3-d configurations exhibited by a
molecule, that is, its intrinsic motion, is correlated with
the properties of its environment [1–12]. Changes in
intensive variables, such as temperature and pressure,
modify the intrinsic motion of a molecule. Additionally,
molecular motion also changes as a result of binding with
other molecules, such as in ligand-substrate complexes or
molecular assemblies. Moreover, the extent of the change
in molecular motion is dependent upon multiple factors,
including properties of the molecule and the nature of
the perturbation or external potential. A quantitative
characterization of such changes in molecular motion is
important from both scientific as well as engineering per-
spectives because it provides a basis to associate changes

in thermodynamic properties directly with corresponding
changes in molecular motion.

Di↵erentiating between two ensembles of molecular
configurations is, however, challenging. The challenge
lies in comparing two sets of high-dimension data. For
the motion of a n-particle molecule represented by m-
configurations, {an(x)}m

1 , the task of di↵erentiating it
from the molecule’s reference state, {an(x0)}m

1 , involves
comparing two 3n-dimensional vector spaces. Tradition-
ally, when analyzing molecular simulations, this prob-
lem is dealt with by first reducing the dimensions of the
two ensembles separately, and then comparing the result-
ing summary statistics from the two ensembles against
each other [13]. Dimensionality reduction is carried out,
for example, by averaging over n-space that involves
particle-clustering or averaging over m-space that yields
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modify the intrinsic motion of a molecule. Additionally,
molecular motion also changes as a result of binding with
other molecules, such as in ligand-substrate complexes or
molecular assemblies. Moreover, the extent of the change
in molecular motion is dependent upon multiple factors,
including properties of the molecule and the nature of
the perturbation or external potential. A quantitative
characterization of such changes in molecular motion is
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in thermodynamic properties directly with corresponding
changes in molecular motion.

Di↵erentiating between two ensembles of molecular
configurations is, however, challenging. The challenge
lies in comparing two sets of high-dimension data. For
the motion of a n-particle molecule represented by m-
configurations, {an(x)}m

1 , the task of di↵erentiating it
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two ensembles separately, and then comparing the result-
ing summary statistics from the two ensembles against
each other [13]. Dimensionality reduction is carried out,
for example, by averaging over n-space that involves
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Fig. 2. Changes in ion complexation enthalpies (∆H) and free energies (∆G)

due to increase in the number of methyl groups or methylene bridges in the ion-

coordinating ligands. ∆H and ∆G are estimated at 298 K for the substitution

reactions given by Equ. 1, which are denoted as AXn → AX′n. All energies are in

units of kcal/mol.

We find that the stability of an ion complex, measured
in terms of both enthalpy and free energy, increases with
the numbers of methyl groups and methylene bridges in the
coordinating ligand. This enhanced stability cannot be ex-
plained by considering the subtle differences in the gas phase
dipole moments of the coordinating ligands [23], demonstrat-
ing that the enhanced stability is due to the larger ligand
polarizabilities arising from the higher numbers of methyl
groups or methylene bridges. The magnitude of the increase
in stability, however, depends intricately on the interplay be-
tween several factors. While the complex is stabilized less
with each incremental change in hydrocarbon chain length,
the increase in stability is still, for the molecules examined,
large enough to be relevant physiologically. The ∆H and
∆G associated with the substitution reactions also depend

2 www.pnas.org/cgi/doi/10.1073/pnas.0709640104 Footline Author



non–linearly on ion coordination number. This non-linearity
emerges as a consequence of repulsion between the coordinat-
ing ligands [23, 36, 37]. Finally, ∆H and ∆G also depend on
the charge/size ratio of the ion, and once again, we find a non-
linear relationship between the charge/size ratio of the ion and
the magnitude of the thermodynamic change. Doubling the
charge/size ratio of the ion does not necessarily imply that the
stability of the complex also increases by a factor of two, as
may be the case when induced effects are small. For example,
while the ∆G associated with a K+W→ K+M substitution is
-1.9 kcal/mol, the ∆G associated with the Ba2+W → Ba2+M
substitution is -7.9 kcal/mol, which is a 4-fold change instead
of a 2-fold change. This additional non-linear effect also un-
derscores the importance of explicit polarization effects in ion
complexation [23]. In a separate set of calculations, we find
that while polarizable force fields can describe such trends,
there can be notable quantitative differences with respect to
PBE0+vdW (Figure S1 of supporting information).

In the calculations above, the small molecules have similar
gas phase dipole moments, but markedly different polarizabil-
ities. A ligand with a higher polarizability produces, in gen-
eral, a more stable ion complex. Can ligands with similar gas
phase dipole moments as well as static dipole polarizabilities
produce complexes with markedly different stabilities? Bu-
tanol has three different isomers, n-butanol (B), isobutanol
(iB) and 2-butanol (2B). While these isomers have compara-
ble gas phase dipole moments (∼1.7 Debye) and polarizabili-
ties (∼8.9 Å3)[3], the differences in their chemical structures
will result in different distributions of methyl groups and/or
methylene bridges around the ion. Consequently, despite their
similar polarizabilities, they will respond to the spatially vary-
ing field differently. It may also be expected that ion com-
plexes comprised of isobutanol or 2-butanol, each of which
carry one additional methyl group compared to n-butanol in
their branched hydrocarbon chains, will have a denser packing
of methyl groups near the central ion and, therefore, higher
stabilities compared to n-butanol.

To quantify this, we carry out substitution reactions
(Equ. 1) involving these three butanol isomers. The results
are plotted in Fig. 3. Indeed, we find that the isobutanol
and 2-butanol complexes are, in general, more stable than
the corresponding n-butanol complexes. Similar to the study
above, ∆H depends non–linearly on ion coordination num-
ber; a non–linearity that emerges from ligand-ligand repulsion
[23, 36, 37], which increases with ligand number. Therefore,
packing increasingly higher numbers of methyl groups around
the ion does not necessarily imply that the stability of the
ion complex will increase. For example, while ∆H = −3.0
kcal/mol for the substitution reaction KB2 → K(2B)2, ∆H ∼
0 for the substitution reaction KB4 → K(2B)4. In addition,
despite the fact that one of the two terminal methyl groups
of 2-butanol is closer to the ion than that of isobutanol, com-
plexes comprised of 2-butanols are not necessarily more sta-
ble than the corresponding complexes of isobutanols. Thus,
in addition to the static dipole polarizabilities of the methyl
groups, their distribution around the ion also matter.

We note that the distances of the ions from the closest
methyl groups of 2-butanol (∼5 Å) are comparable to the
distances of ions from the branched methyl group of threo-
nine in the S4 site of KcsA [7, 11]. In addition, the packing
of the branched methyl group of threonine in the S4 site of
KcsA is intermediate between the packing of branched methyl
groups in 4-fold complexes comprised of 2-butanols and isobu-
tanols (Figure S2 of supporting information). This suggests
that the reduction in methyl–induced polarization from T→S
substitutions can reduce ion stabilities in the S4 sites of K–

channels. However, in the S4 sites of K–channels the ions
coordinate with eight ligands, and not just four hydroxyl lig-
ands as studied above. Consequently, the repulsion between
the coordinating ligands can be larger in the S4 site, which
could reduce or wash out the contribution of the threonine
methyl groups to the binding of ions at the S4 site. Further-
more, a T→S substitution may also alter the manner in which
the coordinating groups of the S4 site interact with ions.

ion-coordination number. This non-linearity emerges as a
consequence of repulsion between the coordinating ligands
[23, 36, 37]. Finally, �H and �G, also depend on the
charge/size ratio of the ion, and once again, we find a non-
linear relationship between the charge/size ratio of the ion and
the magnitude of the thermodynamic change. Doubling the
charge/size ratio of the ion does not necessarily imply that the
stability of the complex also increases by a factor of two, as
may be the case when induced e↵ects are small. For example,
while the �G associated with a K+W ! K+M substitution is
-1.9 kcal/mol, the �G associated with the Ba2+W ! Ba2+M
substitution is -7.9 kcal/mol, which is a 4-fold change instead
of a 2-fold change. This additional non-linear e↵ect also un-
derscores the importance of explicit polarization e↵ects in ion
complexation [23].

In the calculations above, the small molecules have similar
gas phase dipole moments, but markedly di↵erent polarizabil-
ities, and a ligand with a higher polarizability produces, in
general, a more stable ion complex. Can ligands with simi-
lar gas phase dipole moments as well as static dipole polariz-
abilties produce complexes with markedly di↵erent stabilities?
Butanol has three di↵erent isomers, n-butanol (B), isobutanol
(iB) and 2-butanol (2B). While these isomers have compara-
ble gas phase dipole moments (⇠1.7 Debye) and polarizabili-
ties (⇠8.9 Å3)[3], the di↵erences in their chemical structures
will result in di↵erent distributions of methyl groups and/or
methylene bridges around the ion. Consequently, despite hav-
ing similar polarizabilities, they will respond to the distance–
dependent field of the ion di↵erently, and the closer proxim-
ity of methyl groups in isobutanol and 2-butanol to the ion,
compared to n-butanol, can be expected to increase the sta-
bility of the complex. To quantify this e↵ect we carry out
substitution reactions (Equ. 1) involving these three butanol
isomers. The results are plotted in Fig. 3. Indeed, we find
that the isobutanol and 2-butanol complexes are more stable
than the corresponding n-butanol complexes. Furthermore,
complexes comprising of 2-butanols are more stable than the
corresponding complexes comprising of isobutanols, as one of
the two terminal methyl groups of 2-butanol is closer to the
ion than that of isobutanol. Thus, in addition to the static
dipole polarizabilities of the methyl groups, the distribution
of methyl groups around the ion also plays a role in ion com-
plex stability. We also note that the distances of the ions from
the closest methyl groups of 2-butanol (⇠5 Å) are compara-
ble to the distances of ions from the branched methyl group
of threonine in the S4 site of KcsA [7, 11]. This suggests fur-
ther that the reduction in methyl–induced polarization due to
T!S substitutions in the S4 sites of K–channels can reduce
the binding a�nities of all three ions significantly.

ABn ! A(iB)n

Fig. 3. E↵ect of butanol isoform on ion complexation enthalpies (�H). The

enthalpies are estimated at 298 K for the substitution reactions given by Equ. 1,

which are denoted as AXn ! AX0
n. All energies are in units of kcal/mol.

In the S4 sites of K–channels the ions coordinate with
eight ligands, and not just four hydroxyl ligands as studied
above. Consequently, the repulsion between the coordinating
ligands will be larger in the S4 site, which could reduce or
wash out the contribution of the threonine methyl groups to
the binding of ions at the S4 site. Furthermore, a T!S sub-
stitution may also alter the manner in which the coordinating
groups of the S4 site interact with ions.

To resolve these issues and understand how the threonine
methyl groups contribute to K–channel function, we consider
an isolated S4 site composed of threonine residues. In this
representative model, we substitute, in unit increments, the
threonines with serines, that is,

AT4 + nS ⌦ AT4�nSn + nT, [2]

and estimate the changes in free energy in the gas phase (Ta-
ble 1). We find that the repulsion between the eight coordi-
nating groups is not large enough to counteract the stabiliza-
tion provided by the presence of methyl groups. The a�nity
of the S4 site for all three ions, Na+, K+ and Ba2+, dimin-
ishes, although non-linearly, with each threonine substitution.
Furthermore, these substitutions result in only minor config-
urational changes that do not alter the overall topology of
the S4 site (Table S2 of supporting information), which im-
plies that the e↵ect of T!S substitutions on configurational
entropy will be minimal, and may be neglected. While we
find that the configurational change is generally higher in the
case of Ba2+ complexes as compared to Na+ and K+ com-
plexes, we also note that optimizations of Ba2+ complexes
following T!S substitutions, but under heavy atom position
restraints, result in a higher drop in S4 site a�nity. For ex-
ample, a BaT4 ! BaS4 substitution followed by a constrained
optimization yields a �E = XX kcal/mol, as opposed to a �E
= XX kcal/mol obtained after an unconstrained optimization.
This indicates that if the K–channel matrix were rigid to dis-
allow a structural change, a T!S substitution will result in
a higher loss in S4 site a�nity for Ba2+, as compared to the
results in Table 1. Together, this suggests that the loss in
a�nity of the S4 site noted in Table 1 is not a result of altered
ion–binding topologies, but is primarily due to a reduction in
the methyl–induced polarization of the S4 site.

When all four threonines are replaced by serines, the es-
timated drop in the a�nity of the S4 site is the highest for
Ba2+ (Table 1). The free energy di↵erence of 6.9 kcal/mol is
equivalent to a 106-fold drop in binding a�nity, where more
than half of the a�nity drop is due to a loss in dispersion
energy (Table S3 of supporting information). The net drop in
Ba2+ binding a�nity accounts for the change in half maximal
inhibitory concentrations (IC50) of Ba2+ seen in T!S substi-
tution experiments [16]. In addition, it also accounts for the
di↵erence between the Kir 2.4 and Kir 2.1 experimental IC50

values of Ba2+ [20, 21], as Kir 2.4 carries a serine and Kir 2.1
a threonine in the S4 site.

The computed drop in stability is, however, greater than
that inferred from experiments (by over 3 kcal/mol). This dis-
crepancy does not result from the pairwise approximation [31]
employed in the estimation of the dispersion energy. While
many-body dispersion terms can contribute significantly to
ligand binding [38], we find their contribution to be only
0.3 kcal/mol to the BaT4 ! BaS4 substitution reaction (Ta-
ble S4 of supporting information). We also do not expect
this discrepancy to be due to the missing structural restraints
from the protein matrix on the isolated S4 site, as the T!S
substitutions are accompanied by only minor configurational
changes (Table S2 of supporting information). The overesti-
mated drop in Ba2+ binding a�nity is most likely because our
calculations lack a polarization coupling between the S4 site
and its external environment. Fig. 4 shows that the polar-
ization in the electron density of the threonine methyl groups
is along the electric field of the Ba2+ ion, which maximizes
the contribution of methyl polarization to Ba2+ binding. The
presence of other polar chemical moieties proximal to the S4
site, including water molecules, can reduce the contribution
of polarization and thereby the overall e↵ect of T!S substi-
tutions on Ba2+ binding. Thermodynamically, this reduction

Footline Author PNAS Issue Date Volume Issue Number 3

trons - ALEX/MARIANA - PLEASE ELABORATE...We em-
ploy the recently developed...We use density-functional theory
within the PBE [18] and PBE0 [19, 20] approximations for the
exchange-correlation potential. In addition, we employ a re-
cently developed van der Waals (vdW) correction scheme [21]
based on a summation of pairwise C6[n]/R6 terms, where the
C6 coe�cients are based on the self-consistent electronic den-
sity. This approach allows us to treat accurately the energetics
and e↵ects of polarization in our systems.

We find that a T!S substitution is accompanied with only
minor structural changes. In addition, we find that the reduc-
tion in polarizability of S4 associated with a T!S substitu-
tion is su�cient to explain experimental observations.These
studies provide, in general, a vivid example of how peptide
function is influenced by the polarizability of methyl groups,
especially those that are proximal to charged moieties, includ-
ing ions, titratable side-acids and phosphates.

Results and Discussion
To understand how T!S substitutions in the S4 site a↵ect K–
channel function, we examine first the general consequences
of methyl polarizability on the thermodynamics of ion bind-
ing. We estimate the gas phase enthalpies and free energies
of Na+, K+ and Ba2+ ion binding to four di↵erent molecules,
namely water, methanol, ethanol and propanol. While all
these molecules provide hydroxyl ligands for ion-coordination,
they di↵er from each other in the number of methyl groups
they carry. Consequently they have di↵erent static average
ground-state dipole polarizabilities of 1.5, 3.3, 5.4 and 6.7 Å3,
respectively [15]. The results of these calculations are plotted
in Fig. 2. We find that while the addition of methyl groups
enhance the stability of the complex, the e↵ect decreases with
each incremental addition. In addition, multibody e↵ects are
the e↵ect of coordination number is non-trivial.

Table 2. distance between methyl and K ion in the s4 site
is about 5 Å
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The ensemble of 3-d configurations exhibited by a molecule, that is, its intrinsic motion, can be
altered by numerous environmental factors, such as temperature, and also by the binding of other
molecules. An understanding of ensemble-level di↵erences from a geometric perspective is important
because it provides a basis for relating thermodynamic changes to changes in molecular motion.
The task of di↵erentiating two configurational ensembles is, however, challenging because it requires
comparing two high-dimensional datasets. Traditionally, when analyzing molecular simulations,
this problem is circumvented by first reducing the dimensions of the two ensembles separately,
and then comparing summary statistics from the two ensembles against each other. However,
since dimensionality reduction is carried out prior to comparison of ensembles, such strategies are
susceptible to artifactual biases from information loss. Here we introduce a method based on support
vector machines (SVM) that compares 3-d ensembles directly against one another in the Hilbert
space without a prerequisite reduction in phase space. While this method can be applied to any
molecular system, here we explore its sensitivity toward model systems comprised of amino acids.
We also apply the technique to identify the specific regions of a paramyxovirus G protein that are
a↵ected by the binding of its preferred human receptor, Ephrin B2. We find that the specific regions
identified by this method include the set of amino acids that are known from experimental studies
to play a vital role in viral fusion. The configurational ensembles of the viral protein in both its
bound and unbound states were generated using all-atom molecular dynamics simulations.

INTRODUCTION

The ensemble of 3-d configurations exhibited by a
molecule, that is, its intrinsic motion, is correlated with
the properties of its environment [1–12]. Changes in
intensive variables, such as temperature and pressure,
modify the intrinsic motion of a molecule. Additionally,
molecular motion also changes as a result of binding with
other molecules, such as in ligand-substrate complexes or
molecular assemblies. Moreover, the extent of the change
in molecular motion is dependent upon multiple factors,
including properties of the molecule and the nature of
the perturbation or external potential. A quantitative
characterization of such changes in molecular motion is
important from both scientific as well as engineering per-
spectives because it provides a basis to associate changes

in thermodynamic properties directly with corresponding
changes in molecular motion.

Di�erentiating between two ensembles of molecular
configurations is, however, challenging. The challenge
lies in comparing two sets of high-dimension data. For
the motion of a n-particle molecule represented by m-
configurations, {an(x)}m

1 , the task of di�erentiating it
from the molecule’s reference state, {an(x0)}m

1 , involves
comparing two 3n-dimensional vector spaces. Tradition-
ally, when analyzing molecular simulations, this prob-
lem is dealt with by first reducing the dimensions of the
two ensembles separately, and then comparing the result-
ing summary statistics from the two ensembles against
each other [13]. Dimensionality reduction is carried out,
for example, by averaging over n-space that involves
particle-clustering or averaging over m-space that yields
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Fig. 2. Changes in ion complexation enthalpies (��H) and free energies

(��G) due to methyl groups. �H and �G were estimated separately for re-

actions A + nX ⌦ AXn in which A is an ion, Na+, K+ or Ba2+, and X is

a ligand molecule, water (W ), methanol (M ), ethanol (E ) or propanol (P). The

reactions were then combined to obtain ��H and ��G. All values are reported

in kcal/mol.

Fig. 3. E↵ect of T!S substitution on electron densities. Di↵erences between the

electronic densities of (BaT++
4 � 4CH3)� (BaS++

4 � 4H), calculated with

PBE0+vdW, are shown. The geometry used was that of the fully relaxed (PBE+vdW)

BaT++
4 complex. To build BaS++

4 the CH3 groups of T were substituted by

H atoms and only these were relaxed. The di↵erence in electron density shown thus

corresponds to the e↵ect of polarization on the electronic densities caused by the

addition of methyl groups.

Materials and Methods

All geometric relaxations were performed with the all-electron, localized basis

(numeric atom-centered orbitals) program package FHI-aims [22, 23], where we em-

2 www.pnas.org/cgi/doi/10.1073/pnas.0709640104 Footline Author

d
ro

x
y
l
g
ro

u
p
s
a
li
g
n

w
it

h
th

e
p
er

m
ea

ti
o
n

p
a
th

w
ay

a
n
d

in
te

ra
ct

w
it

h
io

n
s?

In
th

is
w

o
rk

,
w

e
in

v
es

ti
g
a
te

th
es

e
is

su
es

u
si

n
g

q
u
a
n
tu

m
ch

em
ic

a
l
ca

lc
u
la

ti
o
n
s.

T
h
e

p
ri

m
a
ry

ch
a
ll
en

g
e

a
ss

o
ci

a
te

d
w

it
h

st
u
d
y
in

g
m

et
h
y
l

g
ro

u
p
s

u
si

n
g

q
u
a
n
tu

m
ch

em
is

tr
y

is
th

a
t

o
n
e

n
ee

d
s

to
a
cc

o
u
n
t

fo
r

th
e

co
n
tr

ib
u
ti

o
n

fr
o
m

d
is

p
er

si
o
n
,

a
n
d

in
th

is
ca

se
,

fo
r

sy
st

em
s

co
n
ta

in
in

g
th

o
u
sa

n
d
s

o
f

el
ec

-
tr

o
n
s
-
A

L
E

X
/
M

A
R

IA
N

A
-
P

L
E

A
S
E

E
L
A

B
O

R
A

T
E

..
.W

e
em

-
p
lo

y
th

e
re

ce
n
tl

y
d
ev

el
o
p
ed

..
.W

e
u
se

d
en

si
ty

-f
u
n
ct

io
n
a
l
th

eo
ry

w
it

h
in

th
e

P
B

E
[2

0
]
a
n
d

P
B

E
0

[2
1
,
2
2
]
a
p
p
ro

x
im

a
ti

o
n
s
fo

r
th

e
ex

ch
a
n
g
e-

co
rr

el
a
ti

o
n

p
o
te

n
ti

a
l.

In
a
d
d
it

io
n
,

w
e

em
p
lo

y
a

re
-

ce
n
tl

y
d
ev

el
o
p
ed

va
n

d
er

W
a
a
ls

(v
d
W

)
co

rr
ec

ti
o
n

sc
h
em

e
[2

3
]

b
a
se

d
o
n

a
su

m
m

a
ti

o
n

o
f
p
a
ir

w
is

e
C

6
[n

]/
R

6
te

rm
s,

w
h
er

e
th

e
C

6
co

e�
ci

en
ts

a
re

b
a
se

d
o
n

th
e

se
lf
-c

o
n
si

st
en

t
el

ec
tr

o
n
ic

d
en

-
si

ty
.

T
h
is

a
p
p
ro

a
ch

a
ll
ow

s
u
s
to

tr
ea

t
a
cc

u
ra

te
ly

th
e

en
er

g
et

ic
s

a
n
d

e↵
ec

ts
o
f
p
o
la

ri
za

ti
o
n

in
o
u
r

sy
st

em
s.

W
e

fi
n
d

th
a
t
a

T
!

S
su

b
st

it
u
ti

o
n

is
a
cc

o
m

p
a
n
ie

d
w

it
h

o
n
ly

m
in

o
r

st
ru

ct
u
ra

l
ch

a
n
g
es

.
In

a
d
d
it

io
n
,
w

e
fi
n
d

th
a
t

th
e

re
d
u
c-

ti
o
n

in
p
o
la

ri
za

b
il
it
y

o
f

S
4

a
ss

o
ci

a
te

d
w

it
h

a
T
!

S
su

b
st

it
u
-

ti
o
n

is
su
�

ci
en

t
to

ex
p
la

in
ex

p
er

im
en

ta
l

o
b
se

rv
a
ti

o
n
s.

T
h
es

e
st

u
d
ie

s
p
ro

v
id

e,
in

g
en

er
a
l,

a
v
iv

id
ex

a
m

p
le

o
f

h
ow

p
ep

ti
d
e

fu
n
ct

io
n

is
in

fl
u
en

ce
d

b
y

th
e

p
o
la

ri
za

b
il
it
y

o
f

m
et

h
y
l
g
ro

u
p
s,

es
p
ec

ia
ll
y

th
o
se

th
a
t
a
re

p
ro

x
im

a
l
to

ch
a
rg

ed
m

o
ie

ti
es

,
in

cl
u
d
-

in
g

io
n
s,

ti
tr

a
ta

b
le

si
d
e-

a
ci

d
s

a
n
d

p
h
o
sp

h
a
te

s.

R
e
su

lt
s

a
n
d

D
is
cu

ss
io

n
T
o

u
n
d
er

st
a
n
d

h
ow

T
!

S
su

b
st

it
u
ti

o
n
s
in

th
e

S
4

si
te

a
↵
ec

t
K

–
ch

a
n
n
el

fu
n
ct

io
n
,

w
e

ex
a
m

in
e

fi
rs

t
th

e
g
en

er
a
l

co
n
se

q
u
en

ce
s

o
f

m
et

h
y
l
p
o
la

ri
za

b
il
it
y

o
n

th
e

th
er

m
o
d
y
n
a
m

ic
s

o
f

io
n

b
in

d
-

in
g
.

W
e

es
ti

m
a
te

th
e

g
a
s

p
h
a
se

en
th

a
lp

ie
s

a
n
d

fr
ee

en
er

g
ie

s
o
f
N

a
+
,
K

+
a
n
d

B
a
2
+

io
n

b
in

d
in

g
to

fo
u
r

d
i↵

er
en

t
m

o
le

cu
le

s,
n
a
m

el
y

w
a
te

r
(W

),
m

et
h
a
n
o
l
(M

),
et

h
a
n
o
l
(E

)
a
n
d

p
ro

p
a
n
o
l

(P
).

W
h
il
e

a
ll

th
es

e
m

o
le

cu
le

s
p
ro

v
id

e
h
y
d
ro

x
y
l

li
g
a
n
d
s

fo
r

io
n
-c

o
o
rd

in
a
ti

o
n
,

th
ey

d
i↵

er
fr

o
m

ea
ch

o
th

er
in

th
e

n
u
m

b
er

o
f

m
et

h
y
l
g
ro

u
p
s

th
ey

ca
rr

y.
C

o
n
se

q
u
en

tl
y

th
ey

h
av

e
d
i↵

er
-

en
t

st
a
ti

c
av

er
a
g
e

g
ro

u
n
d
-s

ta
te

d
ip

o
le

p
o
la

ri
za

b
il
it

ie
s

o
f

1
.5

,
3
.3

,
5
.4

a
n
d

6
.7

Å
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trons-ALEX/MARIANA-PLEASEELABORATE...Weem-
ploytherecentlydeveloped...Weusedensity-functionaltheory
withinthePBE[18]andPBE0[19,20]approximationsforthe
exchange-correlationpotential.Inaddition,weemployare-
centlydevelopedvanderWaals(vdW)correctionscheme[21]
basedonasummationofpairwiseC6[n]/R

6
terms,wherethe

C6coe�cientsarebasedontheself-consistentelectronicden-
sity.Thisapproachallowsustotreataccuratelytheenergetics
ande↵ectsofpolarizationinoursystems.

WefindthataT!Ssubstitutionisaccompaniedwithonly
minorstructuralchanges.Inaddition,wefindthatthereduc-
tioninpolarizabilityofS4associatedwithaT!Ssubstitu-
tionissu�cienttoexplainexperimentalobservations.These
studiesprovide,ingeneral,avividexampleofhowpeptide
functionisinfluencedbythepolarizabilityofmethylgroups,
especiallythosethatareproximaltochargedmoieties,includ-
ingions,titratableside-acidsandphosphates.

ResultsandDiscussion
TounderstandhowT!SsubstitutionsintheS4sitea↵ectK–
channelfunction,weexaminefirstthegeneralconsequences
ofmethylpolarizabilityonthethermodynamicsofionbind-
ing.Weestimatethegasphaseenthalpiesandfreeenergies
ofNa

+
,K

+
andBa

2+
ionbindingtofourdi↵erentmolecules,

namelywater,methanol,ethanolandpropanol.Whileall
thesemoleculesprovidehydroxylligandsforion-coordination,
theydi↵erfromeachotherinthenumberofmethylgroups
theycarry.Consequentlytheyhavedi↵erentstaticaverage
ground-statedipolepolarizabilitiesof1.5,3.3,5.4and6.7Å

3
,

respectively[15].Theresultsofthesecalculationsareplotted
inFig.2.Wefindthatwhiletheadditionofmethylgroups
enhancethestabilityofthecomplex,thee↵ectdecreaseswith
eachincrementaladdition.Inaddition,multibodye↵ectsare
thee↵ectofcoordinationnumberisnon-trivial.

Table2.distancebetweenmethylandKioninthes4site
isabout5Å
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Theensembleof3-dconfigurationsexhibitedbyamolecule,thatis,itsintrinsicmotion,canbe
alteredbynumerousenvironmentalfactors,suchastemperature,andalsobythebindingofother
molecules.Anunderstandingofensemble-leveldi↵erencesfromageometricperspectiveisimportant
becauseitprovidesabasisforrelatingthermodynamicchangestochangesinmolecularmotion.
Thetaskofdi↵erentiatingtwoconfigurationalensemblesis,however,challengingbecauseitrequires
comparingtwohigh-dimensionaldatasets.Traditionally,whenanalyzingmolecularsimulations,
thisproblemiscircumventedbyfirstreducingthedimensionsofthetwoensemblesseparately,
andthencomparingsummarystatisticsfromthetwoensemblesagainsteachother.However,
sincedimensionalityreductioniscarriedoutpriortocomparisonofensembles,suchstrategiesare
susceptibletoartifactualbiasesfrominformationloss.Hereweintroduceamethodbasedonsupport
vectormachines(SVM)thatcompares3-densemblesdirectlyagainstoneanotherintheHilbert
spacewithoutaprerequisitereductioninphasespace.Whilethismethodcanbeappliedtoany
molecularsystem,hereweexploreitssensitivitytowardmodelsystemscomprisedofaminoacids.
WealsoapplythetechniquetoidentifythespecificregionsofaparamyxovirusGproteinthatare
a↵ectedbythebindingofitspreferredhumanreceptor,EphrinB2.Wefindthatthespecificregions
identifiedbythismethodincludethesetofaminoacidsthatareknownfromexperimentalstudies
toplayavitalroleinviralfusion.Theconfigurationalensemblesoftheviralproteininbothits
boundandunboundstatesweregeneratedusingall-atommoleculardynamicssimulations.

INTRODUCTION

Theensembleof3-dconfigurationsexhibitedbya
molecule,thatis,itsintrinsicmotion,iscorrelatedwith
thepropertiesofitsenvironment[1–12].Changesin
intensivevariables,suchastemperatureandpressure,
modifytheintrinsicmotionofamolecule.Additionally,
molecularmotionalsochangesasaresultofbindingwith
othermolecules,suchasinligand-substratecomplexesor
molecularassemblies.Moreover,theextentofthechange
inmolecularmotionisdependentuponmultiplefactors,
includingpropertiesofthemoleculeandthenatureof
theperturbationorexternalpotential.Aquantitative
characterizationofsuchchangesinmolecularmotionis
importantfrombothscientificaswellasengineeringper-
spectivesbecauseitprovidesabasistoassociatechanges

inthermodynamicpropertiesdirectlywithcorresponding
changesinmolecularmotion.

Di�erentiatingbetweentwoensemblesofmolecular
configurationsis,however,challenging.Thechallenge
liesincomparingtwosetsofhigh-dimensiondata.For
themotionofan-particlemoleculerepresentedbym-
configurations,{an(x)}

m
1,thetaskofdi�erentiatingit

fromthemolecule’sreferencestate,{an(x0)}
m
1,involves

comparingtwo3n-dimensionalvectorspaces.Tradition-
ally,whenanalyzingmolecularsimulations,thisprob-
lemisdealtwithbyfirstreducingthedimensionsofthe
twoensemblesseparately,andthencomparingtheresult-
ingsummarystatisticsfromthetwoensemblesagainst
eachother[13].Dimensionalityreductioniscarriedout,
forexample,byaveragingovern-spacethatinvolves
particle-clusteringoraveragingoverm-spacethatyields
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Fig.2.Changesinioncomplexationenthalpies(��H)andfreeenergies

(��G)duetomethylgroups.�Hand�Gwereestimatedseparatelyforre-

actionsA+nX⌦AXninwhichAisanion,Na+,K+orBa2+,andXis

aligandmolecule,water(W),methanol(M),ethanol(E)orpropanol(P).The

reactionswerethencombinedtoobtain��Hand��G.Allvaluesarereported

inkcal/mol.

Fig.3.E↵ectofT!Ssubstitutiononelectrondensities.Di↵erencesbetweenthe

electronicdensitiesof(BaT
++
4�4CH3)�(BaS

++
4�4H),calculatedwith

PBE0+vdW,areshown.Thegeometryusedwasthatofthefullyrelaxed(PBE+vdW)

BaT
++
4complex.TobuildBaS

++
4theCH3groupsofTweresubstitutedby

Hatomsandonlythesewererelaxed.Thedi↵erenceinelectrondensityshownthus

correspondstothee↵ectofpolarizationontheelectronicdensitiescausedbythe

additionofmethylgroups.

MaterialsandMethods

Allgeometricrelaxationswereperformedwiththeall-electron,localizedbasis

(numericatom-centeredorbitals)programpackageFHI-aims[22,23],whereweem-
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ch

a
n
g
es

to
ch

a
n
g
es

in
m

o
le

cu
la

r
m

o
ti

o
n
.

T
h
e

ta
sk

o
f
d
i↵

er
en

ti
a
ti

n
g

tw
o

co
n
fi
g
u
ra

ti
o
n
a
l
en

se
m

b
le

s
is

,
h
ow

ev
er

,
ch

a
ll
en

g
in

g
b
ec

a
u
se

it
re

q
u
ir

es
co

m
p
a
ri

n
g

tw
o

h
ig

h
-d

im
en

si
o
n
a
l

d
a
ta

se
ts

.
T
ra

d
it

io
n
a
ll
y,

w
h
en

a
n
a
ly

zi
n
g

m
o
le

cu
la

r
si

m
u
la

ti
o
n
s,

th
is

p
ro

b
le

m
is

ci
rc

u
m

v
en

te
d

b
y

fi
rs

t
re

d
u
ci

n
g

th
e

d
im

en
si

o
n
s

o
f

th
e

tw
o

en
se

m
b
le

s
se

p
a
ra

te
ly

,
a
n
d

th
en

co
m

p
a
ri

n
g

su
m

m
a
ry

st
a
ti

st
ic

s
fr

o
m

th
e

tw
o

en
se

m
b
le

s
a
g
a
in

st
ea

ch
o
th

er
.

H
ow

ev
er

,
si

n
ce

d
im

en
si

o
n
a
li
ty

re
d
u
ct

io
n

is
ca

rr
ie

d
o
u
t

p
ri

o
r

to
co

m
p
a
ri

so
n

o
f

en
se

m
b
le

s,
su

ch
st

ra
te

g
ie

s
a
re

su
sc

ep
ti

b
le

to
a
rt

if
a
ct

u
a
l
b
ia

se
s
fr

o
m

in
fo

rm
a
ti

o
n

lo
ss

.
H

er
e

w
e

in
tr

o
d
u
ce

a
m

et
h
o
d

b
a
se

d
o
n

su
p
p
o
rt

v
ec

to
r

m
a
ch

in
es

(S
V

M
)

th
a
t

co
m

p
a
re

s
3
-d

en
se

m
b
le

s
d
ir

ec
tl

y
a
g
a
in

st
o
n
e

a
n
o
th

er
in

th
e

H
il
b
er

t
sp

a
ce

w
it

h
o
u
t

a
p
re

re
q
u
is

it
e

re
d
u
ct

io
n

in
p
h
a
se

sp
a
ce

.
W

h
il
e

th
is

m
et

h
o
d

ca
n

b
e

a
p
p
li
ed

to
a
n
y

m
o
le

cu
la

r
sy

st
em

,
h
er

e
w

e
ex

p
lo

re
it

s
se

n
si

ti
v
it
y

to
w

a
rd

m
o
d
el

sy
st

em
s

co
m

p
ri

se
d

o
f

a
m

in
o

a
ci

d
s.

W
e

a
ls

o
a
p
p
ly

th
e

te
ch

n
iq

u
e

to
id

en
ti

fy
th

e
sp

ec
ifi

c
re

g
io

n
s

o
f
a

p
a
ra

m
y
x
ov

ir
u
s

G
p
ro

te
in

th
a
t

a
re

a
↵
ec

te
d

b
y

th
e

b
in

d
in

g
o
f
it

s
p
re

fe
rr

ed
h
u
m

a
n

re
ce

p
to

r,
E

p
h
ri

n
B

2
.

W
e

fi
n
d

th
a
t
th

e
sp

ec
ifi

c
re

g
io

n
s

id
en

ti
fi
ed

b
y

th
is

m
et

h
o
d

in
cl

u
d
e

th
e

se
t

o
f
a
m

in
o

a
ci

d
s

th
a
t

a
re

k
n
ow

n
fr

o
m

ex
p
er

im
en

ta
l
st

u
d
ie

s
to

p
la

y
a

v
it

a
l

ro
le

in
v
ir

a
l

fu
si

o
n
.

T
h
e

co
n
fi
g
u
ra

ti
o
n
a
l

en
se

m
b
le

s
o
f

th
e

v
ir

a
l

p
ro

te
in

in
b
o
th

it
s

b
o
u
n
d

a
n
d

u
n
b
o
u
n
d

st
a
te

s
w

er
e

g
en

er
a
te

d
u
si

n
g

a
ll
-a

to
m

m
o
le

cu
la

r
d
y
n
a
m

ic
s

si
m

u
la

ti
o
n
s.

IN
T

R
O

D
U

C
T

IO
N

T
h
e

en
se

m
b
le

of
3-

d
co

n
fi
gu

ra
ti

on
s

ex
h
ib

it
ed

b
y

a
m

ol
ec

u
le

,
th

at
is

,
it

s
in

tr
in

si
c

m
ot

io
n
,
is

co
rr

el
at

ed
w

it
h

th
e

p
ro

p
er

ti
es

of
it
s

en
v
ir

on
m

en
t

[1
–1

2]
.

C
h
an

ge
s

in
in

te
n
si

ve
va

ri
ab

le
s,

su
ch

as
te

m
p
er

at
u
re

an
d

p
re

ss
u
re

,
m

o
d
if
y

th
e

in
tr

in
si

c
m

ot
io

n
of

a
m

ol
ec

u
le

.
A

d
d
it

io
n
al

ly
,

m
ol

ec
u
la

r
m

ot
io

n
al

so
ch

an
ge

s
as

a
re

su
lt

of
b
in

d
in

g
w

it
h

ot
h
er

m
ol

ec
u
le

s,
su

ch
as

in
li
ga

n
d
-s

u
b
st

ra
te

co
m

p
le

x
es

or
m

ol
ec

u
la

r
as

se
m

b
li
es

.
M

or
eo

ve
r,

th
e

ex
te

n
t
of

th
e

ch
an

ge
in

m
ol

ec
u
la

r
m

ot
io

n
is

d
ep

en
d
en

t
u
p
on

m
u
lt

ip
le

fa
ct

or
s,

in
cl

u
d
in

g
p
ro

p
er

ti
es

of
th

e
m

ol
ec

u
le

an
d

th
e

n
at

u
re

of
th

e
p
er

tu
rb

at
io

n
or

ex
te

rn
al

p
ot

en
ti

al
.

A
q
u
an

ti
ta

ti
ve

ch
ar

ac
te

ri
za

ti
on

of
su

ch
ch

an
ge

s
in

m
ol

ec
u
la

r
m

ot
io

n
is

im
p
or

ta
n
t
fr

om
b
ot

h
sc

ie
n
ti

fi
c

as
w

el
l
as

en
gi

n
ee

ri
n
g

p
er

-
sp

ec
ti

ve
s

b
ec

au
se

it
p
ro

v
id

es
a

b
as

is
to

as
so

ci
at

e
ch

an
ge

s

in
th

er
m

o
d
y
n
am

ic
p
ro

p
er

ti
es

d
ir

ec
tl

y
w

it
h

co
rr

es
p
on

d
in

g
ch

an
ge

s
in

m
ol

ec
u
la

r
m

ot
io

n
.

D
i�

er
en

ti
at

in
g

b
et

w
ee

n
tw

o
en

se
m

b
le

s
of

m
ol

ec
u
la

r
co

n
fi
gu

ra
ti

on
s

is
,

h
ow

ev
er

,
ch

al
le

n
gi

n
g.

T
h
e

ch
al

le
n
ge

li
es

in
co

m
p
ar

in
g

tw
o

se
ts

of
h
ig

h
-d

im
en

si
on

d
at

a.
F
or

th
e

m
ot

io
n

of
a

n
-p

ar
ti

cl
e

m
ol

ec
u
le

re
p
re

se
n
te

d
b
y

m
-

co
n
fi
gu

ra
ti

on
s,

{a
n
(x

)}
m 1

,
th

e
ta

sk
of

d
i�

er
en

ti
at

in
g

it
fr

om
th

e
m

ol
ec

u
le

’s
re

fe
re

n
ce

st
at

e,
{a

n
(x

0
)}

m 1
,
in

vo
lv

es
co

m
p
ar

in
g

tw
o

3n
-d

im
en

si
on

al
ve

ct
or

sp
ac

es
.

T
ra

d
it

io
n
-

al
ly

,
w

h
en

an
al

y
zi

n
g

m
ol

ec
u
la

r
si

m
u
la

ti
on

s,
th

is
p
ro

b
-

le
m

is
d
ea

lt
w

it
h

b
y

fi
rs

t
re

d
u
ci

n
g

th
e

d
im

en
si

on
s

of
th

e
tw

o
en

se
m

b
le

s
se

p
ar

at
el

y,
an

d
th

en
co

m
p
ar

in
g

th
e

re
su

lt
-

in
g

su
m

m
ar

y
st

at
is

ti
cs

fr
om

th
e

tw
o

en
se

m
b
le

s
ag

ai
n
st

ea
ch

ot
h
er

[1
3]

.
D

im
en

si
on

al
it
y

re
d
u
ct

io
n

is
ca

rr
ie

d
ou

t,
fo

r
ex

am
p
le

,
b
y

av
er

ag
in

g
ov

er
n
-s

p
ac

e
th

at
in

vo
lv

es
p
ar

ti
cl

e-
cl

u
st

er
in

g
or

av
er

ag
in

g
ov

er
m

-s
p
ac

e
th

at
y
ie

ld
s

<
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z
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z
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)
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e
q
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<
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x
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x
x
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)
>

e
q

{a
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}

k
(x

i,
x

j
)

=
x

i
·x

j

2
n

d

� |
|
=

0

d
�
/
d
�

=
0
.3

7
G

P
a

2
5 �x

i
�

x
j
�

A
W

n
�

A
M

n

A
M

n
�

A
E

n

A
E

n
�

A
P

n

Q
u
a
n
ti

ta
ti
v
e

C
h
a
ra

c
te

ri
z
a
ti

o
n

o
f
In

tr
in

si
c

M
o
le

c
u
la

r
M

o
ti
o
n

U
si

n
g

S
u
p
p
o
rt

V
e
c
to

r
M

a
ch

in
e
s

R
a
lp

h
E

.
L
ei

g
h
ty

1
a
n
d

S
a
m

ee
r

V
a
rm

a
1
,2

,3
,�

1
D

ep
a
rt

m
en

t
o
f

C
el

l
B
io

lo
gy

,
M

ic
ro

bi
o
lo
gy

a
n
d

M
o
le
cu

la
r

B
io

lo
gy

,
2
D

ep
a
rt

m
en

t
o
f

P
h
y
si

cs
,

U
n
iv

er
si

ty
o
f

S
o
u
th

F
lo

ri
d
a
,

T
a
m

pa
,

F
L

3
3
6
2
0
,

U
S
A

a
n
d

3
In

st
it
u
te

o
f
P
u
re

a
n
d

A
p
p
li
ed

M
a
th

em
a
ti
cs

,
U

n
iv

er
si

ty
o
f
C

a
li
fo

rn
ia

L
o
s

A
n
ge

le
s,

L
o
s

A
n
ge

le
s,

C
A

9
0
0
9
5
,
U

S
A

(D
a
te

d
:

J
u
ly

3
0
,
2
0
1
2

D
R

A
F
T

)

T
h
e

en
se

m
b
le

o
f

3
-d

co
n
fi
g
u
ra

ti
o
n
s

ex
h
ib

it
ed

b
y

a
m

o
le

cu
le

,
th

a
t

is
,

it
s

in
tr

in
si

c
m

o
ti

o
n
,

ca
n

b
e

a
lt

er
ed

b
y

n
u
m

er
o
u
s

en
v
ir

o
n
m

en
ta

l
fa

ct
o
rs

,
su

ch
a
s

te
m

p
er

a
tu

re
,
a
n
d

a
ls

o
b
y

th
e

b
in

d
in

g
o
f
o
th

er
m

o
le

cu
le

s.
A

n
u
n
d
er

st
a
n
d
in

g
o
f
en

se
m

b
le

-l
ev

el
d
i↵

er
en

ce
s
fr

o
m

a
g
eo

m
et

ri
c

p
er

sp
ec

ti
v
e

is
im

p
o
rt

a
n
t

b
ec

a
u
se

it
p
ro

v
id

es
a

b
a
si

s
fo

r
re

la
ti

n
g

th
er

m
o
d
y
n
a
m

ic
ch

a
n
g
es

to
ch

a
n
g
es

in
m

o
le

cu
la

r
m

o
ti

o
n
.

T
h
e

ta
sk

o
f
d
i↵

er
en

ti
a
ti

n
g

tw
o

co
n
fi
g
u
ra

ti
o
n
a
l
en

se
m

b
le

s
is

,
h
o
w

ev
er

,
ch

a
ll
en

g
in

g
b
ec

a
u
se

it
re

q
u
ir

es
co

m
p
a
ri

n
g

tw
o

h
ig

h
-d

im
en

si
o
n
a
l

d
a
ta

se
ts

.
T
ra

d
it

io
n
a
ll
y,

w
h
en

a
n
a
ly

zi
n
g

m
o
le

cu
la

r
si

m
u
la

ti
o
n
s,

th
is

p
ro

b
le

m
is

ci
rc

u
m

v
en

te
d

b
y

fi
rs

t
re

d
u
ci

n
g

th
e

d
im

en
si

o
n
s

o
f

th
e

tw
o

en
se

m
b
le

s
se

p
a
ra

te
ly

,
a
n
d

th
en

co
m

p
a
ri

n
g

su
m

m
a
ry

st
a
ti

st
ic

s
fr

o
m

th
e

tw
o

en
se

m
b
le

s
a
g
a
in

st
ea

ch
o
th

er
.

H
o
w

ev
er

,
si

n
ce

d
im

en
si

o
n
a
li
ty

re
d
u
ct

io
n

is
ca

rr
ie

d
o
u
t

p
ri

o
r

to
co

m
p
a
ri

so
n

o
f

en
se

m
b
le

s,
su

ch
st

ra
te

g
ie

s
a
re

su
sc

ep
ti

b
le

to
a
rt

if
a
ct

u
a
l
b
ia

se
s
fr

o
m

in
fo

rm
a
ti

o
n

lo
ss

.
H

er
e

w
e

in
tr

o
d
u
ce

a
m

et
h
o
d

b
a
se

d
o
n

su
p
p
o
rt

v
ec

to
r

m
a
ch

in
es

(S
V

M
)

th
a
t

co
m

p
a
re

s
3
-d

en
se

m
b
le

s
d
ir

ec
tl

y
a
g
a
in

st
o
n
e

a
n
o
th

er
in

th
e

H
il
b
er

t
sp

a
ce

w
it

h
o
u
t

a
p
re

re
q
u
is

it
e

re
d
u
ct

io
n

in
p
h
a
se

sp
a
ce

.
W

h
il
e

th
is

m
et

h
o
d

ca
n

b
e

a
p
p
li
ed

to
a
n
y

m
o
le

cu
la

r
sy

st
em

,
h
er

e
w

e
ex

p
lo

re
it

s
se

n
si

ti
v
it
y

to
w

a
rd

m
o
d
el

sy
st

em
s

co
m

p
ri

se
d

o
f

a
m

in
o

a
ci

d
s.

W
e

a
ls

o
a
p
p
ly

th
e

te
ch

n
iq

u
e

to
id

en
ti

fy
th

e
sp

ec
ifi

c
re

g
io

n
s

o
f
a

p
a
ra

m
y
x
o
v
ir

u
s

G
p
ro

te
in

th
a
t

a
re

a
↵
ec

te
d

b
y

th
e

b
in

d
in

g
o
f
it

s
p
re

fe
rr

ed
h
u
m

a
n

re
ce

p
to

r,
E

p
h
ri

n
B

2
.

W
e

fi
n
d

th
a
t
th

e
sp

ec
ifi

c
re

g
io

n
s

id
en

ti
fi
ed

b
y

th
is

m
et

h
o
d

in
cl

u
d
e

th
e

se
t

o
f
a
m

in
o

a
ci

d
s

th
a
t

a
re

k
n
o
w

n
fr

o
m

ex
p
er

im
en

ta
l
st

u
d
ie

s
to

p
la

y
a

v
it

a
l

ro
le

in
v
ir

a
l

fu
si

o
n
.

T
h
e

co
n
fi
g
u
ra

ti
o
n
a
l

en
se

m
b
le

s
o
f

th
e

v
ir

a
l

p
ro

te
in

in
b
o
th

it
s

b
o
u
n
d

a
n
d

u
n
b
o
u
n
d

st
a
te

s
w

er
e

g
en

er
a
te

d
u
si

n
g

a
ll
-a

to
m

m
o
le

cu
la

r
d
y
n
a
m

ic
s

si
m

u
la

ti
o
n
s.

IN
T

R
O

D
U

C
T

IO
N

T
h
e

en
se

m
b
le

o
f

3
-d

co
n
fi
g
u
ra

ti
o
n
s

ex
h
ib

it
ed

b
y

a
m

o
le

cu
le

,
th

a
t

is
,
it

s
in

tr
in

si
c

m
o
ti

o
n
,
is

co
rr

el
a
te

d
w

it
h

th
e

p
ro

p
er

ti
es

o
f

it
s

en
v
ir

o
n
m

en
t

[1
–
1
2
].

C
h
a
n
g
es

in
in

te
n
si

v
e

va
ri

a
b
le

s,
su

ch
a
s

te
m

p
er

a
tu

re
a
n
d

p
re

ss
u
re

,
m

o
d
if
y

th
e

in
tr

in
si

c
m

o
ti

o
n

o
f
a

m
o
le

cu
le

.
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trons-ALEX/MARIANA-PLEASEELABORATE...Weem-
ploytherecentlydeveloped...Weusedensity-functionaltheory
withinthePBE[18]andPBE0[19,20]approximationsforthe
exchange-correlationpotential.Inaddition,weemployare-
centlydevelopedvanderWaals(vdW)correctionscheme[21]
basedonasummationofpairwiseC6[n]/R

6
terms,wherethe

C6coe�cientsarebasedontheself-consistentelectronicden-
sity.Thisapproachallowsustotreataccuratelytheenergetics
ande↵ectsofpolarizationinoursystems.

WefindthataT!Ssubstitutionisaccompaniedwithonly
minorstructuralchanges.Inaddition,wefindthatthereduc-
tioninpolarizabilityofS4associatedwithaT!Ssubstitu-
tionissu�cienttoexplainexperimentalobservations.These
studiesprovide,ingeneral,avividexampleofhowpeptide
functionisinfluencedbythepolarizabilityofmethylgroups,
especiallythosethatareproximaltochargedmoieties,includ-
ingions,titratableside-acidsandphosphates.

ResultsandDiscussion
TounderstandhowT!SsubstitutionsintheS4sitea↵ectK–
channelfunction,weexaminefirstthegeneralconsequences
ofmethylpolarizabilityonthethermodynamicsofionbind-
ing.Weestimatethegasphaseenthalpiesandfreeenergies
ofNa

+
,K

+
andBa

2+
ionbindingtofourdi↵erentmolecules,

namelywater,methanol,ethanolandpropanol.Whileall
thesemoleculesprovidehydroxylligandsforion-coordination,
theydi↵erfromeachotherinthenumberofmethylgroups
theycarry.Consequentlytheyhavedi↵erentstaticaverage
ground-statedipolepolarizabilitiesof1.5,3.3,5.4and6.7Å

3
,

respectively[15].Theresultsofthesecalculationsareplotted
inFig.2.Wefindthatwhiletheadditionofmethylgroups
enhancethestabilityofthecomplex,thee↵ectdecreaseswith
eachincrementaladdition.Inaddition,multibodye↵ectsare
thee↵ectofcoordinationnumberisnon-trivial.

Table2.distancebetweenmethylandKioninthes4site
isabout5Å

-18
-15
-12
-9
-6
-3
0
3

123412341234

-20

-16

-12

-8

-4

0

123412341234

-18
-15
-12
-9
-6
-3
0
3

123412341234

-20

-16

-12

-8

-4

0

123412341234

K+

Ba2+

Na+ ΔH
ΔG

nnn

<�zz(t)�zz(0)>eq�<�xx(t)�xx(0)>eq

{a,b,c}
k(xi,xj)=xi·xj

2
nd

�||=0

d�/d�=0.37GPa

25

�xi�xj�
AWn�AMn

AMn�AEn

AEn�APn

QuantitativeCharacterizationofIntrinsicMolecularMotion
UsingSupportVectorMachines

RalphE.Leighty
1

andSameerVarma
1,2,3,�

1
DepartmentofCellBiology,MicrobiologyandMolecularBiology,

2
DepartmentofPhysics,UniversityofSouthFlorida,Tampa,FL33620,USAand

3
InstituteofPureandAppliedMathematics,UniversityofCaliforniaLosAngeles,LosAngeles,CA90095,USA

(Dated:July30,2012DRAFT)

Theensembleof3-dconfigurationsexhibitedbyamolecule,thatis,itsintrinsicmotion,canbe
alteredbynumerousenvironmentalfactors,suchastemperature,andalsobythebindingofother
molecules.Anunderstandingofensemble-leveldi↵erencesfromageometricperspectiveisimportant
becauseitprovidesabasisforrelatingthermodynamicchangestochangesinmolecularmotion.
Thetaskofdi↵erentiatingtwoconfigurationalensemblesis,however,challengingbecauseitrequires
comparingtwohigh-dimensionaldatasets.Traditionally,whenanalyzingmolecularsimulations,
thisproblemiscircumventedbyfirstreducingthedimensionsofthetwoensemblesseparately,
andthencomparingsummarystatisticsfromthetwoensemblesagainsteachother.However,
sincedimensionalityreductioniscarriedoutpriortocomparisonofensembles,suchstrategiesare
susceptibletoartifactualbiasesfrominformationloss.Hereweintroduceamethodbasedonsupport
vectormachines(SVM)thatcompares3-densemblesdirectlyagainstoneanotherintheHilbert
spacewithoutaprerequisitereductioninphasespace.Whilethismethodcanbeappliedtoany
molecularsystem,hereweexploreitssensitivitytowardmodelsystemscomprisedofaminoacids.
WealsoapplythetechniquetoidentifythespecificregionsofaparamyxovirusGproteinthatare
a↵ectedbythebindingofitspreferredhumanreceptor,EphrinB2.Wefindthatthespecificregions
identifiedbythismethodincludethesetofaminoacidsthatareknownfromexperimentalstudies
toplayavitalroleinviralfusion.Theconfigurationalensemblesoftheviralproteininbothits
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INTRODUCTION

Theensembleof3-dconfigurationsexhibitedbya
molecule,thatis,itsintrinsicmotion,iscorrelatedwith
thepropertiesofitsenvironment[1–12].Changesin
intensivevariables,suchastemperatureandpressure,
modifytheintrinsicmotionofamolecule.Additionally,
molecularmotionalsochangesasaresultofbindingwith
othermolecules,suchasinligand-substratecomplexesor
molecularassemblies.Moreover,theextentofthechange
inmolecularmotionisdependentuponmultiplefactors,
includingpropertiesofthemoleculeandthenatureof
theperturbationorexternalpotential.Aquantitative
characterizationofsuchchangesinmolecularmotionis
importantfrombothscientificaswellasengineeringper-
spectivesbecauseitprovidesabasistoassociatechanges

inthermodynamicpropertiesdirectlywithcorresponding
changesinmolecularmotion.

Di�erentiatingbetweentwoensemblesofmolecular
configurationsis,however,challenging.Thechallenge
liesincomparingtwosetsofhigh-dimensiondata.For
themotionofan-particlemoleculerepresentedbym-
configurations,{an(x)}

m
1,thetaskofdi�erentiatingit

fromthemolecule’sreferencestate,{an(x0)}
m
1,involves

comparingtwo3n-dimensionalvectorspaces.Tradition-
ally,whenanalyzingmolecularsimulations,thisprob-
lemisdealtwithbyfirstreducingthedimensionsofthe
twoensemblesseparately,andthencomparingtheresult-
ingsummarystatisticsfromthetwoensemblesagainst
eachother[13].Dimensionalityreductioniscarriedout,
forexample,byaveragingovern-spacethatinvolves
particle-clusteringoraveragingoverm-spacethatyields
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Fig.2.Changesinioncomplexationenthalpies(��H)andfreeenergies

(��G)duetomethylgroups.�Hand�Gwereestimatedseparatelyforre-

actionsA+nX⌦AXninwhichAisanion,Na+,K+orBa2+,andXis

aligandmolecule,water(W),methanol(M),ethanol(E)orpropanol(P).The

reactionswerethencombinedtoobtain��Hand��G.Allvaluesarereported

inkcal/mol.

Fig.3.E↵ectofT!Ssubstitutiononelectrondensities.Di↵erencesbetweenthe

electronicdensitiesof(BaT
++
4�4CH3)�(BaS

++
4�4H),calculatedwith

PBE0+vdW,areshown.Thegeometryusedwasthatofthefullyrelaxed(PBE+vdW)

BaT
++
4complex.TobuildBaS

++
4theCH3groupsofTweresubstitutedby

Hatomsandonlythesewererelaxed.Thedi↵erenceinelectrondensityshownthus

correspondstothee↵ectofpolarizationontheelectronicdensitiescausedbythe

additionofmethylgroups.

MaterialsandMethods

Allgeometricrelaxationswereperformedwiththeall-electron,localizedbasis

(numericatom-centeredorbitals)programpackageFHI-aims[22,23],whereweem-
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b
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at
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b
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b
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b
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p
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d
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b
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b
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b
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p
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b
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p
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b
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b
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b
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at
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b
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b
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p
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b
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d
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p
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p
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b
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b
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p
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b
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at
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p
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p
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b
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b
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b
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b
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at
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p
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p
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p
er

at
u
re

an
d

p
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d
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g
en

er
a
te

d
u
si

n
g

a
ll
-a

to
m

m
o
le

cu
la

r
d
y
n
a
m

ic
s

si
m

u
la

ti
o
n
s.

IN
T

R
O

D
U

C
T

IO
N

T
h
e

en
se

m
b
le

o
f

3
-d

co
n
fi
g
u
ra

ti
o
n
s

ex
h
ib

it
ed

b
y

a
m

o
le

cu
le

,
th

a
t

is
,
it

s
in

tr
in

si
c

m
o
ti

o
n
,
is

co
rr

el
a
te

d
w

it
h

th
e

p
ro

p
er

ti
es

o
f

it
s

en
v
ir

o
n
m

en
t

[1
–
1
2
].

C
h
a
n
g
es

in
in

te
n
si

v
e

va
ri

a
b
le

s,
su

ch
a
s

te
m

p
er

a
tu

re
a
n
d

p
re

ss
u
re

,
m

o
d
if
y

th
e

in
tr

in
si

c
m

o
ti

o
n

o
f
a

m
o
le

cu
le

.
A

d
d
it

io
n
a
ll
y,

m
o
le

cu
la

r
m

o
ti

o
n

a
ls

o
ch

a
n
g
es

a
s
a

re
su

lt
o
f
b
in

d
in

g
w

it
h

o
th

er
m

o
le

cu
le

s,
su

ch
a
s
in

li
g
a
n
d
-s

u
b
st

ra
te

co
m

p
le

x
es

o
r

m
o
le

cu
la

r
a
ss

em
b
li
es

.
M

o
re

ov
er

,
th

e
ex

te
n
t
o
f
th

e
ch

a
n
g
e

in
m

o
le

cu
la

r
m

o
ti

o
n

is
d
ep

en
d
en

t
u
p
o
n

m
u
lt

ip
le

fa
ct

o
rs

,
in

cl
u
d
in

g
p
ro

p
er

ti
es

o
f

th
e

m
o
le

cu
le

a
n
d

th
e

n
a
tu

re
o
f

th
e

p
er

tu
rb

a
ti

o
n

o
r

ex
te

rn
a
l

p
o
te

n
ti

a
l.

A
q
u
a
n
ti

ta
ti

v
e

ch
a
ra

ct
er

iz
a
ti

o
n

o
f

su
ch

ch
a
n
g
es

in
m

o
le

cu
la

r
m

o
ti

o
n

is
im

p
o
rt

a
n
t
fr

o
m

b
o
th

sc
ie

n
ti

fi
c

a
s

w
el

l
a
s

en
g
in

ee
ri

n
g

p
er

-
sp

ec
ti

v
es

b
ec

a
u
se

it
p
ro

v
id

es
a

b
a
si

s
to

a
ss

o
ci

a
te

ch
a
n
g
es

in
th

er
m

o
d
y
n
a
m

ic
p
ro

p
er

ti
es

d
ir

ec
tl

y
w

it
h

co
rr

es
p
o
n
d
in

g
ch

a
n
g
es

in
m

o
le

cu
la

r
m

o
ti

o
n
.

D
i�

er
en

ti
a
ti

n
g

b
et

w
ee

n
tw

o
en

se
m

b
le

s
o
f

m
o
le

cu
la

r
co

n
fi
g
u
ra

ti
o
n
s

is
,

h
ow

ev
er

,
ch

a
ll
en

g
in

g
.

T
h
e

ch
a
ll
en

g
e

li
es

in
co

m
p
a
ri

n
g

tw
o

se
ts

o
f

h
ig

h
-d

im
en

si
o
n

d
a
ta

.
F
o
r

th
e

m
o
ti

o
n

o
f

a
n
-p

a
rt

ic
le

m
o
le

cu
le

re
p
re

se
n
te

d
b
y

m
-

co
n
fi
g
u
ra

ti
o
n
s,

{a
n
(x

)}
m 1

,
th

e
ta

sk
o
f

d
i�

er
en

ti
a
ti

n
g

it
fr

o
m

th
e

m
o
le

cu
le

’s
re

fe
re

n
ce

st
a
te

,
{a

n
(x

0
)}

m 1
,
in

v
o
lv

es
co

m
p
a
ri

n
g

tw
o

3
n
-d

im
en

si
o
n
a
l
v
ec

to
r

sp
a
ce

s.
T
ra

d
it

io
n
-

a
ll
y,

w
h
en

a
n
a
ly

zi
n
g

m
o
le

cu
la

r
si

m
u
la

ti
o
n
s,

th
is

p
ro

b
-

le
m

is
d
ea

lt
w

it
h

b
y

fi
rs

t
re

d
u
ci

n
g

th
e

d
im

en
si

o
n
s

o
f
th

e
tw

o
en

se
m

b
le

s
se

p
a
ra

te
ly

,
a
n
d

th
en

co
m

p
a
ri

n
g

th
e

re
su

lt
-

in
g

su
m

m
a
ry

st
a
ti

st
ic

s
fr

o
m

th
e

tw
o

en
se

m
b
le

s
a
g
a
in

st
ea

ch
o
th

er
[1

3
].

D
im

en
si

o
n
a
li
ty

re
d
u
ct

io
n

is
ca

rr
ie

d
o
u
t,

fo
r

ex
a
m

p
le

,
b
y

av
er

a
g
in

g
ov

er
n
-s

p
a
ce

th
a
t

in
v
o
lv

es
p
a
rt

ic
le

-c
lu

st
er

in
g

o
r

av
er

a
g
in

g
ov

er
m

-s
p
a
ce

th
a
t

y
ie

ld
s

<
� z

z
(t

)�
z
z
(0

)
>

e
q
�

<
� x

x
(t

)�
x
x
(0

)
>

e
q

{a
,b

,c
}

k
(x

i,
x

j
)

=
x

i
·x

j

2n
d

� |
|
=

0

d
�
/d

�
=

0.
37

G
P
a

25 �x
i
�

x
j
�

A
W

n
�

A
M

n

A
M

n
�

A
E

n

A
E

n
�

A
P

n

Q
u
a
n
ti

ta
ti

v
e

C
h
a
ra

ct
e
ri

za
ti

o
n

o
f
In

tr
in

si
c

M
o
le

cu
la

r
M

o
ti

o
n

U
si

n
g

S
u
p
p
o
rt

V
e
ct

o
r

M
a
ch

in
e
s

R
al

p
h

E
.

L
ei

gh
ty

1
an

d
S
am

ee
r

V
ar

m
a1

,2
,3

,�

1
D

ep
a
rt

m
en

t
o
f

C
el

l
B
io

lo
gy

,
M

ic
ro

bi
o
lo

gy
a
n
d

M
o
le
cu

la
r

B
io

lo
gy

,
2
D

ep
a
rt

m
en

t
o
f

P
h
ys

ic
s,

U
n
iv

er
si

ty
o
f

S
o
u
th

F
lo

ri
d
a
,

T
a
m

pa
,

F
L

3
3
6
2
0
,

U
S
A

a
n
d

3
In

st
it
u
te

o
f
P
u
re

a
n
d

A
p
p
li
ed

M
a
th

em
a
ti
cs

,
U

n
iv

er
si

ty
o
f
C

a
li
fo

rn
ia

L
o
s

A
n
ge

le
s,

L
o
s

A
n
ge

le
s,

C
A

9
0
0
9
5
,
U

S
A

(D
a
te

d
:

J
u
ly

3
0
,
2
0
1
2

D
R

A
F
T

)

T
h
e

en
se

m
b
le

o
f

3
-d

co
n
fi
g
u
ra

ti
o
n
s

ex
h
ib

it
ed

b
y

a
m

o
le

cu
le

,
th

a
t

is
,

it
s

in
tr

in
si

c
m

o
ti

o
n
,

ca
n

b
e

a
lt

er
ed

b
y

n
u
m

er
o
u
s

en
v
ir

o
n
m

en
ta

l
fa

ct
o
rs

,
su

ch
a
s

te
m

p
er

a
tu

re
,
a
n
d

a
ls

o
b
y

th
e

b
in

d
in

g
o
f
o
th

er
m

o
le

cu
le

s.
A

n
u
n
d
er

st
a
n
d
in

g
o
f
en

se
m

b
le

-l
ev

el
d
i↵

er
en

ce
s
fr

o
m

a
g
eo

m
et

ri
c

p
er

sp
ec

ti
v
e

is
im

p
o
rt

a
n
t

b
ec

a
u
se

it
p
ro

v
id

es
a

b
a
si

s
fo

r
re

la
ti

n
g

th
er

m
o
d
y
n
a
m

ic
ch

a
n
g
es

to
ch

a
n
g
es

in
m

o
le

cu
la

r
m

o
ti

o
n
.

T
h
e

ta
sk

o
f
d
i↵

er
en

ti
a
ti

n
g

tw
o

co
n
fi
g
u
ra

ti
o
n
a
l
en

se
m

b
le

s
is

,
h
ow

ev
er

,
ch

a
ll
en

g
in

g
b
ec

a
u
se

it
re

q
u
ir

es
co

m
p
a
ri

n
g

tw
o

h
ig

h
-d

im
en

si
o
n
a
l

d
a
ta

se
ts

.
T
ra

d
it

io
n
a
ll
y,

w
h
en

a
n
a
ly

zi
n
g

m
o
le

cu
la

r
si

m
u
la

ti
o
n
s,

th
is

p
ro

b
le

m
is

ci
rc

u
m

v
en

te
d

b
y

fi
rs

t
re

d
u
ci

n
g

th
e

d
im

en
si

o
n
s

o
f

th
e

tw
o

en
se

m
b
le

s
se

p
a
ra

te
ly

,
a
n
d

th
en

co
m

p
a
ri

n
g

su
m

m
a
ry

st
a
ti

st
ic

s
fr

o
m

th
e

tw
o

en
se

m
b
le

s
a
g
a
in

st
ea

ch
o
th

er
.

H
ow

ev
er

,
si

n
ce

d
im

en
si

o
n
a
li
ty

re
d
u
ct

io
n

is
ca

rr
ie

d
o
u
t

p
ri

o
r

to
co

m
p
a
ri

so
n

o
f

en
se

m
b
le

s,
su

ch
st

ra
te

g
ie

s
a
re

su
sc

ep
ti

b
le

to
a
rt

if
a
ct

u
a
l
b
ia

se
s
fr

o
m

in
fo

rm
a
ti

o
n

lo
ss

.
H

er
e

w
e

in
tr

o
d
u
ce

a
m

et
h
o
d

b
a
se

d
o
n

su
p
p
o
rt

v
ec

to
r

m
a
ch

in
es

(S
V

M
)

th
a
t

co
m

p
a
re

s
3
-d

en
se

m
b
le

s
d
ir

ec
tl

y
a
g
a
in

st
o
n
e

a
n
o
th

er
in

th
e

H
il
b
er

t
sp

a
ce

w
it

h
o
u
t

a
p
re

re
q
u
is

it
e

re
d
u
ct

io
n

in
p
h
a
se

sp
a
ce

.
W

h
il
e

th
is

m
et

h
o
d

ca
n

b
e

a
p
p
li
ed

to
a
n
y

m
o
le

cu
la

r
sy

st
em

,
h
er

e
w

e
ex

p
lo

re
it

s
se

n
si

ti
v
it
y

to
w

a
rd

m
o
d
el

sy
st

em
s

co
m

p
ri

se
d

o
f

a
m

in
o

a
ci

d
s.

W
e

a
ls

o
a
p
p
ly

th
e

te
ch

n
iq

u
e

to
id

en
ti

fy
th

e
sp

ec
ifi

c
re

g
io

n
s

o
f
a

p
a
ra

m
y
x
ov

ir
u
s

G
p
ro

te
in

th
a
t

a
re

a
↵
ec

te
d

b
y

th
e

b
in

d
in

g
o
f
it

s
p
re

fe
rr

ed
h
u
m

a
n

re
ce

p
to

r,
E

p
h
ri

n
B

2
.

W
e

fi
n
d

th
a
t
th

e
sp

ec
ifi

c
re

g
io

n
s

id
en

ti
fi
ed

b
y

th
is

m
et

h
o
d

in
cl

u
d
e

th
e

se
t

o
f
a
m

in
o

a
ci

d
s

th
a
t

a
re

k
n
ow

n
fr

o
m

ex
p
er

im
en

ta
l
st

u
d
ie

s
to

p
la

y
a

v
it

a
l

ro
le

in
v
ir

a
l

fu
si

o
n
.

T
h
e

co
n
fi
g
u
ra

ti
o
n
a
l

en
se

m
b
le

s
o
f

th
e

v
ir

a
l

p
ro

te
in

in
b
o
th

it
s

b
o
u
n
d

a
n
d

u
n
b
o
u
n
d

st
a
te

s
w

er
e

g
en

er
a
te

d
u
si

n
g

a
ll
-a

to
m

m
o
le

cu
la

r
d
y
n
a
m

ic
s

si
m

u
la

ti
o
n
s.

IN
T

R
O

D
U

C
T

IO
N

T
h
e

en
se

m
b
le

of
3-

d
co

n
fi
gu

ra
ti

on
s

ex
h
ib

it
ed

b
y

a
m

ol
ec

u
le

,
th

at
is

,
it

s
in

tr
in

si
c

m
ot

io
n
,
is

co
rr

el
at

ed
w

it
h

th
e

p
ro

p
er

ti
es

of
it
s

en
v
ir

on
m

en
t

[1
–1

2]
.

C
h
an

ge
s

in
in

te
n
si

ve
va

ri
ab

le
s,

su
ch

as
te

m
p
er

at
u
re

an
d

p
re

ss
u
re

,
m

o
d
if
y

th
e

in
tr

in
si

c
m

ot
io

n
of

a
m

ol
ec

u
le

.
A

d
d
it

io
n
al

ly
,

m
ol

ec
u
la

r
m

ot
io

n
al

so
ch

an
ge

s
as

a
re

su
lt

of
b
in

d
in

g
w

it
h

ot
h
er

m
ol

ec
u
le

s,
su

ch
as

in
li
ga

n
d
-s

u
b
st

ra
te

co
m

p
le

x
es

or
m

ol
ec

u
la

r
as

se
m

b
li
es

.
M

or
eo

ve
r,

th
e

ex
te

n
t
of

th
e

ch
an

ge
in

m
ol

ec
u
la

r
m

ot
io

n
is

d
ep

en
d
en

t
u
p
on

m
u
lt

ip
le

fa
ct

or
s,

in
cl

u
d
in

g
p
ro

p
er

ti
es

of
th

e
m

ol
ec

u
le

an
d

th
e

n
at

u
re

of
th

e
p
er

tu
rb

at
io

n
or

ex
te

rn
al

p
ot

en
ti

al
.

A
q
u
an

ti
ta

ti
ve

ch
ar

ac
te

ri
za

ti
on

of
su

ch
ch

an
ge

s
in

m
ol

ec
u
la

r
m

ot
io

n
is

im
p
or

ta
n
t
fr

om
b
ot

h
sc

ie
n
ti

fi
c

as
w

el
l
as

en
gi

n
ee

ri
n
g

p
er

-
sp

ec
ti

ve
s

b
ec

au
se

it
p
ro

v
id

es
a

b
as

is
to

as
so

ci
at

e
ch

an
ge

s

in
th

er
m

o
d
y
n
am

ic
p
ro

p
er

ti
es

d
ir

ec
tl

y
w

it
h

co
rr

es
p
on

d
in

g
ch

an
ge

s
in

m
ol

ec
u
la

r
m

ot
io

n
.

D
i�

er
en

ti
at

in
g

b
et

w
ee

n
tw

o
en

se
m

b
le

s
of

m
ol

ec
u
la

r
co

n
fi
gu

ra
ti

on
s

is
,

h
ow

ev
er

,
ch

al
le

n
gi

n
g.

T
h
e

ch
al

le
n
ge

li
es

in
co

m
p
ar

in
g

tw
o

se
ts

of
h
ig

h
-d

im
en

si
on

d
at

a.
F
or

th
e

m
ot

io
n

of
a

n
-p

ar
ti

cl
e

m
ol

ec
u
le

re
p
re

se
n
te

d
b
y

m
-

co
n
fi
gu

ra
ti

on
s,

{a
n
(x

)}
m 1

,
th

e
ta

sk
of

d
i�

er
en

ti
at

in
g

it
fr

om
th

e
m

ol
ec

u
le

’s
re

fe
re

n
ce

st
at

e,
{a

n
(x

0
)}

m 1
,
in

vo
lv

es
co

m
p
ar

in
g

tw
o

3n
-d

im
en

si
on

al
ve

ct
or

sp
ac

es
.

T
ra

d
it

io
n
-

al
ly

,
w

h
en

an
al

y
zi

n
g

m
ol

ec
u
la

r
si

m
u
la

ti
on

s,
th

is
p
ro

b
-

le
m

is
d
ea

lt
w

it
h

b
y

fi
rs

t
re

d
u
ci

n
g

th
e

d
im

en
si

on
s

of
th

e
tw

o
en

se
m

b
le

s
se

p
ar

at
el

y,
an

d
th

en
co

m
p
ar

in
g

th
e

re
su

lt
-

in
g

su
m

m
ar

y
st

at
is

ti
cs

fr
om

th
e

tw
o

en
se

m
b
le

s
ag

ai
n
st

ea
ch

ot
h
er

[1
3]

.
D

im
en

si
on

al
it
y

re
d
u
ct

io
n

is
ca

rr
ie

d
ou

t,
fo

r
ex

am
p
le

,
b
y

av
er

ag
in

g
ov

er
n
-s

p
ac

e
th

at
in

vo
lv

es
p
ar

ti
cl

e-
cl

u
st
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a
m

ol
ec

u
le

,
th

at
is

,
it

s
in

tr
in

si
c

m
ot

io
n
,
is

co
rr

el
at

ed
w

it
h

th
e

p
ro

p
er

ti
es

of
it
s

en
v
ir

on
m

en
t

[1
–1

2]
.

C
h
an

ge
s

in
in

te
n
si

ve
va

ri
ab

le
s,

su
ch

as
te

m
p
er

at
u
re

an
d

p
re

ss
u
re

,
m

o
d
if
y

th
e

in
tr

in
si

c
m

ot
io

n
of

a
m

ol
ec

u
le

.
A

d
d
it

io
n
al

ly
,

m
ol

ec
u
la

r
m

ot
io

n
al

so
ch

an
ge

s
as

a
re

su
lt

of
b
in

d
in

g
w

it
h

ot
h
er

m
ol

ec
u
le

s,
su

ch
as

in
li
ga

n
d
-s

u
b
st

ra
te

co
m

p
le

x
es

or
m

ol
ec

u
la

r
as

se
m

b
li
es

.
M

or
eo

ve
r,

th
e

ex
te

n
t
of

th
e

ch
an

ge
in

m
ol

ec
u
la

r
m

ot
io

n
is

d
ep

en
d
en

t
u
p
on

m
u
lt

ip
le

fa
ct

or
s,

in
cl

u
d
in

g
p
ro

p
er

ti
es

of
th

e
m

ol
ec

u
le

an
d

th
e

n
at

u
re

of
th

e
p
er

tu
rb

at
io

n
or

ex
te

rn
al

p
ot

en
ti

al
.

A
q
u
an

ti
ta

ti
ve

ch
ar

ac
te

ri
za

ti
on

of
su

ch
ch

an
ge

s
in

m
ol

ec
u
la

r
m

ot
io

n
is

im
p
or

ta
n
t
fr

om
b
ot

h
sc

ie
n
ti

fi
c

as
w

el
l
as

en
gi

n
ee

ri
n
g

p
er

-
sp

ec
ti

ve
s

b
ec

au
se

it
p
ro

v
id

es
a

b
as

is
to

as
so

ci
at

e
ch

an
ge

s

in
th

er
m

o
d
y
n
am

ic
p
ro

p
er

ti
es

d
ir

ec
tl

y
w

it
h

co
rr

es
p
on

d
in

g
ch

an
ge

s
in

m
ol

ec
u
la

r
m

ot
io

n
.

D
i�

er
en

ti
at

in
g

b
et

w
ee

n
tw

o
en

se
m

b
le

s
of

m
ol

ec
u
la

r
co

n
fi
gu

ra
ti

on
s

is
,

h
ow

ev
er

,
ch

al
le

n
gi

n
g.

T
h
e

ch
al

le
n
ge

li
es

in
co

m
p
ar

in
g

tw
o

se
ts

of
h
ig

h
-d

im
en

si
on

d
at

a.
F
or

th
e

m
ot

io
n

of
a

n
-p

ar
ti

cl
e

m
ol

ec
u
le

re
p
re

se
n
te

d
b
y

m
-

co
n
fi
gu

ra
ti

on
s,

{a
n
(x

)}
m 1

,
th

e
ta

sk
of

d
i�

er
en

ti
at

in
g

it
fr

om
th

e
m

ol
ec

u
le

’s
re

fe
re

n
ce

st
at

e,
{a

n
(x

0
)}

m 1
,
in

vo
lv

es
co

m
p
ar

in
g

tw
o

3n
-d

im
en

si
on

al
ve

ct
or

sp
ac

es
.

T
ra

d
it

io
n
-

al
ly

,
w

h
en

an
al

y
zi

n
g

m
ol

ec
u
la

r
si

m
u
la

ti
on

s,
th

is
p
ro

b
-

le
m

is
d
ea

lt
w

it
h

b
y

fi
rs

t
re

d
u
ci

n
g

th
e

d
im

en
si

on
s

of
th

e
tw

o
en

se
m

b
le

s
se

p
ar

at
el

y,
an

d
th

en
co

m
p
ar

in
g

th
e

re
su

lt
-

in
g

su
m

m
ar

y
st

at
is

ti
cs

fr
om

th
e

tw
o

en
se

m
b
le

s
ag

ai
n
st

ea
ch

ot
h
er

[1
3]

.
D

im
en

si
on

al
it
y

re
d
u
ct

io
n

is
ca

rr
ie

d
ou

t,
fo

r
ex

am
p
le

,
b
y

av
er

ag
in

g
ov

er
n
-s

p
ac

e
th

at
in

vo
lv

es
p
ar

ti
cl

e-
cl

u
st

er
in

g
or

av
er

ag
in

g
ov

er
m

-s
p
ac

e
th

at
y
ie

ld
s

<
� z

z
(t

)�
z
z
(0

)
>

e
q
�

<
� x

x
(t

)�
x
x
(0

)
>

e
q

{a
,b

,c
}

k
(x

i,
x

j
)

=
x

i
·x

j

2
n

d

� |
|
=

0

d
�
/
d
�

=
0
.3

7
G

P
a

2
5 �x

i
�

x
j
�

A
W

n
�

A
M

n

A
M

n
�

A
E

n

A
E

n
�

A
P

n

Q
u
a
n
ti
ta

ti
v
e

C
h
a
ra

c
te

ri
z
a
ti
o
n

o
f
In

tr
in

si
c

M
o
le

c
u
la

r
M

o
ti
o
n

U
si

n
g

S
u
p
p
o
rt

V
e
c
to

r
M

a
ch

in
e
s

R
a
lp

h
E

.
L
ei

g
h
ty

1
a
n
d

S
a
m

ee
r

V
a
rm

a
1
,2

,3
,�

1
D

ep
a
rt

m
en

t
o
f

C
el

l
B
io

lo
gy

,
M

ic
ro

bi
o
lo

gy
a
n
d

M
o
le
cu

la
r

B
io

lo
gy

,
2
D

ep
a
rt

m
en

t
o
f

P
h
y
si

cs
,

U
n
iv

er
si

ty
o
f

S
o
u
th

F
lo

ri
d
a
,

T
a
m

pa
,

F
L

3
3
6
2
0
,

U
S
A

a
n
d

3
In

st
it
u
te

o
f
P
u
re

a
n
d

A
p
p
li
ed

M
a
th

em
a
ti
cs

,
U

n
iv

er
si

ty
o
f
C

a
li
fo

rn
ia

L
o
s

A
n
ge

le
s,

L
o
s

A
n
ge

le
s,

C
A

9
0
0
9
5
,
U

S
A

(D
a
te

d
:

J
u
ly

3
0
,
2
0
1
2

D
R

A
F
T

)

T
h
e

en
se

m
b
le

o
f

3
-d

co
n
fi
g
u
ra

ti
o
n
s

ex
h
ib

it
ed

b
y

a
m

o
le

cu
le

,
th

a
t

is
,

it
s

in
tr

in
si

c
m

o
ti

o
n
,

ca
n

b
e

a
lt

er
ed

b
y

n
u
m

er
o
u
s

en
v
ir

o
n
m

en
ta

l
fa

ct
o
rs

,
su

ch
a
s

te
m

p
er

a
tu

re
,
a
n
d

a
ls

o
b
y

th
e

b
in

d
in

g
o
f
o
th

er
m

o
le

cu
le

s.
A

n
u
n
d
er

st
a
n
d
in

g
o
f
en

se
m

b
le

-l
ev

el
d
i↵

er
en

ce
s
fr

o
m

a
g
eo

m
et

ri
c

p
er

sp
ec

ti
v
e

is
im

p
o
rt

a
n
t

b
ec

a
u
se

it
p
ro

v
id

es
a

b
a
si

s
fo

r
re

la
ti

n
g

th
er

m
o
d
y
n
a
m

ic
ch

a
n
g
es

to
ch

a
n
g
es

in
m

o
le

cu
la

r
m

o
ti

o
n
.

T
h
e

ta
sk

o
f
d
i↵

er
en

ti
a
ti

n
g

tw
o

co
n
fi
g
u
ra

ti
o
n
a
l
en

se
m

b
le

s
is

,
h
ow

ev
er

,
ch

a
ll
en

g
in

g
b
ec

a
u
se

it
re

q
u
ir

es
co

m
p
a
ri

n
g

tw
o

h
ig

h
-d

im
en

si
o
n
a
l

d
a
ta

se
ts

.
T
ra

d
it

io
n
a
ll
y,

w
h
en

a
n
a
ly

zi
n
g

m
o
le

cu
la

r
si

m
u
la

ti
o
n
s,

th
is

p
ro

b
le

m
is

ci
rc

u
m

v
en

te
d

b
y

fi
rs

t
re

d
u
ci

n
g

th
e

d
im

en
si

o
n
s

o
f

th
e

tw
o

en
se

m
b
le

s
se

p
a
ra

te
ly

,
a
n
d

th
en

co
m

p
a
ri

n
g

su
m

m
a
ry

st
a
ti

st
ic

s
fr

o
m

th
e

tw
o

en
se

m
b
le

s
a
g
a
in

st
ea

ch
o
th

er
.

H
ow

ev
er

,
si

n
ce

d
im

en
si

o
n
a
li
ty

re
d
u
ct

io
n

is
ca

rr
ie

d
o
u
t

p
ri

o
r

to
co

m
p
a
ri

so
n

o
f

en
se

m
b
le

s,
su

ch
st

ra
te

g
ie

s
a
re

su
sc

ep
ti

b
le

to
a
rt

if
a
ct

u
a
l
b
ia

se
s
fr

o
m

in
fo

rm
a
ti

o
n

lo
ss

.
H

er
e

w
e

in
tr

o
d
u
ce

a
m

et
h
o
d

b
a
se

d
o
n

su
p
p
o
rt

v
ec

to
r

m
a
ch

in
es

(S
V

M
)

th
a
t

co
m

p
a
re

s
3
-d

en
se

m
b
le

s
d
ir

ec
tl

y
a
g
a
in

st
o
n
e

a
n
o
th

er
in

th
e

H
il
b
er

t
sp

a
ce

w
it

h
o
u
t

a
p
re

re
q
u
is

it
e

re
d
u
ct

io
n

in
p
h
a
se

sp
a
ce

.
W

h
il
e

th
is

m
et

h
o
d

ca
n

b
e

a
p
p
li
ed

to
a
n
y

m
o
le

cu
la

r
sy

st
em

,
h
er

e
w

e
ex

p
lo

re
it

s
se

n
si

ti
v
it
y

to
w

a
rd

m
o
d
el

sy
st

em
s

co
m

p
ri

se
d

o
f

a
m

in
o

a
ci

d
s.

W
e

a
ls

o
a
p
p
ly

th
e

te
ch

n
iq

u
e

to
id

en
ti

fy
th

e
sp

ec
ifi

c
re

g
io

n
s

o
f
a

p
a
ra

m
y
x
ov

ir
u
s

G
p
ro

te
in

th
a
t

a
re

a
↵
ec

te
d

b
y

th
e

b
in

d
in

g
o
f
it

s
p
re

fe
rr

ed
h
u
m

a
n

re
ce

p
to

r,
E

p
h
ri

n
B

2
.

W
e

fi
n
d

th
a
t
th

e
sp

ec
ifi

c
re

g
io

n
s

id
en

ti
fi
ed

b
y

th
is

m
et

h
o
d

in
cl

u
d
e

th
e

se
t

o
f
a
m

in
o

a
ci

d
s

th
a
t

a
re

k
n
ow

n
fr

o
m

ex
p
er

im
en

ta
l
st

u
d
ie

s
to

p
la

y
a

v
it

a
l

ro
le

in
v
ir

a
l

fu
si

o
n
.

T
h
e

co
n
fi
g
u
ra

ti
o
n
a
l

en
se

m
b
le

s
o
f

th
e

v
ir

a
l

p
ro

te
in

in
b
o
th

it
s

b
o
u
n
d

a
n
d

u
n
b
o
u
n
d

st
a
te

s
w

er
e

g
en

er
a
te

d
u
si

n
g

a
ll
-a

to
m

m
o
le

cu
la

r
d
y
n
a
m

ic
s

si
m

u
la

ti
o
n
s.

IN
T

R
O

D
U

C
T

IO
N

T
h
e

en
se

m
b
le

o
f

3
-d

co
n
fi
g
u
ra

ti
o
n
s

ex
h
ib

it
ed

b
y

a
m

o
le

cu
le

,
th

a
t

is
,
it

s
in

tr
in

si
c

m
o
ti

o
n
,
is

co
rr

el
a
te

d
w

it
h

th
e

p
ro

p
er

ti
es

o
f

it
s

en
v
ir

o
n
m

en
t

[1
–
1
2
].

C
h
a
n
g
es

in
in

te
n
si

v
e

va
ri

a
b
le

s,
su

ch
a
s

te
m

p
er

a
tu

re
a
n
d

p
re

ss
u
re

,
m

o
d
if
y

th
e

in
tr

in
si

c
m

o
ti

o
n

o
f
a

m
o
le

cu
le

.
A

d
d
it

io
n
a
ll
y,

m
o
le

cu
la

r
m

o
ti

o
n

a
ls

o
ch

a
n
g
es

a
s
a

re
su

lt
o
f
b
in

d
in

g
w

it
h

o
th

er
m

o
le

cu
le

s,
su

ch
a
s
in

li
g
a
n
d
-s

u
b
st

ra
te

co
m

p
le

x
es

o
r

m
o
le

cu
la

r
a
ss

em
b
li
es

.
M

o
re

ov
er

,
th

e
ex

te
n
t
o
f
th

e
ch

a
n
g
e

in
m

o
le

cu
la

r
m

o
ti

o
n

is
d
ep

en
d
en

t
u
p
o
n

m
u
lt

ip
le

fa
ct

o
rs

,
in

cl
u
d
in

g
p
ro

p
er

ti
es

o
f

th
e

m
o
le

cu
le

a
n
d

th
e

n
a
tu

re
o
f

th
e

p
er

tu
rb

a
ti

o
n

o
r

ex
te

rn
a
l

p
o
te

n
ti

a
l.

A
q
u
a
n
ti

ta
ti

v
e

ch
a
ra

ct
er

iz
a
ti

o
n

o
f

su
ch

ch
a
n
g
es

in
m

o
le

cu
la

r
m

o
ti

o
n

is
im

p
o
rt

a
n
t
fr

o
m

b
o
th

sc
ie

n
ti

fi
c

a
s

w
el

l
a
s

en
g
in

ee
ri

n
g

p
er

-
sp

ec
ti

v
es

b
ec

a
u
se

it
p
ro

v
id

es
a

b
a
si

s
to

a
ss

o
ci

a
te

ch
a
n
g
es

in
th

er
m

o
d
y
n
a
m

ic
p
ro

p
er

ti
es

d
ir

ec
tl

y
w

it
h

co
rr

es
p
o
n
d
in

g
ch

a
n
g
es

in
m

o
le

cu
la

r
m

o
ti

o
n
.

D
i�

er
en

ti
a
ti

n
g

b
et

w
ee

n
tw

o
en

se
m

b
le

s
o
f

m
o
le

cu
la

r
co

n
fi
g
u
ra

ti
o
n
s

is
,

h
ow

ev
er

,
ch

a
ll
en

g
in

g
.

T
h
e

ch
a
ll
en

g
e

li
es

in
co

m
p
a
ri

n
g

tw
o

se
ts

o
f

h
ig

h
-d

im
en

si
o
n

d
a
ta

.
F
o
r

th
e

m
o
ti

o
n

o
f

a
n
-p

a
rt

ic
le

m
o
le

cu
le

re
p
re

se
n
te

d
b
y

m
-

co
n
fi
g
u
ra

ti
o
n
s,

{a
n
(x

)}
m 1

,
th

e
ta

sk
o
f

d
i�

er
en

ti
a
ti

n
g

it
fr

o
m

th
e

m
o
le

cu
le

’s
re

fe
re

n
ce

st
a
te

,
{a

n
(x

0
)}

m 1
,
in

v
o
lv

es
co

m
p
a
ri

n
g

tw
o

3
n
-d

im
en

si
o
n
a
l
v
ec

to
r

sp
a
ce

s.
T
ra

d
it

io
n
-

a
ll
y,

w
h
en

a
n
a
ly

zi
n
g

m
o
le

cu
la

r
si

m
u
la

ti
o
n
s,

th
is

p
ro

b
-

le
m

is
d
ea

lt
w

it
h

b
y

fi
rs

t
re

d
u
ci

n
g

th
e

d
im

en
si

o
n
s

o
f
th

e
tw

o
en

se
m

b
le

s
se

p
a
ra

te
ly

,
a
n
d

th
en

co
m

p
a
ri

n
g

th
e

re
su

lt
-

in
g

su
m

m
a
ry

st
a
ti

st
ic

s
fr

o
m

th
e

tw
o

en
se

m
b
le

s
a
g
a
in

st
ea

ch
o
th

er
[1

3
].

D
im

en
si

o
n
a
li
ty

re
d
u
ct

io
n

is
ca

rr
ie

d
o
u
t,

fo
r

ex
a
m

p
le

,
b
y

av
er

a
g
in

g
ov

er
n
-s

p
a
ce

th
a
t

in
v
o
lv

es
p
a
rt

ic
le

-c
lu

st
er

in
g

o
r

av
er

a
g
in

g
ov

er
m

-s
p
a
ce

th
a
t

y
ie

ld
s
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e
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n
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a
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P
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u
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b
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b
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b
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b
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p
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b
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b
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b
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p
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b
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b
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b
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a
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d
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b
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b
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b
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p
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b
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b
le

s
o
f

th
e

v
ir

a
l

p
ro

te
in

in
b
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b
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r
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b
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n
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s
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b
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at
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n
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p
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p
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p
er
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p
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n
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u
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d
d
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b
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n
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b
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p
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b
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r
m
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p
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p
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at
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b
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b
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b
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p
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p
on

d
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b
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b
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ra
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d
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h
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+
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+
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at
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p
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re
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b
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b
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.p
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P

L
E

A
S
E

E
L
A

B
O

R
A

T
E

..
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p
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u
n
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n
a
l
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w
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h
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P
B

E
[1

8
]
a
n
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P
B

E
0
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,
2
0
]
a
p
p
ro

x
im

a
ti

o
n
s
fo

r
th

e
ex

ch
a
n
g
e-
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rr

el
a
ti

o
n

p
o
te

n
ti

a
l.

In
a
d
d
it

io
n
,

w
e

em
p
lo

y
a

re
-

ce
n
tl

y
d
ev

el
o
p
ed

va
n

d
er

W
a
a
ls

(v
d
W

)
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rr
ec

ti
o
n
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h
em

e
[2

1
]

b
a
se

d
o
n

a
su

m
m

a
ti

o
n

o
f
p
a
ir

w
is

e
C

6
[n

]/
R

6
te

rm
s,

w
h
er

e
th

e
C

6
co

e�
ci

en
ts

a
re

b
a
se

d
o
n
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e

se
lf
-c

o
n
si
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en

t
el

ec
tr

o
n
ic

d
en

-
si

ty
.

T
h
is

a
p
p
ro

a
ch

a
ll
ow

s
u
s
to

tr
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t
a
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u
ra

te
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th
e

en
er

g
et

ic
s

a
n
d

e↵
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o
f
p
o
la

ri
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ti
o
n
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o
u
r
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st
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s.
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e
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n
d
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a
t
a

T
!

S
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u
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o
n
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a
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d
w
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h

o
n
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m
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r
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u
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l
ch

a
n
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.
In
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d
d
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n
,
w

e
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n
d
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a
t
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e
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d
u
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o
n
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p
o
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b
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y

o
f
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4
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Å
3
,

re
sp

ec
ti

v
el

y
[1

5
].

T
h
e

re
su

lt
s

o
f
th

es
e

ca
lc

u
la

ti
o
n
s

a
re

p
lo

tt
ed

in
F
ig

.
2
.

W
e

fi
n
d

th
a
t

w
h
il
e

th
e

a
d
d
it

io
n

o
f

m
et

h
y
l
g
ro

u
p
s

en
h
a
n
ce

th
e

st
a
b
il
it
y

o
f
th

e
co

m
p
le

x
,
th

e
e↵

ec
t

d
ec

re
a
se

s
w

it
h

ea
ch

in
cr

em
en

ta
l
a
d
d
it

io
n
.

In
a
d
d
it

io
n
,
m

u
lt

ib
o
d
y

e↵
ec

ts
a
re

th
e

e↵
ec

t
o
f
co

o
rd

in
a
ti

o
n

n
u
m

b
er

is
n
o
n
-t

ri
v
ia

l.

T
a
b
le

2
.

d
is

ta
n
ce

b
et

w
ee

n
m

et
h
y
l
a
n
d

K
io

n
in

th
e

s4
si

te
is

a
b
o
u
t

5
Å
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trons - ALEX/MARIANA - PLEASE ELABORATE...We em-
ploy the recently developed...We use density-functional theory
within the PBE [18] and PBE0 [19, 20] approximations for the
exchange-correlation potential. In addition, we employ a re-
cently developed van der Waals (vdW) correction scheme [21]
based on a summation of pairwise C6[n]/R6 terms, where the
C6 coe�cients are based on the self-consistent electronic den-
sity. This approach allows us to treat accurately the energetics
and e↵ects of polarization in our systems.

We find that a T!S substitution is accompanied with only
minor structural changes. In addition, we find that the reduc-
tion in polarizability of S4 associated with a T!S substitu-
tion is su�cient to explain experimental observations.These
studies provide, in general, a vivid example of how peptide
function is influenced by the polarizability of methyl groups,
especially those that are proximal to charged moieties, includ-
ing ions, titratable side-acids and phosphates.

Results and Discussion
To understand how T!S substitutions in the S4 site a↵ect K–
channel function, we examine first the general consequences
of methyl polarizability on the thermodynamics of ion bind-
ing. We estimate the gas phase enthalpies and free energies
of Na+, K+ and Ba2+ ion binding to four di↵erent molecules,
namely water, methanol, ethanol and propanol. While all
these molecules provide hydroxyl ligands for ion-coordination,
they di↵er from each other in the number of methyl groups
they carry. Consequently they have di↵erent static average
ground-state dipole polarizabilities of 1.5, 3.3, 5.4 and 6.7 Å3,
respectively [15]. The results of these calculations are plotted
in Fig. 2. We find that while the addition of methyl groups
enhance the stability of the complex, the e↵ect decreases with
each incremental addition. In addition, multibody e↵ects are
the e↵ect of coordination number is non-trivial.

Table 2. distance between methyl and K ion in the s4 site
is about 5 Å

-18
-15
-12
-9
-6
-3
0
3

1 2 3 4 1 2 3 4 1 2 3 4

-20

-16

-12

-8

-4

0

1 2 3 4 1 2 3 4 1 2 3 4

-18
-15
-12
-9
-6
-3
0
3

1 2 3 4 1 2 3 4 1 2 3 4

-20

-16

-12

-8

-4

0

1 2 3 4 1 2 3 4 1 2 3 4

K+

Ba2+

Na+

ΔH
ΔG

n n n

< �zz(t)�zz(0) >eq � < �xx(t)�xx(0) >eq

{a,b, c}
k(xi,xj) = xi · xj

2nd

�|| = 0

d�/d� = 0.37 GPa

25

�xi � xj�
AWn � AMn

AMn � AEn

AEn � APn

Quantitative Characterization of Intrinsic Molecular Motion
Using Support Vector Machines

Ralph E. Leighty1 and Sameer Varma1,2,3,�

1Department of Cell Biology, Microbiology and Molecular Biology,
2Department of Physics, University of South Florida, Tampa, FL 33620, USA and

3Institute of Pure and Applied Mathematics, University of California Los Angeles, Los Angeles, CA 90095, USA

(Dated: July 30, 2012 DRAFT)

The ensemble of 3-d configurations exhibited by a molecule, that is, its intrinsic motion, can be
altered by numerous environmental factors, such as temperature, and also by the binding of other
molecules. An understanding of ensemble-level di↵erences from a geometric perspective is important
because it provides a basis for relating thermodynamic changes to changes in molecular motion.
The task of di↵erentiating two configurational ensembles is, however, challenging because it requires
comparing two high-dimensional datasets. Traditionally, when analyzing molecular simulations,
this problem is circumvented by first reducing the dimensions of the two ensembles separately,
and then comparing summary statistics from the two ensembles against each other. However,
since dimensionality reduction is carried out prior to comparison of ensembles, such strategies are
susceptible to artifactual biases from information loss. Here we introduce a method based on support
vector machines (SVM) that compares 3-d ensembles directly against one another in the Hilbert
space without a prerequisite reduction in phase space. While this method can be applied to any
molecular system, here we explore its sensitivity toward model systems comprised of amino acids.
We also apply the technique to identify the specific regions of a paramyxovirus G protein that are
a↵ected by the binding of its preferred human receptor, Ephrin B2. We find that the specific regions
identified by this method include the set of amino acids that are known from experimental studies
to play a vital role in viral fusion. The configurational ensembles of the viral protein in both its
bound and unbound states were generated using all-atom molecular dynamics simulations.

INTRODUCTION

The ensemble of 3-d configurations exhibited by a
molecule, that is, its intrinsic motion, is correlated with
the properties of its environment [1–12]. Changes in
intensive variables, such as temperature and pressure,
modify the intrinsic motion of a molecule. Additionally,
molecular motion also changes as a result of binding with
other molecules, such as in ligand-substrate complexes or
molecular assemblies. Moreover, the extent of the change
in molecular motion is dependent upon multiple factors,
including properties of the molecule and the nature of
the perturbation or external potential. A quantitative
characterization of such changes in molecular motion is
important from both scientific as well as engineering per-
spectives because it provides a basis to associate changes

in thermodynamic properties directly with corresponding
changes in molecular motion.

Di�erentiating between two ensembles of molecular
configurations is, however, challenging. The challenge
lies in comparing two sets of high-dimension data. For
the motion of a n-particle molecule represented by m-
configurations, {an(x)}m

1 , the task of di�erentiating it
from the molecule’s reference state, {an(x0)}m

1 , involves
comparing two 3n-dimensional vector spaces. Tradition-
ally, when analyzing molecular simulations, this prob-
lem is dealt with by first reducing the dimensions of the
two ensembles separately, and then comparing the result-
ing summary statistics from the two ensembles against
each other [13]. Dimensionality reduction is carried out,
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altered by numerous environmental factors, such as temperature, and also by the binding of other
molecules. An understanding of ensemble-level di↵erences from a geometric perspective is important
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comparing two high-dimensional datasets. Traditionally, when analyzing molecular simulations,
this problem is circumvented by first reducing the dimensions of the two ensembles separately,
and then comparing summary statistics from the two ensembles against each other. However,
since dimensionality reduction is carried out prior to comparison of ensembles, such strategies are
susceptible to artifactual biases from information loss. Here we introduce a method based on support
vector machines (SVM) that compares 3-d ensembles directly against one another in the Hilbert
space without a prerequisite reduction in phase space. While this method can be applied to any
molecular system, here we explore its sensitivity toward model systems comprised of amino acids.
We also apply the technique to identify the specific regions of a paramyxovirus G protein that are
a↵ected by the binding of its preferred human receptor, Ephrin B2. We find that the specific regions
identified by this method include the set of amino acids that are known from experimental studies
to play a vital role in viral fusion. The configurational ensembles of the viral protein in both its
bound and unbound states were generated using all-atom molecular dynamics simulations.
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molecular assemblies. Moreover, the extent of the change
in molecular motion is dependent upon multiple factors,
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the perturbation or external potential. A quantitative
characterization of such changes in molecular motion is
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spectives because it provides a basis to associate changes
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Fig. 2. Changes in ion complexation enthalpies (��H) and free energies

(��G) due to methyl groups. �H and �G were estimated separately for re-

actions A + nX ⌦ AXn in which A is an ion, Na+, K+ or Ba2+, and X is

a ligand molecule, water (W ), methanol (M ), ethanol (E ) or propanol (P). The

reactions were then combined to obtain ��H and ��G. All values are reported

in kcal/mol.

Fig. 3. E↵ect of T!S substitution on electron densities. Di↵erences between the

electronic densities of (BaT++
4 � 4CH3)� (BaS++

4 � 4H), calculated with

PBE0+vdW, are shown. The geometry used was that of the fully relaxed (PBE+vdW)

BaT++
4 complex. To build BaS++

4 the CH3 groups of T were substituted by

H atoms and only these were relaxed. The di↵erence in electron density shown thus

corresponds to the e↵ect of polarization on the electronic densities caused by the

addition of methyl groups.

Materials and Methods

All geometric relaxations were performed with the all-electron, localized basis

(numeric atom-centered orbitals) program package FHI-aims [22, 23], where we em-
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ion-coordination number. This non-linearity emerges as a
consequence of repulsion between the coordinating ligands
[23, 36, 37]. Finally, �H and �G, also depend on the
charge/size ratio of the ion, and once again, we find a non-
linear relationship between the charge/size ratio of the ion and
the magnitude of the thermodynamic change. Doubling the
charge/size ratio of the ion does not necessarily imply that the
stability of the complex also increases by a factor of two, as
may be the case when induced e↵ects are small. For example,
while the �G associated with a K+W ! K+M substitution is
-1.9 kcal/mol, the �G associated with the Ba2+W ! Ba2+M
substitution is -7.9 kcal/mol, which is a 4-fold change instead
of a 2-fold change. This additional non-linear e↵ect also un-
derscores the importance of explicit polarization e↵ects in ion
complexation [23].

In the calculations above, the small molecules have similar
gas phase dipole moments, but markedly di↵erent polarizabil-
ities, and a ligand with a higher polarizability produces, in
general, a more stable ion complex. Can ligands with simi-
lar gas phase dipole moments as well as static dipole polariz-
abilties produce complexes with markedly di↵erent stabilities?
Butanol has three di↵erent isomers, n-butanol (B), isobutanol
(iB) and 2-butanol (2B). While these isomers have compara-
ble gas phase dipole moments (⇠1.7 Debye) and polarizabili-
ties (⇠8.9 Å3)[3], the di↵erences in their chemical structures
will result in di↵erent distributions of methyl groups and/or
methylene bridges around the ion. Consequently, despite hav-
ing similar polarizabilities, they will respond to the distance–
dependent field of the ion di↵erently, and the closer proxim-
ity of methyl groups in isobutanol and 2-butanol to the ion,
compared to n-butanol, can be expected to increase the sta-
bility of the complex. To quantify this e↵ect we carry out
substitution reactions (Equ. 1) involving these three butanol
isomers. The results are plotted in Fig. 3. Indeed, we find
that the isobutanol and 2-butanol complexes are more stable
than the corresponding n-butanol complexes. Furthermore,
complexes comprising of 2-butanols are more stable than the
corresponding complexes comprising of isobutanols, as one of
the two terminal methyl groups of 2-butanol is closer to the
ion than that of isobutanol. Thus, in addition to the static
dipole polarizabilities of the methyl groups, the distribution
of methyl groups around the ion also plays a role in ion com-
plex stability. We also note that the distances of the ions from
the closest methyl groups of 2-butanol (⇠5 Å) are compara-
ble to the distances of ions from the branched methyl group
of threonine in the S4 site of KcsA [7, 11]. This suggests fur-
ther that the reduction in methyl–induced polarization due to
T!S substitutions in the S4 sites of K–channels can reduce
the binding a�nities of all three ions significantly.

ABn ! A(2B)n

Fig. 3. E↵ect of butanol isoform on ion complexation enthalpies (�H). The

enthalpies are estimated at 298 K for the substitution reactions given by Equ. 1,

which are denoted as AXn ! AX0
n. All energies are in units of kcal/mol.

In the S4 sites of K–channels the ions coordinate with
eight ligands, and not just four hydroxyl ligands as studied
above. Consequently, the repulsion between the coordinating
ligands will be larger in the S4 site, which could reduce or
wash out the contribution of the threonine methyl groups to
the binding of ions at the S4 site. Furthermore, a T!S sub-
stitution may also alter the manner in which the coordinating
groups of the S4 site interact with ions.

To resolve these issues and understand how the threonine
methyl groups contribute to K–channel function, we consider
an isolated S4 site composed of threonine residues. In this
representative model, we substitute, in unit increments, the
threonines with serines, that is,

AT4 + nS ⌦ AT4�nSn + nT, [2]

and estimate the changes in free energy in the gas phase (Ta-
ble 1). We find that the repulsion between the eight coordi-
nating groups is not large enough to counteract the stabiliza-
tion provided by the presence of methyl groups. The a�nity
of the S4 site for all three ions, Na+, K+ and Ba2+, dimin-
ishes, although non-linearly, with each threonine substitution.
Furthermore, these substitutions result in only minor config-
urational changes that do not alter the overall topology of
the S4 site (Table S2 of supporting information), which im-
plies that the e↵ect of T!S substitutions on configurational
entropy will be minimal, and may be neglected. While we
find that the configurational change is generally higher in the
case of Ba2+ complexes as compared to Na+ and K+ com-
plexes, we also note that optimizations of Ba2+ complexes
following T!S substitutions, but under heavy atom position
restraints, result in a higher drop in S4 site a�nity. For ex-
ample, a BaT4 ! BaS4 substitution followed by a constrained
optimization yields a �E = XX kcal/mol, as opposed to a �E
= XX kcal/mol obtained after an unconstrained optimization.
This indicates that if the K–channel matrix were rigid to dis-
allow a structural change, a T!S substitution will result in
a higher loss in S4 site a�nity for Ba2+, as compared to the
results in Table 1. Together, this suggests that the loss in
a�nity of the S4 site noted in Table 1 is not a result of altered
ion–binding topologies, but is primarily due to a reduction in
the methyl–induced polarization of the S4 site.

When all four threonines are replaced by serines, the es-
timated drop in the a�nity of the S4 site is the highest for
Ba2+ (Table 1). The free energy di↵erence of 6.9 kcal/mol is
equivalent to a 106-fold drop in binding a�nity, where more
than half of the a�nity drop is due to a loss in dispersion
energy (Table S3 of supporting information). The net drop in
Ba2+ binding a�nity accounts for the change in half maximal
inhibitory concentrations (IC50) of Ba2+ seen in T!S substi-
tution experiments [16]. In addition, it also accounts for the
di↵erence between the Kir 2.4 and Kir 2.1 experimental IC50

values of Ba2+ [20, 21], as Kir 2.4 carries a serine and Kir 2.1
a threonine in the S4 site.

The computed drop in stability is, however, greater than
that inferred from experiments (by over 3 kcal/mol). This dis-
crepancy does not result from the pairwise approximation [31]
employed in the estimation of the dispersion energy. While
many-body dispersion terms can contribute significantly to
ligand binding [38], we find their contribution to be only
0.3 kcal/mol to the BaT4 ! BaS4 substitution reaction (Ta-
ble S4 of supporting information). We also do not expect
this discrepancy to be due to the missing structural restraints
from the protein matrix on the isolated S4 site, as the T!S
substitutions are accompanied by only minor configurational
changes (Table S2 of supporting information). The overesti-
mated drop in Ba2+ binding a�nity is most likely because our
calculations lack a polarization coupling between the S4 site
and its external environment. Fig. 4 shows that the polar-
ization in the electron density of the threonine methyl groups
is along the electric field of the Ba2+ ion, which maximizes
the contribution of methyl polarization to Ba2+ binding. The
presence of other polar chemical moieties proximal to the S4
site, including water molecules, can reduce the contribution
of polarization and thereby the overall e↵ect of T!S substi-
tutions on Ba2+ binding. Thermodynamically, this reduction

Footline Author PNAS Issue Date Volume Issue Number 3

trons - ALEX/MARIANA - PLEASE ELABORATE...We em-
ploy the recently developed...We use density-functional theory
within the PBE [18] and PBE0 [19, 20] approximations for the
exchange-correlation potential. In addition, we employ a re-
cently developed van der Waals (vdW) correction scheme [21]
based on a summation of pairwise C6[n]/R6 terms, where the
C6 coe�cients are based on the self-consistent electronic den-
sity. This approach allows us to treat accurately the energetics
and e↵ects of polarization in our systems.

We find that a T!S substitution is accompanied with only
minor structural changes. In addition, we find that the reduc-
tion in polarizability of S4 associated with a T!S substitu-
tion is su�cient to explain experimental observations.These
studies provide, in general, a vivid example of how peptide
function is influenced by the polarizability of methyl groups,
especially those that are proximal to charged moieties, includ-
ing ions, titratable side-acids and phosphates.

Results and Discussion
To understand how T!S substitutions in the S4 site a↵ect K–
channel function, we examine first the general consequences
of methyl polarizability on the thermodynamics of ion bind-
ing. We estimate the gas phase enthalpies and free energies
of Na+, K+ and Ba2+ ion binding to four di↵erent molecules,
namely water, methanol, ethanol and propanol. While all
these molecules provide hydroxyl ligands for ion-coordination,
they di↵er from each other in the number of methyl groups
they carry. Consequently they have di↵erent static average
ground-state dipole polarizabilities of 1.5, 3.3, 5.4 and 6.7 Å3,
respectively [15]. The results of these calculations are plotted
in Fig. 2. We find that while the addition of methyl groups
enhance the stability of the complex, the e↵ect decreases with
each incremental addition. In addition, multibody e↵ects are
the e↵ect of coordination number is non-trivial.

Table 2. distance between methyl and K ion in the s4 site
is about 5 Å
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The ensemble of 3-d configurations exhibited by a molecule, that is, its intrinsic motion, can be
altered by numerous environmental factors, such as temperature, and also by the binding of other
molecules. An understanding of ensemble-level di↵erences from a geometric perspective is important
because it provides a basis for relating thermodynamic changes to changes in molecular motion.
The task of di↵erentiating two configurational ensembles is, however, challenging because it requires
comparing two high-dimensional datasets. Traditionally, when analyzing molecular simulations,
this problem is circumvented by first reducing the dimensions of the two ensembles separately,
and then comparing summary statistics from the two ensembles against each other. However,
since dimensionality reduction is carried out prior to comparison of ensembles, such strategies are
susceptible to artifactual biases from information loss. Here we introduce a method based on support
vector machines (SVM) that compares 3-d ensembles directly against one another in the Hilbert
space without a prerequisite reduction in phase space. While this method can be applied to any
molecular system, here we explore its sensitivity toward model systems comprised of amino acids.
We also apply the technique to identify the specific regions of a paramyxovirus G protein that are
a↵ected by the binding of its preferred human receptor, Ephrin B2. We find that the specific regions
identified by this method include the set of amino acids that are known from experimental studies
to play a vital role in viral fusion. The configurational ensembles of the viral protein in both its
bound and unbound states were generated using all-atom molecular dynamics simulations.

INTRODUCTION

The ensemble of 3-d configurations exhibited by a
molecule, that is, its intrinsic motion, is correlated with
the properties of its environment [1–12]. Changes in
intensive variables, such as temperature and pressure,
modify the intrinsic motion of a molecule. Additionally,
molecular motion also changes as a result of binding with
other molecules, such as in ligand-substrate complexes or
molecular assemblies. Moreover, the extent of the change
in molecular motion is dependent upon multiple factors,
including properties of the molecule and the nature of
the perturbation or external potential. A quantitative
characterization of such changes in molecular motion is
important from both scientific as well as engineering per-
spectives because it provides a basis to associate changes

in thermodynamic properties directly with corresponding
changes in molecular motion.

Di�erentiating between two ensembles of molecular
configurations is, however, challenging. The challenge
lies in comparing two sets of high-dimension data. For
the motion of a n-particle molecule represented by m-
configurations, {an(x)}m

1 , the task of di�erentiating it
from the molecule’s reference state, {an(x0)}m

1 , involves
comparing two 3n-dimensional vector spaces. Tradition-
ally, when analyzing molecular simulations, this prob-
lem is dealt with by first reducing the dimensions of the
two ensembles separately, and then comparing the result-
ing summary statistics from the two ensembles against
each other [13]. Dimensionality reduction is carried out,
for example, by averaging over n-space that involves
particle-clustering or averaging over m-space that yields
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H atoms and only these were relaxed. The di↵erence in electron density shown thus

corresponds to the e↵ect of polarization on the electronic densities caused by the

addition of methyl groups.

Materials and Methods

All geometric relaxations were performed with the all-electron, localized basis

(numeric atom-centered orbitals) program package FHI-aims [22, 23], where we em-

2 www.pnas.org/cgi/doi/10.1073/pnas.0709640104 Footline Author

non–linearly on ion coordination number. This non-linearity
emerges as a consequence of repulsion between the coordinat-
ing ligands [23, 36, 37]. Finally, �H and �G also depend on
the charge/size ratio of the ion, and once again, we find a non-
linear relationship between the charge/size ratio of the ion and
the magnitude of the thermodynamic change. Doubling the
charge/size ratio of the ion does not necessarily imply that the
stability of the complex also increases by a factor of two, as
may be the case when induced e↵ects are small. For example,
while the �G associated with a K+W ! K+M substitution is
-1.9 kcal/mol, the �G associated with the Ba2+W ! Ba2+M
substitution is -7.9 kcal/mol, which is a 4-fold change instead
of a 2-fold change. This additional non-linear e↵ect also un-
derscores the importance of explicit polarization e↵ects in ion
complexation [23].

In the calculations above, the small molecules have similar
gas phase dipole moments, but markedly di↵erent polarizabil-
ities. A ligand with a higher polarizability produces, in gen-
eral, a more stable ion complex. Can ligands with similar gas
phase dipole moments as well as static dipole polarizabilties
produce complexes with markedly di↵erent stabilities? Bu-
tanol has three di↵erent isomers, n-butanol (B), isobutanol
(iB) and 2-butanol (2B). While these isomers have compara-
ble gas phase dipole moments (⇠1.7 Debye) and polarizabili-
ties (⇠8.9 Å3)[3], the di↵erences in their chemical structures
will result in di↵erent distributions of methyl groups and/or
methylene bridges around the ion. Consequently, despite their
similar polarizabilities, they will respond to the spatially vary-
ing field di↵erently. It may also be expected that the closer
proximity of the ion to the methyl groups in isobutanol and 2-
butanol, compared to n-butanol, will result in higher complex
stabilities.

To quantify this, we carry out substitution reactions
(Equ. 1) involving these three butanol isomers. The results
are plotted in Fig. 3. Indeed, we find that the isobutanol
and 2-butanol complexes are, in general, more stable than
the corresponding n-butanol complexes. Similar to the study
above, �H depends non–linearly on ion coordination num-
ber; a non–linearity that emerges from ligand-ligand repulsion
[23, 36, 37], which increases with ligand number. Therefore,
packing increasingly higher numbers of methyl groups around
the ion does not necessarily imply that the stability of the ion
complex will increase. For example, while �H = �3 kcal/mol
for the substitution reaction K(B)2 ! K(2B)2, �H ⇠ 0 for
the substitution reaction K(B)4 ! K(2B)4. In addition, de-
spite the fact that one of the two terminal methyl groups of
2-butanol is closer to the ion than that of isobutanol, com-
plexes comprised of 2-butanols are not necessarily more sta-
ble than the corresponding complexes of isobutanols. Thus,
in addition to the static dipole polarizabilities of the methyl
groups, their distribution around the ion also matter.

We note that while the distances of the ions from the clos-
est methyl groups of 2-butanol (⇠5 Å) are comparable to the
distances of ions from the branched methyl group of threonine
in the S4 site of KcsA [7, 11], the packing of methyl groups
in the 4-fold 2-butanol complexes (tetrahedral geometry) is
denser than the that in the S4 site of KcsA (Fig. 1). This sug-
gests that the reduction in methyl–induced polarization from
T!S substations will reduce ion stabilities in the S4 sites of
K–channels. However, in the S4 sites of K–channels the ions
coordinate with eight ligands, and not just four hydroxyl lig-
ands as studied above. Consequently, the repulsion between
the coordinating ligands can be larger in the S4 site, which
could reduce or wash out the contribution of the threonine
methyl groups to the binding of ions at the S4 site. Further-

more, a T!S substitution may also alter the manner in which
the coordinating groups of the S4 site interact with ions.
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trons-ALEX/MARIANA-PLEASEELABORATE...Weem-
ploytherecentlydeveloped...Weusedensity-functionaltheory
withinthePBE[18]andPBE0[19,20]approximationsforthe
exchange-correlationpotential.Inaddition,weemployare-
centlydevelopedvanderWaals(vdW)correctionscheme[21]
basedonasummationofpairwiseC6[n]/R

6
terms,wherethe

C6coe�cientsarebasedontheself-consistentelectronicden-
sity.Thisapproachallowsustotreataccuratelytheenergetics
ande↵ectsofpolarizationinoursystems.

WefindthataT!Ssubstitutionisaccompaniedwithonly
minorstructuralchanges.Inaddition,wefindthatthereduc-
tioninpolarizabilityofS4associatedwithaT!Ssubstitu-
tionissu�cienttoexplainexperimentalobservations.These
studiesprovide,ingeneral,avividexampleofhowpeptide
functionisinfluencedbythepolarizabilityofmethylgroups,
especiallythosethatareproximaltochargedmoieties,includ-
ingions,titratableside-acidsandphosphates.

ResultsandDiscussion
TounderstandhowT!SsubstitutionsintheS4sitea↵ectK–
channelfunction,weexaminefirstthegeneralconsequences
ofmethylpolarizabilityonthethermodynamicsofionbind-
ing.Weestimatethegasphaseenthalpiesandfreeenergies
ofNa

+
,K

+
andBa

2+
ionbindingtofourdi↵erentmolecules,

namelywater,methanol,ethanolandpropanol.Whileall
thesemoleculesprovidehydroxylligandsforion-coordination,
theydi↵erfromeachotherinthenumberofmethylgroups
theycarry.Consequentlytheyhavedi↵erentstaticaverage
ground-statedipolepolarizabilitiesof1.5,3.3,5.4and6.7Å

3
,

respectively[15].Theresultsofthesecalculationsareplotted
inFig.2.Wefindthatwhiletheadditionofmethylgroups
enhancethestabilityofthecomplex,thee↵ectdecreaseswith
eachincrementaladdition.Inaddition,multibodye↵ectsare
thee↵ectofcoordinationnumberisnon-trivial.

Table2.distancebetweenmethylandKioninthes4site
isabout5Å
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Theensembleof3-dconfigurationsexhibitedbyamolecule,thatis,itsintrinsicmotion,canbe
alteredbynumerousenvironmentalfactors,suchastemperature,andalsobythebindingofother
molecules.Anunderstandingofensemble-leveldi↵erencesfromageometricperspectiveisimportant
becauseitprovidesabasisforrelatingthermodynamicchangestochangesinmolecularmotion.
Thetaskofdi↵erentiatingtwoconfigurationalensemblesis,however,challengingbecauseitrequires
comparingtwohigh-dimensionaldatasets.Traditionally,whenanalyzingmolecularsimulations,
thisproblemiscircumventedbyfirstreducingthedimensionsofthetwoensemblesseparately,
andthencomparingsummarystatisticsfromthetwoensemblesagainsteachother.However,
sincedimensionalityreductioniscarriedoutpriortocomparisonofensembles,suchstrategiesare
susceptibletoartifactualbiasesfrominformationloss.Hereweintroduceamethodbasedonsupport
vectormachines(SVM)thatcompares3-densemblesdirectlyagainstoneanotherintheHilbert
spacewithoutaprerequisitereductioninphasespace.Whilethismethodcanbeappliedtoany
molecularsystem,hereweexploreitssensitivitytowardmodelsystemscomprisedofaminoacids.
WealsoapplythetechniquetoidentifythespecificregionsofaparamyxovirusGproteinthatare
a↵ectedbythebindingofitspreferredhumanreceptor,EphrinB2.Wefindthatthespecificregions
identifiedbythismethodincludethesetofaminoacidsthatareknownfromexperimentalstudies
toplayavitalroleinviralfusion.Theconfigurationalensemblesoftheviralproteininbothits
boundandunboundstatesweregeneratedusingall-atommoleculardynamicssimulations.

INTRODUCTION

Theensembleof3-dconfigurationsexhibitedbya
molecule,thatis,itsintrinsicmotion,iscorrelatedwith
thepropertiesofitsenvironment[1–12].Changesin
intensivevariables,suchastemperatureandpressure,
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Fig.2.Changesinioncomplexationenthalpies(��H)andfreeenergies

(��G)duetomethylgroups.�Hand�Gwereestimatedseparatelyforre-

actionsA+nX⌦AXninwhichAisanion,Na+,K+orBa2+,andXis

aligandmolecule,water(W),methanol(M),ethanol(E)orpropanol(P).The

reactionswerethencombinedtoobtain��Hand��G.Allvaluesarereported

inkcal/mol.

Fig.3.E↵ectofT!Ssubstitutiononelectrondensities.Di↵erencesbetweenthe

electronicdensitiesof(BaT
++
4�4CH3)�(BaS

++
4�4H),calculatedwith

PBE0+vdW,areshown.Thegeometryusedwasthatofthefullyrelaxed(PBE+vdW)

BaT
++
4complex.TobuildBaS

++
4theCH3groupsofTweresubstitutedby

Hatomsandonlythesewererelaxed.Thedi↵erenceinelectrondensityshownthus

correspondstothee↵ectofpolarizationontheelectronicdensitiescausedbythe

additionofmethylgroups.

MaterialsandMethods

Allgeometricrelaxationswereperformedwiththeall-electron,localizedbasis

(numericatom-centeredorbitals)programpackageFHI-aims[22,23],whereweem-

2www.pnas.org/cgi/doi/10.1073/pnas.0709640104FootlineAuthor
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m
-

co
n
fi
gu

ra
ti

on
s,

{a
n
(x

)}
m 1

,
th

e
ta

sk
of

d
i�

er
en

ti
at

in
g

it
fr

om
th

e
m

ol
ec

u
le

’s
re

fe
re

n
ce

st
at

e,
{a

n
(x

0
)}

m 1
,
in

vo
lv

es
co

m
p
ar

in
g

tw
o

3n
-d

im
en

si
on

al
ve

ct
or

sp
ac

es
.

T
ra

d
it

io
n
-

al
ly

,
w

h
en

an
al

y
zi

n
g

m
ol

ec
u
la

r
si

m
u
la

ti
on

s,
th

is
p
ro

b
-

le
m

is
d
ea

lt
w

it
h

b
y

fi
rs

t
re

d
u
ci

n
g

th
e

d
im

en
si

on
s

of
th

e
tw

o
en

se
m

b
le

s
se

p
ar

at
el

y,
an

d
th

en
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m
p
ar

in
g
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e
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lt
-

in
g
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m

m
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y
st
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ti
cs

fr
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th
e
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o

en
se

m
b
le

s
ag

ai
n
st

ea
ch

ot
h
er

[1
3]
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D
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on
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y
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d
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n
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b
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e
th

at
in

vo
lv

es
p
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e
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e
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�

A
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n
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e

C
h
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c
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z
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n
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f
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c

M
o
le

c
u
la

r
M

o
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o
n

U
si

n
g

S
u
p
p
o
rt

V
e
c
to

r
M

a
ch

in
e
s

R
a
lp

h
E

.
L
ei

g
h
ty

1
a
n
d

S
a
m

ee
r

V
a
rm

a
1
,2

,3
,�

1
D

ep
a
rt

m
en

t
o
f

C
el

l
B
io

lo
gy

,
M

ic
ro

bi
o
lo

gy
a
n
d

M
o
le
cu

la
r

B
io

lo
gy

,
2
D

ep
a
rt

m
en

t
o
f

P
h
y
si

cs
,

U
n
iv

er
si

ty
o
f

S
o
u
th

F
lo

ri
d
a
,

T
a
m
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,

F
L

3
3
6
2
0
,

U
S
A

a
n
d

3
In

st
it
u
te

o
f
P
u
re

a
n
d

A
p
p
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ed

M
a
th

em
a
ti
cs

,
U

n
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er
si

ty
o
f
C

a
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rn
ia

L
o
s

A
n
ge

le
s,

L
o
s

A
n
ge

le
s,

C
A

9
0
0
9
5
,
U

S
A

(D
a
te

d
:

J
u
ly

3
0
,
2
0
1
2

D
R

A
F
T

)

T
h
e

en
se

m
b
le

o
f

3
-d

co
n
fi
g
u
ra

ti
o
n
s

ex
h
ib

it
ed

b
y

a
m

o
le

cu
le

,
th

a
t

is
,

it
s

in
tr

in
si

c
m

o
ti

o
n
,

ca
n

b
e

a
lt

er
ed

b
y

n
u
m

er
o
u
s

en
v
ir

o
n
m

en
ta

l
fa

ct
o
rs

,
su

ch
a
s

te
m

p
er

a
tu

re
,
a
n
d

a
ls

o
b
y

th
e

b
in

d
in

g
o
f
o
th

er
m

o
le

cu
le

s.
A

n
u
n
d
er

st
a
n
d
in

g
o
f
en

se
m

b
le

-l
ev

el
d
i↵

er
en

ce
s
fr

o
m

a
g
eo

m
et

ri
c

p
er

sp
ec

ti
v
e
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im

p
o
rt

a
n
t

b
ec

a
u
se

it
p
ro

v
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es
a

b
a
si

s
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r
re
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ti

n
g
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m
o
d
y
n
a
m
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ch

a
n
g
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ch

a
n
g
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m

o
le
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la

r
m

o
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o
n
.

T
h
e

ta
sk

o
f
d
i↵

er
en

ti
a
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n
g
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o

co
n
fi
g
u
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ti
o
n
a
l
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se
m

b
le

s
is

,
h
o
w

ev
er

,
ch

a
ll
en

g
in

g
b
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a
u
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it
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q
u
ir
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m
p
a
ri

n
g
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o

h
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h
-d
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en
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o
n
a
l

d
a
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.
T
ra

d
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io
n
a
ll
y,

w
h
en

a
n
a
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zi
n
g

m
o
le

cu
la

r
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m
u
la

ti
o
n
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b
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m
is
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u
m
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d

b
y
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d
u
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n
g

th
e

d
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o
n
s
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f
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e
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o
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m
b
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p
a
ra
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m

p
a
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n
g
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m

m
a
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a
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o
m
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e
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o
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m
b
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s
a
g
a
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o
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.

H
o
w

ev
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,
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n
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d
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o
n
a
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d
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n
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rr
ie

d
o
u
t

p
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o
r
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m
p
a
ri
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n

o
f
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m
b
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ch
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g
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s
a
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b
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a
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a
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u
a
l
b
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s
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o
m
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a
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o
n
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.
H

er
e

w
e

in
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o
d
u
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a
m
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h
o
d

b
a
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d
o
n
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p
p
o
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v
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r

m
a
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V

M
)
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a
t
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m

p
a
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s
3
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en
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m
b
le

s
d
ir
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tl

y
a
g
a
in

st
o
n
e

a
n
o
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er
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e

H
il
b
er

t
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a
ce

w
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h
o
u
t

a
p
re
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q
u
is

it
e

re
d
u
ct

io
n

in
p
h
a
se
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a
ce

.
W

h
il
e

th
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m
et

h
o
d
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n

b
e

a
p
p
li
ed
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a
n
y

m
o
le
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la

r
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st
em

,
h
er

e
w

e
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p
lo

re
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s
se

n
si

ti
v
it
y

to
w

a
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m
o
d
el

sy
st
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s
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m

p
ri

se
d

o
f

a
m

in
o

a
ci

d
s.

W
e

a
ls

o
a
p
p
ly

th
e

te
ch

n
iq

u
e

to
id

en
ti

fy
th

e
sp

ec
ifi

c
re

g
io

n
s

o
f
a

p
a
ra

m
y
x
o
v
ir

u
s

G
p
ro

te
in

th
a
t

a
re

a
↵
ec

te
d

b
y

th
e

b
in

d
in

g
o
f
it

s
p
re

fe
rr

ed
h
u
m

a
n

re
ce

p
to

r,
E

p
h
ri

n
B

2
.

W
e

fi
n
d

th
a
t
th

e
sp

ec
ifi

c
re

g
io

n
s

id
en

ti
fi
ed

b
y

th
is

m
et

h
o
d

in
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u
d
e

th
e

se
t

o
f
a
m

in
o

a
ci

d
s

th
a
t

a
re

k
n
o
w

n
fr

o
m

ex
p
er

im
en

ta
l
st

u
d
ie

s
to

p
la

y
a

v
it

a
l

ro
le

in
v
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a
l

fu
si

o
n
.

T
h
e

co
n
fi
g
u
ra

ti
o
n
a
l

en
se

m
b
le

s
o
f

th
e

v
ir

a
l

p
ro

te
in

in
b
o
th

it
s

b
o
u
n
d

a
n
d

u
n
b
o
u
n
d

st
a
te

s
w

er
e

g
en

er
a
te

d
u
si

n
g

a
ll
-a

to
m

m
o
le

cu
la

r
d
y
n
a
m
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s

si
m

u
la

ti
o
n
s.

IN
T

R
O

D
U

C
T

IO
N

T
h
e

en
se

m
b
le

o
f

3
-d

co
n
fi
g
u
ra

ti
o
n
s

ex
h
ib

it
ed

b
y

a
m

o
le

cu
le

,
th

a
t

is
,
it

s
in

tr
in

si
c

m
o
ti

o
n
,
is

co
rr

el
a
te

d
w

it
h

th
e

p
ro

p
er

ti
es

o
f

it
s

en
v
ir

o
n
m

en
t

[1
–
1
2
].

C
h
a
n
g
es

in
in

te
n
si

v
e

va
ri

a
b
le

s,
su

ch
a
s

te
m

p
er

a
tu

re
a
n
d

p
re

ss
u
re

,
m

o
d
if
y

th
e

in
tr

in
si

c
m

o
ti

o
n

o
f
a

m
o
le

cu
le

.
A

d
d
it

io
n
a
ll
y,

m
o
le

cu
la

r
m

o
ti

o
n

a
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o
ch

a
n
g
es

a
s
a

re
su

lt
o
f
b
in

d
in

g
w

it
h

o
th

er
m

o
le

cu
le

s,
su

ch
a
s
in

li
g
a
n
d
-s

u
b
st

ra
te
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m

p
le

x
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o
r

m
o
le

cu
la

r
a
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b
li
es

.
M

o
re

ov
er

,
th

e
ex

te
n
t
o
f
th

e
ch

a
n
g
e

in
m

o
le

cu
la

r
m

o
ti

o
n

is
d
ep

en
d
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t
u
p
o
n

m
u
lt

ip
le
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ct

o
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,
in
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u
d
in

g
p
ro

p
er

ti
es

o
f

th
e

m
o
le

cu
le

a
n
d

th
e

n
a
tu

re
o
f

th
e

p
er

tu
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a
ti

o
n

o
r

ex
te

rn
a
l

p
o
te

n
ti

a
l.

A
q
u
a
n
ti

ta
ti

v
e

ch
a
ra

ct
er

iz
a
ti

o
n

o
f

su
ch

ch
a
n
g
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in
m

o
le

cu
la

r
m

o
ti

o
n

is
im

p
o
rt

a
n
t
fr

o
m

b
o
th

sc
ie

n
ti

fi
c

a
s

w
el

l
a
s

en
g
in

ee
ri

n
g

p
er

-
sp
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v
es

b
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a
u
se

it
p
ro

v
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es
a

b
a
si

s
to

a
ss

o
ci

a
te

ch
a
n
g
es

in
th

er
m

o
d
y
n
a
m

ic
p
ro

p
er

ti
es

d
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y
w

it
h
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es
p
o
n
d
in

g
ch

a
n
g
es

in
m

o
le
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la

r
m

o
ti

o
n
.

D
i�

er
en

ti
a
ti

n
g

b
et

w
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n
tw

o
en

se
m

b
le

s
o
f

m
o
le

cu
la

r
co

n
fi
g
u
ra

ti
o
n
s
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,

h
ow

ev
er

,
ch

a
ll
en

g
in

g
.

T
h
e

ch
a
ll
en

g
e

li
es

in
co

m
p
a
ri

n
g
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o
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o
f

h
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h
-d

im
en
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o
n

d
a
ta

.
F
o
r

th
e

m
o
ti

o
n

o
f

a
n
-p

a
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m
o
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re
p
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n
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d
b
y

m
-
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n
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g
u
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ti
o
n
s,
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m 1

,
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e
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o
f

d
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ti
a
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n
g
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fr

o
m
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e

m
o
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’s
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n
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st
a
te

,
{a
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,
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v
o
lv
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m
p
a
ri

n
g

tw
o

3
n
-d
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en

si
o
n
a
l
v
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to
r

sp
a
ce

s.
T
ra

d
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io
n
-

a
ll
y,

w
h
en

a
n
a
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n
g

m
o
le

cu
la

r
si

m
u
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ti
o
n
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p
ro

b
-
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m
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d
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w
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h

b
y

fi
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d
u
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n
g

th
e
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o
n
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e
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en
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m

b
le
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th
en
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m

p
a
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n
g
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e
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-
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g
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m

m
a
ry
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a
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s
fr

o
m

th
e
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o
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m
b
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s
a
g
a
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3
].
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p
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b
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n
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C
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n
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,
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a
rt
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P
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T
a
m

pa
,

F
L

3
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n
d

3
In

st
it
u
te

o
f
P
u
re

a
n
d

A
p
p
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U

n
iv
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0
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T
h
e
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m
b
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o
f

3
-d

co
n
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g
u
ra

ti
o
n
s

ex
h
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it
ed

b
y

a
m

o
le
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le

,
th

a
t

is
,

it
s

in
tr

in
si

c
m

o
ti

o
n
,
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n

b
e

a
lt

er
ed

b
y

n
u
m

er
o
u
s

en
v
ir

o
n
m

en
ta

l
fa

ct
o
rs

,
su

ch
a
s

te
m

p
er

a
tu

re
,
a
n
d

a
ls

o
b
y

th
e

b
in

d
in

g
o
f
o
th

er
m

o
le

cu
le

s.
A

n
u
n
d
er

st
a
n
d
in

g
o
f
en

se
m

b
le

-l
ev
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d
i↵
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en
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s
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o
m
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g
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ri
c

p
er
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ec

ti
v
e
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im

p
o
rt
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n
t

b
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a
u
se

it
p
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a

b
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si
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n
g
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er
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o
d
y
n
a
m
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ch

a
n
g
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a
n
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o
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r
m

o
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o
n
.

T
h
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sk
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f
d
i↵

er
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trons-ALEX/MARIANA-PLEASEELABORATE...Weem-
ploytherecentlydeveloped...Weusedensity-functionaltheory
withinthePBE[18]andPBE0[19,20]approximationsforthe
exchange-correlationpotential.Inaddition,weemployare-
centlydevelopedvanderWaals(vdW)correctionscheme[21]
basedonasummationofpairwiseC6[n]/R

6
terms,wherethe

C6coe�cientsarebasedontheself-consistentelectronicden-
sity.Thisapproachallowsustotreataccuratelytheenergetics
ande↵ectsofpolarizationinoursystems.

WefindthataT!Ssubstitutionisaccompaniedwithonly
minorstructuralchanges.Inaddition,wefindthatthereduc-
tioninpolarizabilityofS4associatedwithaT!Ssubstitu-
tionissu�cienttoexplainexperimentalobservations.These
studiesprovide,ingeneral,avividexampleofhowpeptide
functionisinfluencedbythepolarizabilityofmethylgroups,
especiallythosethatareproximaltochargedmoieties,includ-
ingions,titratableside-acidsandphosphates.

ResultsandDiscussion
TounderstandhowT!SsubstitutionsintheS4sitea↵ectK–
channelfunction,weexaminefirstthegeneralconsequences
ofmethylpolarizabilityonthethermodynamicsofionbind-
ing.Weestimatethegasphaseenthalpiesandfreeenergies
ofNa

+
,K

+
andBa

2+
ionbindingtofourdi↵erentmolecules,

namelywater,methanol,ethanolandpropanol.Whileall
thesemoleculesprovidehydroxylligandsforion-coordination,
theydi↵erfromeachotherinthenumberofmethylgroups
theycarry.Consequentlytheyhavedi↵erentstaticaverage
ground-statedipolepolarizabilitiesof1.5,3.3,5.4and6.7Å

3
,

respectively[15].Theresultsofthesecalculationsareplotted
inFig.2.Wefindthatwhiletheadditionofmethylgroups
enhancethestabilityofthecomplex,thee↵ectdecreaseswith
eachincrementaladdition.Inaddition,multibodye↵ectsare
thee↵ectofcoordinationnumberisnon-trivial.

Table2.distancebetweenmethylandKioninthes4site
isabout5Å
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Theensembleof3-dconfigurationsexhibitedbyamolecule,thatis,itsintrinsicmotion,canbe
alteredbynumerousenvironmentalfactors,suchastemperature,andalsobythebindingofother
molecules.Anunderstandingofensemble-leveldi↵erencesfromageometricperspectiveisimportant
becauseitprovidesabasisforrelatingthermodynamicchangestochangesinmolecularmotion.
Thetaskofdi↵erentiatingtwoconfigurationalensemblesis,however,challengingbecauseitrequires
comparingtwohigh-dimensionaldatasets.Traditionally,whenanalyzingmolecularsimulations,
thisproblemiscircumventedbyfirstreducingthedimensionsofthetwoensemblesseparately,
andthencomparingsummarystatisticsfromthetwoensemblesagainsteachother.However,
sincedimensionalityreductioniscarriedoutpriortocomparisonofensembles,suchstrategiesare
susceptibletoartifactualbiasesfrominformationloss.Hereweintroduceamethodbasedonsupport
vectormachines(SVM)thatcompares3-densemblesdirectlyagainstoneanotherintheHilbert
spacewithoutaprerequisitereductioninphasespace.Whilethismethodcanbeappliedtoany
molecularsystem,hereweexploreitssensitivitytowardmodelsystemscomprisedofaminoacids.
WealsoapplythetechniquetoidentifythespecificregionsofaparamyxovirusGproteinthatare
a↵ectedbythebindingofitspreferredhumanreceptor,EphrinB2.Wefindthatthespecificregions
identifiedbythismethodincludethesetofaminoacidsthatareknownfromexperimentalstudies
toplayavitalroleinviralfusion.Theconfigurationalensemblesoftheviralproteininbothits
boundandunboundstatesweregeneratedusingall-atommoleculardynamicssimulations.

INTRODUCTION

Theensembleof3-dconfigurationsexhibitedbya
molecule,thatis,itsintrinsicmotion,iscorrelatedwith
thepropertiesofitsenvironment[1–12].Changesin
intensivevariables,suchastemperatureandpressure,
modifytheintrinsicmotionofamolecule.Additionally,
molecularmotionalsochangesasaresultofbindingwith
othermolecules,suchasinligand-substratecomplexesor
molecularassemblies.Moreover,theextentofthechange
inmolecularmotionisdependentuponmultiplefactors,
includingpropertiesofthemoleculeandthenatureof
theperturbationorexternalpotential.Aquantitative
characterizationofsuchchangesinmolecularmotionis
importantfrombothscientificaswellasengineeringper-
spectivesbecauseitprovidesabasistoassociatechanges

inthermodynamicpropertiesdirectlywithcorresponding
changesinmolecularmotion.

Di�erentiatingbetweentwoensemblesofmolecular
configurationsis,however,challenging.Thechallenge
liesincomparingtwosetsofhigh-dimensiondata.For
themotionofan-particlemoleculerepresentedbym-
configurations,{an(x)}

m
1,thetaskofdi�erentiatingit

fromthemolecule’sreferencestate,{an(x0)}
m
1,involves

comparingtwo3n-dimensionalvectorspaces.Tradition-
ally,whenanalyzingmolecularsimulations,thisprob-
lemisdealtwithbyfirstreducingthedimensionsofthe
twoensemblesseparately,andthencomparingtheresult-
ingsummarystatisticsfromthetwoensemblesagainst
eachother[13].Dimensionalityreductioniscarriedout,
forexample,byaveragingovern-spacethatinvolves
particle-clusteringoraveragingoverm-spacethatyields
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includingpropertiesofthemoleculeandthenatureof
theperturbationorexternalpotential.Aquantitative
characterizationofsuchchangesinmolecularmotionis
importantfrombothscientificaswellasengineeringper-
spectivesbecauseitprovidesabasistoassociatechanges

inthermodynamicpropertiesdirectlywithcorresponding
changesinmolecularmotion.

Di�erentiatingbetweentwoensemblesofmolecular
configurationsis,however,challenging.Thechallenge
liesincomparingtwosetsofhigh-dimensiondata.For
themotionofan-particlemoleculerepresentedbym-
configurations,{an(x)}

m
1,thetaskofdi�erentiatingit

fromthemolecule’sreferencestate,{an(x0)}
m
1,involves

comparingtwo3n-dimensionalvectorspaces.Tradition-
ally,whenanalyzingmolecularsimulations,thisprob-
lemisdealtwithbyfirstreducingthedimensionsofthe
twoensemblesseparately,andthencomparingtheresult-
ingsummarystatisticsfromthetwoensemblesagainst
eachother[13].Dimensionalityreductioniscarriedout,
forexample,byaveragingovern-spacethatinvolves
particle-clusteringoraveragingoverm-spacethatyields

Fig.2.Changesinioncomplexationenthalpies(��H)andfreeenergies

(��G)duetomethylgroups.�Hand�Gwereestimatedseparatelyforre-

actionsA+nX⌦AXninwhichAisanion,Na+,K+orBa2+,andXis

aligandmolecule,water(W),methanol(M),ethanol(E)orpropanol(P).The

reactionswerethencombinedtoobtain��Hand��G.Allvaluesarereported

inkcal/mol.

Fig.3.E↵ectofT!Ssubstitutiononelectrondensities.Di↵erencesbetweenthe

electronicdensitiesof(BaT
++
4�4CH3)�(BaS

++
4�4H),calculatedwith

PBE0+vdW,areshown.Thegeometryusedwasthatofthefullyrelaxed(PBE+vdW)

BaT
++
4complex.TobuildBaS

++
4theCH3groupsofTweresubstitutedby

Hatomsandonlythesewererelaxed.Thedi↵erenceinelectrondensityshownthus

correspondstothee↵ectofpolarizationontheelectronicdensitiescausedbythe

additionofmethylgroups.

MaterialsandMethods

Allgeometricrelaxationswereperformedwiththeall-electron,localizedbasis

(numericatom-centeredorbitals)programpackageFHI-aims[22,23],whereweem-

2www.pnas.org/cgi/doi/10.1073/pnas.0709640104FootlineAuthor
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b
ec

au
se

it
p
ro

v
id

es
a

b
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p
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p
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d
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b
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b
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ra
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g.
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p
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o
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n
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b
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n
fi
gu

ra
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e
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’s
re

fe
re

n
ce

st
at

e,
{a

n
(x

0
)}

m 1
,
in

vo
lv

es
co

m
p
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d
it

io
n
-

al
ly

,
w

h
en

an
al

y
zi

n
g

m
ol

ec
u
la
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b
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b
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p
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at
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b
le

s
ag

ai
n
st

ea
ch

ot
h
er

[1
3]
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b
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p
ar

ti
cl

e-
cl

u
st

er
in
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c
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c
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p
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e
s

R
a
lp

h
E

.
L
ei

g
h
ty

1
a
n
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C
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n
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a
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P
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u
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3
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n
d
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p
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0
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3
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b
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n
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b
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b
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b
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p
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b
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b
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d
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A

n
u
n
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b
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p
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b
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b
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b
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a
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a
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d
it

io
n
a
ll
y,

w
h
en

a
n
a
ly

zi
n
g

m
o
le

cu
la

r
si

m
u
la

ti
o
n
s,

th
is

p
ro

b
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b
y

fi
rs

t
re

d
u
ci

n
g

th
e

d
im

en
si

o
n
s

o
f

th
e

tw
o

en
se

m
b
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b
le

s
a
g
a
in

st
ea

ch
o
th

er
.

H
ow

ev
er

,
si

n
ce

d
im

en
si

o
n
a
li
ty

re
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b
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b
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b
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b
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p
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V
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p
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b
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b
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p
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p
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b
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p
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b
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r
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b
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p
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p
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[1
–
1
2
].
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b
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p
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d
d
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b
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b
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b
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r
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p
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p
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p
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p
o
te

n
ti

a
l.

A
q
u
a
n
ti

ta
ti

v
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b
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p
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b
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p
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d
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a
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b
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a
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d
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a
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te

re
d

b
y

n
u
m

er
ou

s
en

v
ir

on
m

en
ta

l
fa

ct
or

s,
su

ch
as

te
m

p
er

at
u
re

,
an

d
al

so
b
y

th
e

b
in

d
in

g
of

ot
h
er

m
ol

ec
u
le

s.
A

n
u
n
d
er

st
an

d
in

g
of

en
se

m
b
le

-l
ev

el
d
i↵

er
en

ce
s
fr

om
a

ge
om

et
ri

c
p
er

sp
ec

ti
ve

is
im

p
or

ta
n
t

b
ec

au
se

it
p
ro

v
id

es
a

b
as

is
fo

r
re

la
ti

n
g

th
er

m
o
d
y
n
am

ic
ch

an
ge

s
to

ch
an

ge
s

in
m

ol
ec

u
la

r
m

ot
io

n
.

T
h
e

ta
sk

o
f
d
i↵

er
en

ti
at

in
g

tw
o

co
n
fi
gu

ra
ti

on
al

en
se

m
b
le

s
is

,
h
ow

ev
er

,
ch

al
le

n
gi

n
g

b
ec

au
se

it
re

q
u
ir

es
co

m
p
ar

in
g

tw
o

h
ig

h
-d

im
en

si
on

al
d
at

as
et

s.
T
ra

d
it

io
n
al

ly
,

w
h
en

an
al

y
zi

n
g

m
ol

ec
u
la

r
si

m
u
la

ti
on

s,
th

is
p
ro

b
le

m
is

ci
rc

u
m

ve
n
te

d
b
y

fi
rs

t
re

d
u
ci

n
g

th
e

d
im

en
si

on
s

of
th

e
tw

o
en

se
m

b
le

s
se

p
ar

at
el

y,
an

d
th

en
co

m
p
ar

in
g

su
m

m
ar

y
st

at
is

ti
cs

fr
om

th
e

tw
o

en
se

m
b
le

s
ag

ai
n
st

ea
ch

ot
h
er

.
H

ow
ev

er
,

si
n
ce

d
im

en
si

on
al

it
y

re
d
u
ct

io
n

is
ca

rr
ie

d
ou

t
p
ri

or
to

co
m

p
ar

is
on

of
en

se
m

b
le

s,
su

ch
st

ra
te

gi
es

ar
e

su
sc

ep
ti

b
le

to
ar

ti
fa

ct
u
al

b
ia

se
s
fr

om
in

fo
rm

at
io

n
lo

ss
.

H
er

e
w

e
in

tr
o
d
u
ce

a
m

et
h
o
d

b
as

ed
on

su
p
p
or

t
ve

ct
or

m
ac

h
in

es
(S

V
M

)
th

at
co

m
p
ar

es
3-

d
en

se
m

b
le

s
d
ir

ec
tl

y
ag

ai
n
st

on
e

an
ot

h
er

in
th

e
H

il
b
er

t
sp

ac
e

w
it

h
ou

t
a

p
re

re
q
u
is

it
e

re
d
u
ct

io
n

in
p
h
as

e
sp

ac
e.

W
h
il
e

th
is

m
et

h
o
d

ca
n

b
e

ap
p
li
ed

to
an

y
m

ol
ec

u
la

r
sy

st
em

,
h
er

e
w

e
ex

p
lo

re
it

s
se

n
si

ti
v
it
y

to
w

ar
d

m
o
d
el

sy
st

em
s

co
m

p
ri

se
d

of
am

in
o

ac
id

s.
W

e
al

so
ap

p
ly

th
e

te
ch

n
iq

u
e

to
id

en
ti

fy
th

e
sp

ec
ifi

c
re

gi
on

s
of

a
p
ar

am
y
x
ov

ir
u
s

G
p
ro

te
in

th
at

ar
e

a↵
ec

te
d

b
y

th
e

b
in

d
in

g
of

it
s

p
re

fe
rr

ed
h
u
m

an
re

ce
p
to

r,
E

p
h
ri

n
B

2.
W

e
fi
n
d

th
at

th
e

sp
ec

ifi
c

re
gi

on
s

id
en

ti
fi
ed

b
y

th
is

m
et

h
o
d

in
cl

u
d
e

th
e

se
t

of
am

in
o

ac
id

s
th

at
ar

e
k
n
ow

n
fr

om
ex

p
er

im
en

ta
l
st

u
d
ie

s
to

p
la

y
a

v
it

al
ro

le
in

v
ir

al
fu

si
on

.
T

h
e

co
n
fi
gu

ra
ti

on
al

en
se

m
b
le

s
of

th
e

v
ir

al
p
ro

te
in

in
b
ot

h
it

s
b
ou

n
d

an
d

u
n
b
ou

n
d

st
at

es
w

er
e

ge
n
er

at
ed

u
si

n
g

al
l-
at

om
m

ol
ec

u
la

r
d
y
n
am

ic
s

si
m

u
la

ti
on

s.

IN
T

R
O

D
U

C
T

IO
N

T
h
e

en
se

m
b
le

of
3-

d
co

n
fi
gu

ra
ti

on
s

ex
h
ib

it
ed

b
y

a
m

ol
ec

u
le

,
th

at
is

,
it

s
in

tr
in

si
c

m
ot

io
n
,
is

co
rr

el
at

ed
w

it
h

th
e

p
ro

p
er

ti
es

of
it
s

en
v
ir

on
m

en
t

[1
–1

2]
.

C
h
an

ge
s

in
in

te
n
si

ve
va

ri
ab

le
s,

su
ch

as
te

m
p
er

at
u
re

an
d

p
re

ss
u
re

,
m

o
d
if
y

th
e

in
tr

in
si

c
m

ot
io

n
of

a
m

ol
ec

u
le

.
A

d
d
it

io
n
al

ly
,

m
ol

ec
u
la

r
m

ot
io

n
al

so
ch

an
ge

s
as

a
re

su
lt

of
b
in

d
in

g
w

it
h

ot
h
er

m
ol

ec
u
le

s,
su

ch
as

in
li
ga

n
d
-s

u
b
st

ra
te

co
m

p
le

x
es

or
m

ol
ec

u
la

r
as

se
m

b
li
es

.
M

or
eo

ve
r,

th
e

ex
te

n
t
of

th
e

ch
an

ge
in

m
ol

ec
u
la

r
m

ot
io

n
is

d
ep

en
d
en

t
u
p
on

m
u
lt

ip
le

fa
ct

or
s,

in
cl

u
d
in

g
p
ro

p
er

ti
es

of
th

e
m

ol
ec

u
le

an
d

th
e

n
at

u
re

of
th

e
p
er

tu
rb

at
io

n
or

ex
te

rn
al

p
ot

en
ti

al
.

A
q
u
an

ti
ta

ti
ve

ch
ar

ac
te

ri
za

ti
on

of
su

ch
ch

an
ge

s
in

m
ol

ec
u
la

r
m

ot
io

n
is

im
p
or

ta
n
t
fr

om
b
ot

h
sc

ie
n
ti

fi
c

as
w

el
l
as

en
gi

n
ee

ri
n
g

p
er

-
sp

ec
ti

ve
s

b
ec

au
se

it
p
ro

v
id

es
a

b
as

is
to

as
so

ci
at

e
ch

an
ge

s

in
th

er
m

o
d
y
n
am

ic
p
ro

p
er

ti
es

d
ir

ec
tl

y
w

it
h

co
rr

es
p
on

d
in

g
ch

an
ge

s
in

m
ol

ec
u
la

r
m

ot
io

n
.

D
i�

er
en

ti
at

in
g

b
et

w
ee

n
tw

o
en

se
m

b
le

s
of

m
ol

ec
u
la

r
co

n
fi
gu

ra
ti

on
s

is
,

h
ow

ev
er

,
ch

al
le

n
gi

n
g.

T
h
e

ch
al

le
n
ge

li
es

in
co

m
p
ar

in
g

tw
o

se
ts

of
h
ig

h
-d

im
en

si
on

d
at

a.
F
or

th
e

m
ot

io
n

of
a

n
-p

ar
ti

cl
e

m
ol

ec
u
le

re
p
re

se
n
te

d
b
y

m
-

co
n
fi
gu

ra
ti

on
s,

{a
n
(x

)}
m 1

,
th

e
ta

sk
of

d
i�

er
en

ti
at

in
g

it
fr

om
th

e
m

ol
ec

u
le

’s
re

fe
re

n
ce

st
at

e,
{a

n
(x

0
)}

m 1
,
in

vo
lv

es
co

m
p
ar

in
g

tw
o

3n
-d

im
en

si
on

al
ve

ct
or

sp
ac

es
.

T
ra

d
it

io
n
-

al
ly

,
w

h
en

an
al

y
zi

n
g

m
ol

ec
u
la

r
si

m
u
la

ti
on

s,
th

is
p
ro

b
-

le
m

is
d
ea

lt
w

it
h

b
y

fi
rs

t
re

d
u
ci

n
g

th
e

d
im

en
si

on
s

of
th

e
tw

o
en

se
m

b
le

s
se

p
ar

at
el

y,
an

d
th

en
co

m
p
ar

in
g

th
e

re
su

lt
-

in
g

su
m

m
ar

y
st

at
is

ti
cs

fr
om

th
e

tw
o

en
se

m
b
le

s
ag

ai
n
st

ea
ch

ot
h
er

[1
3]

.
D

im
en

si
on

al
it
y

re
d
u
ct

io
n

is
ca

rr
ie

d
ou

t,
fo

r
ex

am
p
le

,
b
y

av
er

ag
in

g
ov

er
n
-s

p
ac

e
th

at
in

vo
lv

es
p
ar

ti
cl

e-
cl

u
st

er
in

g
or

av
er

ag
in

g
ov

er
m

-s
p
ac

e
th

at
y
ie

ld
s

F
ig

.
2
.

C
h
an

ge
s

in
io

n
co

m
p
le

xa
ti
on

en
th

al
p
ie

s
(�

�
H

)
an

d
fr
ee

en
er

gi
es

(�
�

G
)

d
u
e

to
m

et
h
yl

gr
ou

p
s.

�
H

an
d
�

G
w
er

e
es

ti
m

at
ed

se
p
ar

at
el

y
fo

r
re

-

ac
ti
on

s
A

+
n
X

⌦
A

X
n

in
w

h
ic

h
A

is
an

io
n
,

N
a+

,
K
+

or
B

a2
+

,
an

d
X

is

a
lig

an
d

m
ol

ec
u
le

,
w
at

er
(W

),
m

et
h
an

ol
(M

),
et

h
an

ol
(E

)
or

pr
op

an
ol

(P
).

T
h
e

re
ac

ti
on

s
w
er

e
th

en
co

m
b
in

ed
to

ob
ta

in
�
�

H
an

d
�
�

G
.

A
ll

va
lu

es
ar

e
re

p
or

te
d

in
kc

al
/m

ol
.

F
ig

.
3
.

E
↵
ec

t
of

T
!

S
su

b
st

it
u
ti
on

on
el

ec
tr

on
d
en

si
ti
es

.
D

i↵
er

en
ce

s
b
et

w
ee

n
th

e

el
ec

tr
on

ic
d
en

si
ti
es

of
(B

a
T

+
+

4
�

4
C

H
3
)
�

(B
a
S

+
+

4
�

4
H

),
ca

lc
u
la

te
d

w
it
h

P
B

E
0+

vd
W

,
ar

e
sh

ow
n
.

T
h
e

ge
om

et
ry

u
se

d
w
as

th
at

of
th

e
fu

lly
re

la
xe

d
(P

B
E
+

vd
W

)

B
a
T

+
+

4
co

m
p
le

x.
T
o

b
u
ild

B
a
S

+
+

4
th

e
C

H
3

gr
ou

p
s

of
T

w
er

e
su

b
st

it
u
te

d
by

H
at

om
s

an
d

on
ly

th
es

e
w
er

e
re

la
xe

d
.

T
h
e

d
i↵

er
en

ce
in

el
ec

tr
on

d
en

si
ty

sh
ow

n
th

u
s

co
rr

es
p
on

d
s

to
th

e
e↵

ec
t

of
p
ol

ar
iz

at
io

n
on

th
e

el
ec

tr
on

ic
d
en

si
ti
es

ca
u
se

d
by

th
e

ad
d
it
io

n
of

m
et

h
yl

gr
ou

p
s.

M
at

er
ia

ls
an

d
M

et
h
o
d
s

A
ll

ge
om

et
ri
c

re
la

xa
ti
on

s
w
er

e
p
er

fo
rm

ed
w

it
h

th
e

al
l-
el

ec
tr

on
,

lo
ca

liz
ed

b
as

is

(n
u
m

er
ic

at
om

-c
en

te
re

d
or

b
it
al

s)
pr

og
ra

m
p
ac

ka
ge

F
H

I-
ai

m
s

[2
2,

23
],

w
h
er

e
w
e

em
-

2
w

w
w

.p
n
as

.o
rg

/c
gi

/d
oi

/1
0.

10
73

/p
n
as

.0
70

96
40

10
4

F
o
ot

lin
e

A
u
th

or

tr
o
n
s
-
A

L
E

X
/
M

A
R

IA
N

A
-
P

L
E

A
S
E

E
L
A

B
O

R
A

T
E

..
.W

e
em

-
p
lo

y
th

e
re

ce
n
tl

y
d
ev

el
o
p
ed

..
.W

e
u
se

d
en

si
ty

-f
u
n
ct

io
n
a
l
th

eo
ry

w
it

h
in

th
e

P
B

E
[1

8
]
a
n
d

P
B

E
0

[1
9
,
2
0
]
a
p
p
ro

x
im

a
ti

o
n
s
fo

r
th

e
ex

ch
a
n
g
e-

co
rr

el
a
ti

o
n

p
o
te

n
ti

a
l.

In
a
d
d
it

io
n
,

w
e

em
p
lo

y
a

re
-

ce
n
tl

y
d
ev

el
o
p
ed

va
n

d
er

W
a
a
ls

(v
d
W

)
co

rr
ec

ti
o
n

sc
h
em

e
[2

1
]

b
a
se

d
o
n

a
su

m
m

a
ti

o
n

o
f
p
a
ir

w
is

e
C

6
[n

]/
R

6
te

rm
s,

w
h
er

e
th

e
C

6
co

e�
ci

en
ts

a
re

b
a
se

d
o
n

th
e

se
lf
-c

o
n
si

st
en

t
el

ec
tr

o
n
ic

d
en

-
si

ty
.

T
h
is

a
p
p
ro

a
ch

a
ll
ow

s
u
s
to

tr
ea

t
a
cc

u
ra

te
ly

th
e

en
er

g
et

ic
s

a
n
d

e↵
ec

ts
o
f
p
o
la

ri
za

ti
o
n

in
o
u
r

sy
st

em
s.

W
e

fi
n
d

th
a
t
a

T
!

S
su

b
st

it
u
ti

o
n

is
a
cc

o
m

p
a
n
ie

d
w

it
h

o
n
ly

m
in

o
r

st
ru

ct
u
ra

l
ch

a
n
g
es

.
In

a
d
d
it

io
n
,
w

e
fi
n
d

th
a
t

th
e

re
d
u
c-

ti
o
n

in
p
o
la

ri
za

b
il
it
y

o
f

S
4

a
ss

o
ci

a
te

d
w

it
h

a
T
!

S
su

b
st

it
u
-

ti
o
n

is
su
�

ci
en

t
to

ex
p
la

in
ex

p
er

im
en

ta
l

o
b
se

rv
a
ti

o
n
s.

T
h
es

e
st

u
d
ie

s
p
ro

v
id

e,
in

g
en

er
a
l,

a
v
iv

id
ex

a
m

p
le

o
f

h
ow

p
ep

ti
d
e

fu
n
ct

io
n

is
in

fl
u
en

ce
d

b
y

th
e

p
o
la

ri
za

b
il
it
y

o
f
m

et
h
y
l
g
ro

u
p
s,

es
p
ec

ia
ll
y

th
o
se

th
a
t
a
re

p
ro

x
im

a
l
to

ch
a
rg

ed
m

o
ie

ti
es

,
in

cl
u
d
-

in
g

io
n
s,

ti
tr

a
ta

b
le

si
d
e-

a
ci

d
s

a
n
d

p
h
o
sp

h
a
te

s.

R
es

u
lt
s

an
d

D
is
cu

ss
io

n
T
o

u
n
d
er

st
a
n
d

h
ow

T
!

S
su

b
st

it
u
ti

o
n
s
in

th
e

S
4

si
te

a
↵
ec

t
K

–
ch

a
n
n
el

fu
n
ct

io
n
,

w
e

ex
a
m

in
e

fi
rs

t
th

e
g
en

er
a
l

co
n
se

q
u
en

ce
s

o
f

m
et

h
y
l
p
o
la

ri
za

b
il
it
y

o
n

th
e

th
er

m
o
d
y
n
a
m

ic
s

o
f

io
n

b
in

d
-

in
g
.

W
e

es
ti

m
a
te

th
e

g
a
s

p
h
a
se

en
th

a
lp

ie
s

a
n
d

fr
ee

en
er

g
ie

s
o
f
N

a
+
,
K

+
a
n
d

B
a
2
+

io
n

b
in

d
in

g
to

fo
u
r

d
i↵

er
en

t
m

o
le

cu
le

s,
n
a
m

el
y

w
a
te

r,
m

et
h
a
n
o
l,

et
h
a
n
o
l

a
n
d

p
ro

p
a
n
o
l.

W
h
il
e

a
ll

th
es

e
m

o
le

cu
le

s
p
ro

v
id

e
h
y
d
ro

x
y
l
li
g
a
n
d
s
fo
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g
in

g
b
ec

a
u
se

it
re

q
u
ir

es
co

m
p
a
ri

n
g

tw
o

h
ig

h
-d

im
en

si
o
n
a
l

d
a
ta

se
ts

.
T
ra

d
it

io
n
a
ll
y,

w
h
en

a
n
a
ly

zi
n
g

m
o
le

cu
la

r
si

m
u
la

ti
o
n
s,

th
is

p
ro

b
le

m
is

ci
rc

u
m

v
en

te
d

b
y

fi
rs

t
re

d
u
ci

n
g

th
e

d
im

en
si

o
n
s

o
f

th
e

tw
o

en
se

m
b
le

s
se

p
a
ra

te
ly

,
a
n
d

th
en

co
m

p
a
ri

n
g

su
m

m
a
ry

st
a
ti

st
ic

s
fr

o
m

th
e

tw
o

en
se

m
b
le

s
a
g
a
in

st
ea

ch
o
th

er
.

H
ow

ev
er

,
si

n
ce

d
im

en
si

o
n
a
li
ty

re
d
u
ct

io
n

is
ca

rr
ie

d
o
u
t

p
ri

o
r

to
co

m
p
a
ri

so
n

o
f

en
se

m
b
le

s,
su

ch
st

ra
te

g
ie

s
a
re

su
sc

ep
ti

b
le

to
a
rt

if
a
ct

u
a
l
b
ia

se
s
fr

o
m

in
fo

rm
a
ti

o
n

lo
ss

.
H

er
e

w
e

in
tr

o
d
u
ce

a
m

et
h
o
d

b
a
se

d
o
n

su
p
p
o
rt

v
ec

to
r

m
a
ch

in
es

(S
V

M
)

th
a
t

co
m

p
a
re

s
3
-d

en
se

m
b
le

s
d
ir

ec
tl

y
a
g
a
in

st
o
n
e

a
n
o
th

er
in

th
e

H
il
b
er

t
sp

a
ce

w
it

h
o
u
t

a
p
re

re
q
u
is

it
e

re
d
u
ct

io
n

in
p
h
a
se

sp
a
ce

.
W

h
il
e

th
is

m
et

h
o
d

ca
n

b
e

a
p
p
li
ed

to
a
n
y

m
o
le

cu
la

r
sy

st
em

,
h
er

e
w

e
ex

p
lo

re
it

s
se

n
si

ti
v
it
y

to
w

a
rd

m
o
d
el

sy
st

em
s

co
m

p
ri

se
d

o
f

a
m

in
o

a
ci

d
s.

W
e

a
ls

o
a
p
p
ly

th
e

te
ch

n
iq

u
e

to
id

en
ti

fy
th

e
sp

ec
ifi

c
re

g
io

n
s

o
f
a

p
a
ra

m
y
x
ov

ir
u
s

G
p
ro

te
in

th
a
t

a
re

a
↵
ec

te
d

b
y

th
e

b
in

d
in

g
o
f
it

s
p
re

fe
rr

ed
h
u
m

a
n

re
ce

p
to

r,
E

p
h
ri

n
B

2
.

W
e

fi
n
d

th
a
t
th

e
sp

ec
ifi

c
re

g
io

n
s

id
en

ti
fi
ed

b
y

th
is

m
et

h
o
d

in
cl

u
d
e

th
e

se
t

o
f
a
m

in
o

a
ci

d
s

th
a
t

a
re

k
n
ow

n
fr

o
m

ex
p
er

im
en

ta
l
st

u
d
ie

s
to

p
la

y
a

v
it

a
l

ro
le

in
v
ir

a
l

fu
si

o
n
.

T
h
e

co
n
fi
g
u
ra

ti
o
n
a
l

en
se

m
b
le

s
o
f

th
e

v
ir

a
l

p
ro

te
in

in
b
o
th

it
s

b
o
u
n
d

a
n
d

u
n
b
o
u
n
d

st
a
te

s
w

er
e

g
en

er
a
te

d
u
si

n
g

a
ll
-a

to
m

m
o
le

cu
la

r
d
y
n
a
m

ic
s

si
m

u
la

ti
o
n
s.

IN
T

R
O

D
U

C
T

IO
N

T
h
e

en
se

m
b
le

o
f

3
-d

co
n
fi
g
u
ra

ti
o
n
s

ex
h
ib

it
ed

b
y

a
m

o
le

cu
le

,
th

a
t

is
,
it

s
in

tr
in

si
c

m
o
ti

o
n
,
is

co
rr

el
a
te

d
w

it
h

th
e

p
ro

p
er

ti
es

o
f

it
s

en
v
ir

o
n
m

en
t

[1
–
1
2
].

C
h
a
n
g
es

in
in

te
n
si

v
e

va
ri

a
b
le

s,
su

ch
a
s

te
m

p
er

a
tu

re
a
n
d

p
re

ss
u
re

,
m

o
d
if
y

th
e

in
tr

in
si

c
m

o
ti

o
n

o
f
a

m
o
le

cu
le

.
A

d
d
it

io
n
a
ll
y,

m
o
le

cu
la

r
m

o
ti

o
n

a
ls

o
ch

a
n
g
es

a
s
a

re
su

lt
o
f
b
in

d
in

g
w

it
h

o
th

er
m

o
le

cu
le

s,
su

ch
a
s
in

li
g
a
n
d
-s

u
b
st

ra
te

co
m

p
le

x
es

o
r

m
o
le

cu
la

r
a
ss

em
b
li
es

.
M

o
re

ov
er

,
th

e
ex

te
n
t
o
f
th

e
ch

a
n
g
e

in
m

o
le

cu
la

r
m

o
ti

o
n

is
d
ep

en
d
en

t
u
p
o
n

m
u
lt

ip
le

fa
ct

o
rs

,
in

cl
u
d
in

g
p
ro

p
er

ti
es

o
f

th
e

m
o
le

cu
le

a
n
d

th
e

n
a
tu

re
o
f

th
e

p
er

tu
rb

a
ti

o
n

o
r

ex
te

rn
a
l

p
o
te

n
ti

a
l.

A
q
u
a
n
ti

ta
ti

v
e

ch
a
ra

ct
er

iz
a
ti

o
n

o
f

su
ch

ch
a
n
g
es

in
m

o
le

cu
la

r
m

o
ti

o
n

is
im

p
o
rt

a
n
t
fr

o
m

b
o
th

sc
ie

n
ti

fi
c

a
s

w
el

l
a
s

en
g
in

ee
ri

n
g

p
er

-
sp

ec
ti

v
es

b
ec

a
u
se

it
p
ro

v
id

es
a

b
a
si

s
to

a
ss

o
ci

a
te

ch
a
n
g
es

in
th

er
m

o
d
y
n
a
m

ic
p
ro

p
er

ti
es

d
ir

ec
tl

y
w

it
h

co
rr

es
p
o
n
d
in

g
ch

a
n
g
es

in
m

o
le

cu
la

r
m

o
ti

o
n
.

D
i�

er
en

ti
a
ti

n
g

b
et

w
ee

n
tw

o
en

se
m

b
le

s
o
f

m
o
le

cu
la

r
co

n
fi
g
u
ra

ti
o
n
s

is
,

h
ow

ev
er

,
ch

a
ll
en

g
in

g
.

T
h
e

ch
a
ll
en

g
e

li
es

in
co

m
p
a
ri

n
g

tw
o

se
ts

o
f

h
ig

h
-d

im
en

si
o
n

d
a
ta

.
F
o
r

th
e

m
o
ti

o
n

o
f

a
n
-p

a
rt

ic
le

m
o
le

cu
le

re
p
re

se
n
te

d
b
y

m
-

co
n
fi
g
u
ra

ti
o
n
s,

{a
n
(x

)}
m 1

,
th

e
ta

sk
o
f

d
i�

er
en

ti
a
ti

n
g

it
fr

o
m

th
e

m
o
le

cu
le

’s
re

fe
re

n
ce

st
a
te

,
{a

n
(x

0
)}

m 1
,
in

v
o
lv

es
co

m
p
a
ri

n
g

tw
o

3
n
-d

im
en

si
o
n
a
l
v
ec

to
r

sp
a
ce

s.
T
ra

d
it

io
n
-

a
ll
y,

w
h
en

a
n
a
ly

zi
n
g

m
o
le

cu
la

r
si

m
u
la

ti
o
n
s,

th
is

p
ro

b
-

le
m

is
d
ea

lt
w

it
h

b
y

fi
rs

t
re

d
u
ci

n
g

th
e

d
im

en
si

o
n
s

o
f
th

e
tw

o
en

se
m

b
le

s
se

p
a
ra

te
ly

,
a
n
d

th
en

co
m

p
a
ri

n
g

th
e

re
su

lt
-

in
g

su
m

m
a
ry

st
a
ti

st
ic

s
fr

o
m

th
e

tw
o

en
se

m
b
le

s
a
g
a
in

st
ea

ch
o
th

er
[1

3
].

D
im

en
si

o
n
a
li
ty

re
d
u
ct

io
n

is
ca

rr
ie

d
o
u
t,

fo
r

ex
a
m

p
le

,
b
y

av
er

a
g
in

g
ov

er
n
-s

p
a
ce

th
a
t

in
v
o
lv

es
p
a
rt

ic
le

-c
lu

st
er

in
g

o
r

av
er

a
g
in

g
ov

er
m

-s
p
a
ce

th
a
t

y
ie

ld
s

<
� z

z
(t

)�
z
z
(0

)
>

e
q
�

<
� x

x
(t

)�
x
x
(0

)
>

e
q

{a
,b

,c
}

k
(x

i,
x

j
)

=
x

i
·x

j

2n
d

� |
|
=

0

d
�
/d

�
=

0.
37

G
P
a

25 �x
i
�

x
j
�

A
W

n
�

A
M

n

A
M

n
�

A
E

n

A
E

n
�

A
P

n

Q
u
a
n
ti
ta

ti
v
e

C
h
a
ra

ct
er

iz
a
ti
o
n

o
f
In

tr
in

si
c

M
o
le

cu
la

r
M

o
ti
o
n

U
si

n
g

S
u
p
p
o
rt

V
ec

to
r

M
a
ch

in
es

R
al

p
h

E
.

L
ei

gh
ty

1
an

d
S
am

ee
r

V
ar

m
a1

,2
,3

,�

1
D

ep
a
rt

m
en

t
o
f

C
el

l
B
io

lo
gy

,
M

ic
ro

bi
o
lo
gy

a
n
d

M
o
le
cu

la
r

B
io

lo
gy

,
2
D

ep
a
rt

m
en

t
o
f

P
h
ys

ic
s,

U
n
iv

er
si

ty
o
f

S
o
u
th

F
lo

ri
d
a
,

T
a
m

pa
,

F
L

3
3
6
2
0
,

U
S
A

a
n
d

3
In

st
it
u
te

o
f
P
u
re

a
n
d

A
p
p
li
ed

M
a
th

em
a
ti
cs

,
U

n
iv

er
si

ty
o
f
C

a
li
fo

rn
ia

L
o
s

A
n
ge

le
s,

L
o
s

A
n
ge

le
s,

C
A

9
0
0
9
5
,
U

S
A

(D
at

ed
:

J
u
ly

30
,
20

12
D

R
A

F
T

)

T
h
e

en
se

m
b
le

of
3-

d
co

n
fi
gu

ra
ti

on
s

ex
h
ib

it
ed

b
y

a
m

ol
ec

u
le

,
th

at
is

,
it

s
in

tr
in

si
c

m
ot

io
n
,

ca
n

b
e

al
te

re
d

b
y

n
u
m

er
ou

s
en

v
ir

on
m

en
ta

l
fa

ct
or

s,
su

ch
as

te
m

p
er

at
u
re

,
an

d
al

so
b
y

th
e

b
in

d
in

g
of

ot
h
er

m
ol

ec
u
le

s.
A

n
u
n
d
er

st
an

d
in

g
of

en
se

m
b
le

-l
ev

el
d
i↵

er
en

ce
s
fr

om
a

ge
om

et
ri

c
p
er

sp
ec

ti
ve

is
im

p
or

ta
n
t

b
ec

au
se

it
p
ro

v
id

es
a

b
as

is
fo

r
re

la
ti

n
g

th
er

m
o
d
y
n
am

ic
ch

an
ge

s
to

ch
an

ge
s

in
m

ol
ec

u
la

r
m

ot
io

n
.

T
h
e

ta
sk

o
f
d
i↵

er
en

ti
at

in
g

tw
o

co
n
fi
gu

ra
ti

on
al

en
se

m
b
le

s
is

,
h
ow

ev
er

,
ch

al
le

n
gi

n
g

b
ec

au
se

it
re

q
u
ir

es
co

m
p
ar

in
g

tw
o

h
ig

h
-d

im
en

si
on

al
d
at

as
et

s.
T
ra

d
it

io
n
al

ly
,

w
h
en

an
al

y
zi

n
g

m
ol

ec
u
la

r
si

m
u
la

ti
on

s,
th

is
p
ro

b
le

m
is

ci
rc

u
m

ve
n
te

d
b
y

fi
rs

t
re

d
u
ci

n
g

th
e

d
im

en
si

on
s

of
th

e
tw

o
en

se
m

b
le

s
se

p
ar

at
el

y,
an

d
th

en
co

m
p
ar

in
g

su
m

m
ar

y
st

at
is

ti
cs

fr
om

th
e

tw
o

en
se

m
b
le

s
ag

ai
n
st

ea
ch

ot
h
er

.
H

ow
ev

er
,

si
n
ce

d
im

en
si

on
al

it
y

re
d
u
ct

io
n

is
ca

rr
ie

d
ou

t
p
ri

or
to

co
m

p
ar

is
on

of
en

se
m

b
le

s,
su

ch
st

ra
te

gi
es

ar
e

su
sc

ep
ti

b
le

to
ar

ti
fa

ct
u
al

b
ia

se
s
fr

om
in

fo
rm

at
io

n
lo

ss
.

H
er

e
w

e
in

tr
o
d
u
ce

a
m

et
h
o
d

b
as

ed
on

su
p
p
or

t
ve

ct
or

m
ac

h
in

es
(S

V
M

)
th

at
co

m
p
ar

es
3-

d
en

se
m

b
le

s
d
ir

ec
tl

y
ag

ai
n
st

on
e

an
ot

h
er

in
th

e
H

il
b
er

t
sp

ac
e

w
it

h
ou

t
a

p
re

re
q
u
is

it
e

re
d
u
ct

io
n

in
p
h
as

e
sp

ac
e.

W
h
il
e

th
is

m
et

h
o
d

ca
n

b
e

ap
p
li
ed

to
an

y
m

ol
ec

u
la

r
sy

st
em

,
h
er

e
w

e
ex

p
lo

re
it

s
se

n
si

ti
v
it
y

to
w

ar
d

m
o
d
el

sy
st

em
s

co
m

p
ri

se
d

of
am

in
o

ac
id

s.
W

e
al

so
ap

p
ly

th
e

te
ch

n
iq

u
e

to
id

en
ti

fy
th

e
sp

ec
ifi

c
re

gi
on

s
of

a
p
ar

am
y
x
ov

ir
u
s

G
p
ro

te
in

th
at

ar
e

a↵
ec

te
d

b
y

th
e

b
in

d
in

g
of

it
s

p
re

fe
rr

ed
h
u
m

an
re

ce
p
to

r,
E

p
h
ri

n
B

2.
W

e
fi
n
d

th
at

th
e

sp
ec

ifi
c

re
gi

on
s

id
en

ti
fi
ed

b
y

th
is

m
et

h
o
d

in
cl

u
d
e

th
e

se
t

of
am

in
o

ac
id

s
th

at
ar

e
k
n
ow

n
fr

om
ex

p
er

im
en

ta
l
st

u
d
ie

s
to

p
la

y
a

v
it

al
ro

le
in

v
ir

al
fu

si
on

.
T

h
e

co
n
fi
gu

ra
ti

on
al

en
se

m
b
le

s
of

th
e

v
ir

al
p
ro

te
in

in
b
ot

h
it

s
b
ou

n
d

an
d

u
n
b
ou

n
d

st
at

es
w

er
e

ge
n
er

at
ed

u
si

n
g

al
l-
at

om
m

ol
ec

u
la

r
d
y
n
am

ic
s

si
m

u
la

ti
on

s.

IN
T

R
O

D
U

C
T

IO
N

T
h
e

en
se

m
b
le

of
3-

d
co

n
fi
gu

ra
ti

on
s

ex
h
ib

it
ed

b
y

a
m

ol
ec

u
le

,
th

at
is

,
it

s
in

tr
in

si
c

m
ot

io
n
,
is

co
rr

el
at

ed
w

it
h

th
e

p
ro

p
er

ti
es

of
it
s

en
v
ir

on
m

en
t

[1
–1

2]
.

C
h
an

ge
s

in
in

te
n
si

ve
va

ri
ab

le
s,

su
ch

as
te

m
p
er

at
u
re

an
d

p
re

ss
u
re

,
m

o
d
if
y

th
e

in
tr

in
si

c
m

ot
io

n
of

a
m

ol
ec

u
le

.
A

d
d
it

io
n
al

ly
,

m
ol

ec
u
la

r
m

ot
io

n
al

so
ch

an
ge

s
as

a
re

su
lt

of
b
in

d
in

g
w

it
h

ot
h
er

m
ol

ec
u
le

s,
su

ch
as

in
li
ga

n
d
-s

u
b
st

ra
te

co
m

p
le

x
es

or
m

ol
ec

u
la

r
as

se
m

b
li
es

.
M

or
eo

ve
r,

th
e

ex
te

n
t
of

th
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s

of
th

e
tw

o
en

se
m

b
le

s
se

p
ar

at
el

y,
an

d
th

en
co

m
p
ar

in
g

su
m

m
ar

y
st

at
is

ti
cs

fr
om

th
e

tw
o

en
se

m
b
le

s
ag

ai
n
st

ea
ch

ot
h
er

.
H

ow
ev

er
,

si
n
ce

d
im

en
si

on
al

it
y

re
d
u
ct

io
n

is
ca

rr
ie

d
ou

t
p
ri

or
to

co
m

p
ar

is
on

of
en

se
m

b
le

s,
su

ch
st

ra
te

gi
es

ar
e

su
sc

ep
ti

b
le

to
ar

ti
fa

ct
u
al

b
ia

se
s
fr

om
in

fo
rm

at
io

n
lo

ss
.

H
er

e
w

e
in

tr
o
d
u
ce

a
m

et
h
o
d

b
as

ed
on

su
p
p
or

t
ve

ct
or

m
ac

h
in

es
(S

V
M

)
th

at
co

m
p
ar

es
3-

d
en

se
m

b
le

s
d
ir

ec
tl

y
ag

ai
n
st

on
e

an
ot

h
er

in
th

e
H

il
b
er

t
sp

ac
e

w
it

h
ou

t
a

p
re

re
q
u
is

it
e

re
d
u
ct

io
n

in
p
h
as

e
sp

ac
e.

W
h
il
e

th
is

m
et

h
o
d

ca
n

b
e

ap
p
li
ed

to
an

y
m

ol
ec

u
la

r
sy

st
em

,
h
er

e
w

e
ex

p
lo

re
it

s
se

n
si

ti
v
it
y

to
w

ar
d

m
o
d
el

sy
st

em
s

co
m

p
ri

se
d

of
am

in
o

ac
id

s.
W

e
al

so
ap

p
ly

th
e

te
ch

n
iq

u
e

to
id

en
ti

fy
th

e
sp

ec
ifi

c
re

gi
on

s
of

a
p
ar

am
y
x
ov

ir
u
s

G
p
ro

te
in

th
at

ar
e

a↵
ec

te
d

b
y

th
e

b
in

d
in

g
of

it
s

p
re

fe
rr

ed
h
u
m

an
re

ce
p
to

r,
E

p
h
ri

n
B

2.
W

e
fi
n
d

th
at

th
e

sp
ec

ifi
c

re
gi

on
s

id
en

ti
fi
ed

b
y

th
is

m
et

h
o
d

in
cl

u
d
e

th
e

se
t

of
am

in
o

ac
id

s
th

at
ar

e
k
n
ow

n
fr

om
ex

p
er

im
en

ta
l
st

u
d
ie

s
to

p
la

y
a

v
it

al
ro

le
in

v
ir

al
fu

si
on

.
T

h
e

co
n
fi
gu

ra
ti

on
al

en
se

m
b
le

s
of

th
e

v
ir

al
p
ro

te
in

in
b
ot

h
it

s
b
ou

n
d

an
d

u
n
b
ou

n
d

st
at

es
w

er
e

ge
n
er

at
ed

u
si

n
g

al
l-
at

om
m

ol
ec

u
la

r
d
y
n
am

ic
s

si
m

u
la

ti
on

s.

IN
T

R
O

D
U

C
T

IO
N

T
h
e

en
se

m
b
le

of
3-

d
co

n
fi
gu

ra
ti

on
s

ex
h
ib

it
ed

b
y

a
m

ol
ec

u
le

,
th

at
is

,
it

s
in

tr
in

si
c

m
ot

io
n
,
is

co
rr

el
at

ed
w

it
h

th
e

p
ro

p
er

ti
es

of
it
s

en
v
ir

on
m

en
t

[1
–1

2]
.

C
h
an

ge
s

in
in

te
n
si

ve
va

ri
ab

le
s,

su
ch

as
te

m
p
er

at
u
re

an
d

p
re

ss
u
re

,
m

o
d
if
y

th
e

in
tr

in
si

c
m

ot
io

n
of

a
m

ol
ec

u
le

.
A

d
d
it

io
n
al

ly
,

m
ol

ec
u
la

r
m

ot
io

n
al

so
ch

an
ge

s
as

a
re

su
lt

of
b
in

d
in

g
w

it
h

ot
h
er

m
ol

ec
u
le

s,
su

ch
as

in
li
ga

n
d
-s

u
b
st

ra
te

co
m

p
le

x
es

or
m

ol
ec

u
la

r
as

se
m

b
li
es

.
M

or
eo

ve
r,

th
e

ex
te

n
t
of

th
e

ch
an

ge
in

m
ol

ec
u
la

r
m

ot
io

n
is

d
ep

en
d
en

t
u
p
on

m
u
lt

ip
le

fa
ct

or
s,

in
cl

u
d
in

g
p
ro

p
er

ti
es

of
th

e
m

ol
ec

u
le

an
d

th
e

n
at

u
re

of
th

e
p
er

tu
rb

at
io

n
or

ex
te

rn
al

p
ot

en
ti

al
.

A
q
u
an

ti
ta

ti
ve

ch
ar

ac
te

ri
za

ti
on

of
su

ch
ch

an
ge

s
in

m
ol

ec
u
la

r
m

ot
io

n
is

im
p
or

ta
n
t
fr

om
b
ot

h
sc

ie
n
ti

fi
c

as
w

el
l
as

en
gi

n
ee

ri
n
g

p
er

-
sp

ec
ti

ve
s

b
ec

au
se

it
p
ro

v
id

es
a

b
as

is
to

as
so

ci
at

e
ch

an
ge

s

in
th

er
m

o
d
y
n
am

ic
p
ro

p
er

ti
es

d
ir

ec
tl

y
w

it
h

co
rr

es
p
on

d
in

g
ch

an
ge

s
in

m
ol

ec
u
la

r
m

ot
io

n
.

D
i�

er
en

ti
at

in
g

b
et

w
ee

n
tw

o
en

se
m

b
le

s
of

m
ol

ec
u
la

r
co

n
fi
gu

ra
ti

on
s

is
,

h
ow

ev
er

,
ch

al
le

n
gi

n
g.

T
h
e

ch
al

le
n
ge

li
es

in
co

m
p
ar

in
g

tw
o

se
ts

of
h
ig

h
-d

im
en

si
on

d
at

a.
F
or

th
e

m
ot

io
n

of
a

n
-p

ar
ti

cl
e

m
ol

ec
u
le

re
p
re

se
n
te

d
b
y

m
-

co
n
fi
gu

ra
ti

on
s,

{a
n
(x

)}
m 1

,
th

e
ta

sk
of

d
i�

er
en

ti
at

in
g

it
fr

om
th

e
m

ol
ec

u
le

’s
re

fe
re

n
ce

st
at

e,
{a

n
(x

0
)}

m 1
,
in

vo
lv

es
co

m
p
ar

in
g

tw
o

3n
-d

im
en

si
on

al
ve

ct
or

sp
ac

es
.

T
ra

d
it

io
n
-

al
ly

,
w

h
en

an
al

y
zi

n
g

m
ol

ec
u
la

r
si

m
u
la

ti
on

s,
th

is
p
ro

b
-

le
m

is
d
ea

lt
w

it
h

b
y

fi
rs

t
re

d
u
ci

n
g

th
e

d
im

en
si

on
s

of
th

e
tw

o
en

se
m

b
le

s
se

p
ar

at
el

y,
an

d
th

en
co

m
p
ar

in
g

th
e

re
su

lt
-

in
g

su
m

m
ar

y
st

at
is

ti
cs

fr
om

th
e

tw
o

en
se

m
b
le

s
ag

ai
n
st

ea
ch

ot
h
er

[1
3]

.
D

im
en

si
on

al
it
y

re
d
u
ct

io
n

is
ca

rr
ie

d
ou

t,
fo

r
ex

am
p
le

,
b
y

av
er

ag
in

g
ov

er
n
-s

p
ac

e
th

at
in

vo
lv

es
p
ar

ti
cl

e-
cl

u
st

er
in

g
or

av
er

ag
in

g
ov

er
m

-s
p
ac

e
th

at
y
ie

ld
s

<
� z

z
(t

)�
z
z
(0

)
>

e
q
�

<
� x

x
(t

)�
x
x
(0

)
>

e
q

{a
,b

,c
}

k
(x

i,
x

j
)

=
x

i
·x

j

2
n

d

� |
|
=

0

d
�
/
d
�

=
0
.3

7
G

P
a

2
5 �x

i
�

x
j
�

A
W

n
�

A
M

n

A
M

n
�

A
E

n

A
E

n
�

A
P

n

Q
u
a
n
ti
ta

ti
v
e

C
h
a
ra

c
te

ri
z
a
ti
o
n

o
f
In

tr
in

si
c

M
o
le

c
u
la

r
M

o
ti
o
n

U
si

n
g

S
u
p
p
o
rt

V
e
c
to

r
M

a
ch

in
e
s

R
a
lp

h
E

.
L
ei

g
h
ty

1
a
n
d

S
a
m

ee
r

V
a
rm

a
1
,2

,3
,�

1
D

ep
a
rt

m
en

t
o
f

C
el

l
B
io

lo
gy

,
M

ic
ro

bi
o
lo

gy
a
n
d

M
o
le
cu

la
r

B
io

lo
gy

,
2
D

ep
a
rt

m
en

t
o
f

P
h
y
si

cs
,

U
n
iv

er
si

ty
o
f

S
o
u
th

F
lo

ri
d
a
,

T
a
m

pa
,

F
L

3
3
6
2
0
,

U
S
A

a
n
d

3
In

st
it
u
te

o
f
P
u
re

a
n
d

A
p
p
li
ed

M
a
th

em
a
ti
cs

,
U

n
iv

er
si

ty
o
f
C

a
li
fo

rn
ia

L
o
s

A
n
ge

le
s,

L
o
s

A
n
ge

le
s,

C
A

9
0
0
9
5
,
U

S
A

(D
a
te

d
:

J
u
ly

3
0
,
2
0
1
2

D
R

A
F
T

)

T
h
e

en
se

m
b
le

o
f

3
-d

co
n
fi
g
u
ra

ti
o
n
s

ex
h
ib

it
ed

b
y

a
m

o
le

cu
le

,
th

a
t

is
,

it
s

in
tr

in
si

c
m

o
ti

o
n
,

ca
n

b
e

a
lt

er
ed

b
y

n
u
m

er
o
u
s

en
v
ir

o
n
m

en
ta

l
fa

ct
o
rs

,
su

ch
a
s

te
m

p
er

a
tu

re
,
a
n
d

a
ls

o
b
y

th
e

b
in

d
in

g
o
f
o
th

er
m

o
le

cu
le

s.
A

n
u
n
d
er

st
a
n
d
in

g
o
f
en

se
m

b
le

-l
ev

el
d
i↵

er
en

ce
s
fr

o
m

a
g
eo

m
et

ri
c

p
er

sp
ec

ti
v
e

is
im

p
o
rt

a
n
t

b
ec

a
u
se

it
p
ro

v
id

es
a

b
a
si

s
fo

r
re

la
ti

n
g

th
er

m
o
d
y
n
a
m

ic
ch

a
n
g
es

to
ch

a
n
g
es

in
m

o
le

cu
la

r
m

o
ti

o
n
.

T
h
e

ta
sk

o
f
d
i↵

er
en

ti
a
ti

n
g

tw
o

co
n
fi
g
u
ra

ti
o
n
a
l
en

se
m

b
le

s
is

,
h
ow

ev
er

,
ch

a
ll
en

g
in

g
b
ec

a
u
se

it
re

q
u
ir

es
co

m
p
a
ri

n
g

tw
o

h
ig

h
-d

im
en

si
o
n
a
l

d
a
ta

se
ts

.
T
ra

d
it

io
n
a
ll
y,

w
h
en

a
n
a
ly

zi
n
g

m
o
le

cu
la

r
si

m
u
la

ti
o
n
s,

th
is

p
ro

b
le

m
is

ci
rc

u
m

v
en

te
d

b
y

fi
rs

t
re

d
u
ci

n
g

th
e

d
im

en
si

o
n
s

o
f

th
e

tw
o

en
se

m
b
le

s
se

p
a
ra

te
ly

,
a
n
d

th
en

co
m

p
a
ri

n
g

su
m

m
a
ry

st
a
ti

st
ic

s
fr

o
m

th
e

tw
o

en
se

m
b
le

s
a
g
a
in

st
ea

ch
o
th

er
.

H
ow

ev
er

,
si

n
ce

d
im

en
si

o
n
a
li
ty

re
d
u
ct

io
n

is
ca

rr
ie

d
o
u
t

p
ri

o
r

to
co

m
p
a
ri

so
n

o
f

en
se

m
b
le

s,
su

ch
st

ra
te

g
ie

s
a
re

su
sc

ep
ti

b
le

to
a
rt

if
a
ct

u
a
l
b
ia

se
s
fr

o
m

in
fo

rm
a
ti

o
n

lo
ss

.
H

er
e

w
e

in
tr

o
d
u
ce

a
m

et
h
o
d

b
a
se

d
o
n

su
p
p
o
rt

v
ec

to
r

m
a
ch

in
es

(S
V

M
)

th
a
t

co
m

p
a
re

s
3
-d

en
se

m
b
le

s
d
ir

ec
tl

y
a
g
a
in

st
o
n
e

a
n
o
th

er
in

th
e

H
il
b
er

t
sp

a
ce

w
it

h
o
u
t

a
p
re

re
q
u
is

it
e

re
d
u
ct

io
n

in
p
h
a
se

sp
a
ce

.
W

h
il
e

th
is

m
et

h
o
d

ca
n

b
e

a
p
p
li
ed

to
a
n
y

m
o
le

cu
la

r
sy

st
em

,
h
er

e
w

e
ex

p
lo

re
it

s
se

n
si

ti
v
it
y

to
w

a
rd

m
o
d
el

sy
st

em
s

co
m

p
ri

se
d

o
f

a
m

in
o

a
ci

d
s.

W
e

a
ls

o
a
p
p
ly

th
e

te
ch

n
iq

u
e

to
id

en
ti

fy
th

e
sp

ec
ifi

c
re

g
io

n
s

o
f
a

p
a
ra

m
y
x
ov

ir
u
s

G
p
ro

te
in

th
a
t

a
re

a
↵
ec

te
d

b
y

th
e

b
in

d
in

g
o
f
it

s
p
re

fe
rr

ed
h
u
m

a
n

re
ce

p
to

r,
E

p
h
ri

n
B

2
.

W
e

fi
n
d

th
a
t
th

e
sp

ec
ifi

c
re

g
io

n
s

id
en

ti
fi
ed

b
y

th
is

m
et

h
o
d

in
cl

u
d
e

th
e

se
t

o
f
a
m

in
o

a
ci

d
s

th
a
t

a
re

k
n
ow

n
fr

o
m

ex
p
er

im
en

ta
l
st

u
d
ie

s
to

p
la

y
a

v
it

a
l

ro
le

in
v
ir

a
l

fu
si

o
n
.

T
h
e

co
n
fi
g
u
ra

ti
o
n
a
l

en
se

m
b
le

s
o
f

th
e

v
ir

a
l

p
ro

te
in

in
b
o
th

it
s

b
o
u
n
d

a
n
d

u
n
b
o
u
n
d

st
a
te

s
w

er
e

g
en

er
a
te

d
u
si

n
g

a
ll
-a

to
m

m
o
le

cu
la

r
d
y
n
a
m

ic
s

si
m

u
la

ti
o
n
s.

IN
T

R
O

D
U

C
T

IO
N

T
h
e

en
se

m
b
le

o
f

3
-d

co
n
fi
g
u
ra

ti
o
n
s

ex
h
ib

it
ed

b
y

a
m

o
le

cu
le

,
th

a
t

is
,
it

s
in

tr
in

si
c

m
o
ti

o
n
,
is

co
rr

el
a
te

d
w

it
h

th
e

p
ro

p
er

ti
es

o
f

it
s

en
v
ir

o
n
m

en
t

[1
–
1
2
].

C
h
a
n
g
es

in
in

te
n
si

v
e

va
ri

a
b
le

s,
su

ch
a
s

te
m

p
er

a
tu

re
a
n
d

p
re

ss
u
re

,
m

o
d
if
y

th
e

in
tr

in
si

c
m

o
ti

o
n

o
f
a

m
o
le

cu
le

.
A

d
d
it

io
n
a
ll
y,

m
o
le

cu
la

r
m

o
ti

o
n

a
ls

o
ch

a
n
g
es

a
s
a

re
su

lt
o
f
b
in

d
in

g
w

it
h

o
th

er
m

o
le

cu
le

s,
su

ch
a
s
in

li
g
a
n
d
-s

u
b
st

ra
te

co
m

p
le

x
es

o
r

m
o
le

cu
la

r
a
ss

em
b
li
es

.
M

o
re

ov
er

,
th

e
ex

te
n
t
o
f
th

e
ch

a
n
g
e

in
m

o
le

cu
la

r
m

o
ti

o
n

is
d
ep

en
d
en

t
u
p
o
n

m
u
lt

ip
le

fa
ct

o
rs

,
in

cl
u
d
in

g
p
ro

p
er

ti
es

o
f

th
e

m
o
le

cu
le

a
n
d

th
e

n
a
tu

re
o
f

th
e

p
er

tu
rb

a
ti

o
n

o
r

ex
te

rn
a
l

p
o
te

n
ti

a
l.

A
q
u
a
n
ti

ta
ti

v
e

ch
a
ra

ct
er

iz
a
ti

o
n

o
f

su
ch

ch
a
n
g
es

in
m
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p
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p
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n
d
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b
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a
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a
ta

.
F
o
r

th
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b
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e
ta

sk
o
f

d
i�

er
en

ti
a
ti

n
g

it
fr

o
m

th
e

m
o
le

cu
le
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a
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d
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p
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b
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b
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a
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a
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P
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n
d
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p
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0
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b
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b
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at
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b
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b
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b
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b
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b
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s
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b
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b
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p
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d
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b
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b
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b
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p
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p
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b
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p
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p
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b
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b
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at
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trons - ALEX/MARIANA - PLEASE ELABORATE...We em-
ploy the recently developed...We use density-functional theory
within the PBE [18] and PBE0 [19, 20] approximations for the
exchange-correlation potential. In addition, we employ a re-
cently developed van der Waals (vdW) correction scheme [21]
based on a summation of pairwise C6[n]/R6 terms, where the
C6 coe�cients are based on the self-consistent electronic den-
sity. This approach allows us to treat accurately the energetics
and e↵ects of polarization in our systems.

We find that a T!S substitution is accompanied with only
minor structural changes. In addition, we find that the reduc-
tion in polarizability of S4 associated with a T!S substitu-
tion is su�cient to explain experimental observations.These
studies provide, in general, a vivid example of how peptide
function is influenced by the polarizability of methyl groups,
especially those that are proximal to charged moieties, includ-
ing ions, titratable side-acids and phosphates.

Results and Discussion
To understand how T!S substitutions in the S4 site a↵ect K–
channel function, we examine first the general consequences
of methyl polarizability on the thermodynamics of ion bind-
ing. We estimate the gas phase enthalpies and free energies
of Na+, K+ and Ba2+ ion binding to four di↵erent molecules,
namely water, methanol, ethanol and propanol. While all
these molecules provide hydroxyl ligands for ion-coordination,
they di↵er from each other in the number of methyl groups
they carry. Consequently they have di↵erent static average
ground-state dipole polarizabilities of 1.5, 3.3, 5.4 and 6.7 Å3,
respectively [15]. The results of these calculations are plotted
in Fig. 2. We find that while the addition of methyl groups
enhance the stability of the complex, the e↵ect decreases with
each incremental addition. In addition, multibody e↵ects are
the e↵ect of coordination number is non-trivial.

Table 2. distance between methyl and K ion in the s4 site
is about 5 Å
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The ensemble of 3-d configurations exhibited by a molecule, that is, its intrinsic motion, can be
altered by numerous environmental factors, such as temperature, and also by the binding of other
molecules. An understanding of ensemble-level di↵erences from a geometric perspective is important
because it provides a basis for relating thermodynamic changes to changes in molecular motion.
The task of di↵erentiating two configurational ensembles is, however, challenging because it requires
comparing two high-dimensional datasets. Traditionally, when analyzing molecular simulations,
this problem is circumvented by first reducing the dimensions of the two ensembles separately,
and then comparing summary statistics from the two ensembles against each other. However,
since dimensionality reduction is carried out prior to comparison of ensembles, such strategies are
susceptible to artifactual biases from information loss. Here we introduce a method based on support
vector machines (SVM) that compares 3-d ensembles directly against one another in the Hilbert
space without a prerequisite reduction in phase space. While this method can be applied to any
molecular system, here we explore its sensitivity toward model systems comprised of amino acids.
We also apply the technique to identify the specific regions of a paramyxovirus G protein that are
a↵ected by the binding of its preferred human receptor, Ephrin B2. We find that the specific regions
identified by this method include the set of amino acids that are known from experimental studies
to play a vital role in viral fusion. The configurational ensembles of the viral protein in both its
bound and unbound states were generated using all-atom molecular dynamics simulations.

INTRODUCTION

The ensemble of 3-d configurations exhibited by a
molecule, that is, its intrinsic motion, is correlated with
the properties of its environment [1–12]. Changes in
intensive variables, such as temperature and pressure,
modify the intrinsic motion of a molecule. Additionally,
molecular motion also changes as a result of binding with
other molecules, such as in ligand-substrate complexes or
molecular assemblies. Moreover, the extent of the change
in molecular motion is dependent upon multiple factors,
including properties of the molecule and the nature of
the perturbation or external potential. A quantitative
characterization of such changes in molecular motion is
important from both scientific as well as engineering per-
spectives because it provides a basis to associate changes

in thermodynamic properties directly with corresponding
changes in molecular motion.

Di�erentiating between two ensembles of molecular
configurations is, however, challenging. The challenge
lies in comparing two sets of high-dimension data. For
the motion of a n-particle molecule represented by m-
configurations, {an(x)}m

1 , the task of di�erentiating it
from the molecule’s reference state, {an(x0)}m

1 , involves
comparing two 3n-dimensional vector spaces. Tradition-
ally, when analyzing molecular simulations, this prob-
lem is dealt with by first reducing the dimensions of the
two ensembles separately, and then comparing the result-
ing summary statistics from the two ensembles against
each other [13]. Dimensionality reduction is carried out,
for example, by averaging over n-space that involves
particle-clustering or averaging over m-space that yields
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Fig. 2. Changes in ion complexation enthalpies (��H) and free energies

(��G) due to methyl groups. �H and �G were estimated separately for re-

actions A + nX ⌦ AXn in which A is an ion, Na+, K+ or Ba2+, and X is

a ligand molecule, water (W ), methanol (M ), ethanol (E ) or propanol (P). The

reactions were then combined to obtain ��H and ��G. All values are reported

in kcal/mol.

Fig. 3. E↵ect of T!S substitution on electron densities. Di↵erences between the

electronic densities of (BaT++
4 � 4CH3)� (BaS++

4 � 4H), calculated with

PBE0+vdW, are shown. The geometry used was that of the fully relaxed (PBE+vdW)

BaT++
4 complex. To build BaS++

4 the CH3 groups of T were substituted by

H atoms and only these were relaxed. The di↵erence in electron density shown thus

corresponds to the e↵ect of polarization on the electronic densities caused by the

addition of methyl groups.

Materials and Methods

All geometric relaxations were performed with the all-electron, localized basis

(numeric atom-centered orbitals) program package FHI-aims [22, 23], where we em-

2 www.pnas.org/cgi/doi/10.1073/pnas.0709640104 Footline Author
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and then comparing summary statistics from the two ensembles against each other. However,
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INTRODUCTION

The ensemble of 3-d configurations exhibited by a
molecule, that is, its intrinsic motion, is correlated with
the properties of its environment [1–12]. Changes in
intensive variables, such as temperature and pressure,
modify the intrinsic motion of a molecule. Additionally,
molecular motion also changes as a result of binding with
other molecules, such as in ligand-substrate complexes or
molecular assemblies. Moreover, the extent of the change
in molecular motion is dependent upon multiple factors,
including properties of the molecule and the nature of
the perturbation or external potential. A quantitative
characterization of such changes in molecular motion is
important from both scientific as well as engineering per-
spectives because it provides a basis to associate changes

in thermodynamic properties directly with corresponding
changes in molecular motion.

Di�erentiating between two ensembles of molecular
configurations is, however, challenging. The challenge
lies in comparing two sets of high-dimension data. For
the motion of a n-particle molecule represented by m-
configurations, {an(x)}m

1 , the task of di�erentiating it
from the molecule’s reference state, {an(x0)}m

1 , involves
comparing two 3n-dimensional vector spaces. Tradition-
ally, when analyzing molecular simulations, this prob-
lem is dealt with by first reducing the dimensions of the
two ensembles separately, and then comparing the result-
ing summary statistics from the two ensembles against
each other [13]. Dimensionality reduction is carried out,
for example, by averaging over n-space that involves
particle-clustering or averaging over m-space that yields
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The ensemble of 3-d configurations exhibited by a
molecule, that is, its intrinsic motion, is correlated with
the properties of its environment [1–12]. Changes in
intensive variables, such as temperature and pressure,
modify the intrinsic motion of a molecule. Additionally,
molecular motion also changes as a result of binding with
other molecules, such as in ligand-substrate complexes or
molecular assemblies. Moreover, the extent of the change
in molecular motion is dependent upon multiple factors,
including properties of the molecule and the nature of
the perturbation or external potential. A quantitative
characterization of such changes in molecular motion is
important from both scientific as well as engineering per-
spectives because it provides a basis to associate changes

in thermodynamic properties directly with corresponding
changes in molecular motion.

Di�erentiating between two ensembles of molecular
configurations is, however, challenging. The challenge
lies in comparing two sets of high-dimension data. For
the motion of a n-particle molecule represented by m-
configurations, {an(x)}m

1 , the task of di�erentiating it
from the molecule’s reference state, {an(x0)}m

1 , involves
comparing two 3n-dimensional vector spaces. Tradition-
ally, when analyzing molecular simulations, this prob-
lem is dealt with by first reducing the dimensions of the
two ensembles separately, and then comparing the result-
ing summary statistics from the two ensembles against
each other [13]. Dimensionality reduction is carried out,
for example, by averaging over n-space that involves
particle-clustering or averaging over m-space that yields

Fig. 2. Changes in ion complexation enthalpies (��H) and free energies

(��G) due to methyl groups. �H and �G were estimated separately for re-

actions A + nX ⌦ AXn in which A is an ion, Na+, K+ or Ba2+, and X is

a ligand molecule, water (W ), methanol (M ), ethanol (E ) or propanol (P). The

reactions were then combined to obtain ��H and ��G. All values are reported

in kcal/mol.

Fig. 3. E↵ect of T!S substitution on electron densities. Di↵erences between the

electronic densities of (BaT++
4 � 4CH3)� (BaS++

4 � 4H), calculated with

PBE0+vdW, are shown. The geometry used was that of the fully relaxed (PBE+vdW)

BaT++
4 complex. To build BaS++

4 the CH3 groups of T were substituted by

H atoms and only these were relaxed. The di↵erence in electron density shown thus

corresponds to the e↵ect of polarization on the electronic densities caused by the

addition of methyl groups.

Materials and Methods

All geometric relaxations were performed with the all-electron, localized basis

(numeric atom-centered orbitals) program package FHI-aims [22, 23], where we em-
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ion-coordination number. This non-linearity emerges as a
consequence of repulsion between the coordinating ligands
[23, 36, 37]. Finally, �H and �G, also depend on the
charge/size ratio of the ion, and once again, we find a non-
linear relationship between the charge/size ratio of the ion and
the magnitude of the thermodynamic change. Doubling the
charge/size ratio of the ion does not necessarily imply that the
stability of the complex also increases by a factor of two, as
may be the case when induced e↵ects are small. For example,
while the �G associated with a K+W ! K+M substitution is
-1.9 kcal/mol, the �G associated with the Ba2+W ! Ba2+M
substitution is -7.9 kcal/mol, which is a 4-fold change instead
of a 2-fold change. This additional non-linear e↵ect also un-
derscores the importance of explicit polarization e↵ects in ion
complexation [23].

In the calculations above, the small molecules have similar
gas phase dipole moments, but markedly di↵erent polarizabil-
ities, and a ligand with a higher polarizability produces, in
general, a more stable ion complex. Can ligands with simi-
lar gas phase dipole moments as well as static dipole polariz-
abilties produce complexes with markedly di↵erent stabilities?
Butanol has three di↵erent isomers, n-butanol (B), isobutanol
(iB) and 2-butanol (2B). While these isomers have compara-
ble gas phase dipole moments (⇠1.7 Debye) and polarizabili-
ties (⇠8.9 Å3)[3], the di↵erences in their chemical structures
will result in di↵erent distributions of methyl groups and/or
methylene bridges around the ion. Consequently, despite hav-
ing similar polarizabilities, they will respond to the distance–
dependent field of the ion di↵erently, and the closer proxim-
ity of methyl groups in isobutanol and 2-butanol to the ion,
compared to n-butanol, can be expected to increase the sta-
bility of the complex. To quantify this e↵ect we carry out
substitution reactions (Equ. 1) involving these three butanol
isomers. The results are plotted in Fig. 3. Indeed, we find
that the isobutanol and 2-butanol complexes are more stable
than the corresponding n-butanol complexes. Furthermore,
complexes comprising of 2-butanols are more stable than the
corresponding complexes comprising of isobutanols, as one of
the two terminal methyl groups of 2-butanol is closer to the
ion than that of isobutanol. Thus, in addition to the static
dipole polarizabilities of the methyl groups, the distribution
of methyl groups around the ion also plays a role in ion com-
plex stability. We also note that the distances of the ions from
the closest methyl groups of 2-butanol (⇠5 Å) are compara-
ble to the distances of ions from the branched methyl group
of threonine in the S4 site of KcsA [7, 11]. This suggests fur-
ther that the reduction in methyl–induced polarization due to
T!S substitutions in the S4 sites of K–channels can reduce
the binding a�nities of all three ions significantly.

ABn ! A(iB)n

Fig. 3. E↵ect of butanol isoform on ion complexation enthalpies (�H). The

enthalpies are estimated at 298 K for the substitution reactions given by Equ. 1,

which are denoted as AXn ! AX0
n. All energies are in units of kcal/mol.

In the S4 sites of K–channels the ions coordinate with
eight ligands, and not just four hydroxyl ligands as studied
above. Consequently, the repulsion between the coordinating
ligands will be larger in the S4 site, which could reduce or
wash out the contribution of the threonine methyl groups to
the binding of ions at the S4 site. Furthermore, a T!S sub-
stitution may also alter the manner in which the coordinating
groups of the S4 site interact with ions.

To resolve these issues and understand how the threonine
methyl groups contribute to K–channel function, we consider
an isolated S4 site composed of threonine residues. In this
representative model, we substitute, in unit increments, the
threonines with serines, that is,

AT4 + nS ⌦ AT4�nSn + nT, [2]

and estimate the changes in free energy in the gas phase (Ta-
ble 1). We find that the repulsion between the eight coordi-
nating groups is not large enough to counteract the stabiliza-
tion provided by the presence of methyl groups. The a�nity
of the S4 site for all three ions, Na+, K+ and Ba2+, dimin-
ishes, although non-linearly, with each threonine substitution.
Furthermore, these substitutions result in only minor config-
urational changes that do not alter the overall topology of
the S4 site (Table S2 of supporting information), which im-
plies that the e↵ect of T!S substitutions on configurational
entropy will be minimal, and may be neglected. While we
find that the configurational change is generally higher in the
case of Ba2+ complexes as compared to Na+ and K+ com-
plexes, we also note that optimizations of Ba2+ complexes
following T!S substitutions, but under heavy atom position
restraints, result in a higher drop in S4 site a�nity. For ex-
ample, a BaT4 ! BaS4 substitution followed by a constrained
optimization yields a �E = XX kcal/mol, as opposed to a �E
= XX kcal/mol obtained after an unconstrained optimization.
This indicates that if the K–channel matrix were rigid to dis-
allow a structural change, a T!S substitution will result in
a higher loss in S4 site a�nity for Ba2+, as compared to the
results in Table 1. Together, this suggests that the loss in
a�nity of the S4 site noted in Table 1 is not a result of altered
ion–binding topologies, but is primarily due to a reduction in
the methyl–induced polarization of the S4 site.

When all four threonines are replaced by serines, the es-
timated drop in the a�nity of the S4 site is the highest for
Ba2+ (Table 1). The free energy di↵erence of 6.9 kcal/mol is
equivalent to a 106-fold drop in binding a�nity, where more
than half of the a�nity drop is due to a loss in dispersion
energy (Table S3 of supporting information). The net drop in
Ba2+ binding a�nity accounts for the change in half maximal
inhibitory concentrations (IC50) of Ba2+ seen in T!S substi-
tution experiments [16]. In addition, it also accounts for the
di↵erence between the Kir 2.4 and Kir 2.1 experimental IC50

values of Ba2+ [20, 21], as Kir 2.4 carries a serine and Kir 2.1
a threonine in the S4 site.

The computed drop in stability is, however, greater than
that inferred from experiments (by over 3 kcal/mol). This dis-
crepancy does not result from the pairwise approximation [31]
employed in the estimation of the dispersion energy. While
many-body dispersion terms can contribute significantly to
ligand binding [38], we find their contribution to be only
0.3 kcal/mol to the BaT4 ! BaS4 substitution reaction (Ta-
ble S4 of supporting information). We also do not expect
this discrepancy to be due to the missing structural restraints
from the protein matrix on the isolated S4 site, as the T!S
substitutions are accompanied by only minor configurational
changes (Table S2 of supporting information). The overesti-
mated drop in Ba2+ binding a�nity is most likely because our
calculations lack a polarization coupling between the S4 site
and its external environment. Fig. 4 shows that the polar-
ization in the electron density of the threonine methyl groups
is along the electric field of the Ba2+ ion, which maximizes
the contribution of methyl polarization to Ba2+ binding. The
presence of other polar chemical moieties proximal to the S4
site, including water molecules, can reduce the contribution
of polarization and thereby the overall e↵ect of T!S substi-
tutions on Ba2+ binding. Thermodynamically, this reduction
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ion-coordination number. This non-linearity emerges as a
consequence of repulsion between the coordinating ligands
[23, 36, 37]. Finally, �H and �G, also depend on the
charge/size ratio of the ion, and once again, we find a non-
linear relationship between the charge/size ratio of the ion and
the magnitude of the thermodynamic change. Doubling the
charge/size ratio of the ion does not necessarily imply that the
stability of the complex also increases by a factor of two, as
may be the case when induced e↵ects are small. For example,
while the �G associated with a K+W ! K+M substitution is
-1.9 kcal/mol, the �G associated with the Ba2+W ! Ba2+M
substitution is -7.9 kcal/mol, which is a 4-fold change instead
of a 2-fold change. This additional non-linear e↵ect also un-
derscores the importance of explicit polarization e↵ects in ion
complexation [23].

In the calculations above, the small molecules have similar
gas phase dipole moments, but markedly di↵erent polarizabil-
ities, and a ligand with a higher polarizability produces, in
general, a more stable ion complex. Can ligands with simi-
lar gas phase dipole moments as well as static dipole polariz-
abilties produce complexes with markedly di↵erent stabilities?
Butanol has three di↵erent isomers, n-butanol (B), isobutanol
(iB) and 2-butanol (2B). While these isomers have compara-
ble gas phase dipole moments (⇠1.7 Debye) and polarizabili-
ties (⇠8.9 Å3)[3], the di↵erences in their chemical structures
will result in di↵erent distributions of methyl groups and/or
methylene bridges around the ion. Consequently, despite hav-
ing similar polarizabilities, they will respond to the distance–
dependent field of the ion di↵erently, and the closer proxim-
ity of methyl groups in isobutanol and 2-butanol to the ion,
compared to n-butanol, can be expected to increase the sta-
bility of the complex. To quantify this e↵ect we carry out
substitution reactions (Equ. 1) involving these three butanol
isomers. The results are plotted in Fig. 3. Indeed, we find
that the isobutanol and 2-butanol complexes are more stable
than the corresponding n-butanol complexes. Furthermore,
complexes comprising of 2-butanols are more stable than the
corresponding complexes comprising of isobutanols, as one of
the two terminal methyl groups of 2-butanol is closer to the
ion than that of isobutanol. Thus, in addition to the static
dipole polarizabilities of the methyl groups, the distribution
of methyl groups around the ion also plays a role in ion com-
plex stability. We also note that the distances of the ions from
the closest methyl groups of 2-butanol (⇠5 Å) are compara-
ble to the distances of ions from the branched methyl group
of threonine in the S4 site of KcsA [7, 11]. This suggests fur-
ther that the reduction in methyl–induced polarization due to
T!S substitutions in the S4 sites of K–channels can reduce
the binding a�nities of all three ions significantly.

ABn ! A(2B)n

Fig. 3. E↵ect of butanol isoform on ion complexation enthalpies (�H). The

enthalpies are estimated at 298 K for the substitution reactions given by Equ. 1,

which are denoted as AXn ! AX0
n. All energies are in units of kcal/mol.

In the S4 sites of K–channels the ions coordinate with
eight ligands, and not just four hydroxyl ligands as studied
above. Consequently, the repulsion between the coordinating
ligands will be larger in the S4 site, which could reduce or
wash out the contribution of the threonine methyl groups to
the binding of ions at the S4 site. Furthermore, a T!S sub-
stitution may also alter the manner in which the coordinating
groups of the S4 site interact with ions.

To resolve these issues and understand how the threonine
methyl groups contribute to K–channel function, we consider
an isolated S4 site composed of threonine residues. In this
representative model, we substitute, in unit increments, the
threonines with serines, that is,

AT4 + nS ⌦ AT4�nSn + nT, [2]

and estimate the changes in free energy in the gas phase (Ta-
ble 1). We find that the repulsion between the eight coordi-
nating groups is not large enough to counteract the stabiliza-
tion provided by the presence of methyl groups. The a�nity
of the S4 site for all three ions, Na+, K+ and Ba2+, dimin-
ishes, although non-linearly, with each threonine substitution.
Furthermore, these substitutions result in only minor config-
urational changes that do not alter the overall topology of
the S4 site (Table S2 of supporting information), which im-
plies that the e↵ect of T!S substitutions on configurational
entropy will be minimal, and may be neglected. While we
find that the configurational change is generally higher in the
case of Ba2+ complexes as compared to Na+ and K+ com-
plexes, we also note that optimizations of Ba2+ complexes
following T!S substitutions, but under heavy atom position
restraints, result in a higher drop in S4 site a�nity. For ex-
ample, a BaT4 ! BaS4 substitution followed by a constrained
optimization yields a �E = XX kcal/mol, as opposed to a �E
= XX kcal/mol obtained after an unconstrained optimization.
This indicates that if the K–channel matrix were rigid to dis-
allow a structural change, a T!S substitution will result in
a higher loss in S4 site a�nity for Ba2+, as compared to the
results in Table 1. Together, this suggests that the loss in
a�nity of the S4 site noted in Table 1 is not a result of altered
ion–binding topologies, but is primarily due to a reduction in
the methyl–induced polarization of the S4 site.

When all four threonines are replaced by serines, the es-
timated drop in the a�nity of the S4 site is the highest for
Ba2+ (Table 1). The free energy di↵erence of 6.9 kcal/mol is
equivalent to a 106-fold drop in binding a�nity, where more
than half of the a�nity drop is due to a loss in dispersion
energy (Table S3 of supporting information). The net drop in
Ba2+ binding a�nity accounts for the change in half maximal
inhibitory concentrations (IC50) of Ba2+ seen in T!S substi-
tution experiments [16]. In addition, it also accounts for the
di↵erence between the Kir 2.4 and Kir 2.1 experimental IC50

values of Ba2+ [20, 21], as Kir 2.4 carries a serine and Kir 2.1
a threonine in the S4 site.

The computed drop in stability is, however, greater than
that inferred from experiments (by over 3 kcal/mol). This dis-
crepancy does not result from the pairwise approximation [31]
employed in the estimation of the dispersion energy. While
many-body dispersion terms can contribute significantly to
ligand binding [38], we find their contribution to be only
0.3 kcal/mol to the BaT4 ! BaS4 substitution reaction (Ta-
ble S4 of supporting information). We also do not expect
this discrepancy to be due to the missing structural restraints
from the protein matrix on the isolated S4 site, as the T!S
substitutions are accompanied by only minor configurational
changes (Table S2 of supporting information). The overesti-
mated drop in Ba2+ binding a�nity is most likely because our
calculations lack a polarization coupling between the S4 site
and its external environment. Fig. 4 shows that the polar-
ization in the electron density of the threonine methyl groups
is along the electric field of the Ba2+ ion, which maximizes
the contribution of methyl polarization to Ba2+ binding. The
presence of other polar chemical moieties proximal to the S4
site, including water molecules, can reduce the contribution
of polarization and thereby the overall e↵ect of T!S substi-
tutions on Ba2+ binding. Thermodynamically, this reduction
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Fig. 3. E↵ect of butanol isoform on ion complexation enthalpies (�H). The

enthalpies are estimated at 298 K for the substitution reactions given by Equ. 1,

which are denoted as AXn ! AX0
n. All energies are in units of kcal/mol.

APn ! ABn

To resolve these issues and understand how the threonine
methyl groups contribute to K–channel function, we consider
an isolated S4 site composed of threonine residues. In this
representative model, we substitute, in unit increments, the
threonines with serines, that is,

AT4 + nS ⌦ AT4�nSn + nT, [2]

and estimate the changes in free energy in the gas phase (Ta-
ble 1). We find that the repulsion between the eight coor-
dinating groups is not large enough to counteract the sta-
bilization provided by the presence of methyl groups. The
a�nity of the S4 site for all three ions (Na+, K+, Ba2+) di-
minishes, although non-linearly, with each threonine substi-
tution. Furthermore, these substitutions result in only minor
configurational changes that do not alter the overall topol-
ogy (geometry) of the S4 site (Table S2 of supporting infor-
mation), which implies that the e↵ect of T!S substitutions
on configurational entropy will be minimal [38], and may be
neglected. While we find that the configurational change is
generally higher in the case of Ba2+ complexes as compared
to Na+ and K+ complexes, we also note that optimizations
of Ba2+ complexes following T!S substitutions, but under
heavy atom position restraints, result in a higher drop in S4
site a�nity. For example, a BaT4 ! BaS4 substitution fol-
lowed by a constrained optimization yields a single point en-
ergy di↵erence �E = XX kcal/mol, as opposed to a �E =
XX kcal/mol obtained from an unconstrained optimization.
This indicates that if the structure of the S4 site remained
unchanged from a T!S mutation, then the a�nity of the S4
site for Ba2+ would drop even further than that reported in
Table 1. Together, this suggests that the loss in a�nity of
the S4 site noted in Table 1 is not a result of altered ion–
binding topologies, but is primarily due to a reduction in the
methyl–induced polarization of the S4 site.

When all four threonines are replaced by serines, the es-
timated drop in the a�nity of the S4 site is the highest for
Ba2+ (Table 1). The free energy di↵erence of 6.9 kcal/mol is
equivalent to a 106-fold drop in binding a�nity, where more
than half of the a�nity drop is due to a loss in dispersion
energy (Table S3 of supporting information). The net drop in
Ba2+ binding a�nity accounts for the change in half maximal
inhibitory concentrations (IC50) of Ba2+ seen in T!S substi-
tution experiments [16]. In addition, it also accounts for the
di↵erence between the Kir 2.4 and Kir 2.1 experimental IC50
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Fig. 3. Effect of butanol isomer on ion complexation enthalpies (∆H). The en-

thalpies are estimated at 298 K for the substitution reactions given by Equ. 1, which

are denoted as AXn → AX′n. All energies are in units of kcal/mol.

To resolve these issues and understand how the threonine
methyl groups contribute to K–channel function, we consider
an isolated S4 site composed of threonine residues. In this
representative model, we substitute, in unit increments, the
threonines with serines, that is,

AT4 + nS 
 AT4−nSn + nT, [2]

and estimate the changes in free energy in the gas phase (Ta-
ble 1). We find that the repulsion between the eight coor-
dinating groups is not large enough to counteract the sta-
bilization provided by the presence of methyl groups. The
affinity of the S4 site for all three ions (Na+, K+, Ba2+) di-
minishes, although non-linearly, with each threonine substi-
tution. Furthermore, these substitutions result in only minor
configurational changes that do not alter the overall topology
(geometry) of the S4 site (Table S2 and Figure S3 of sup-
porting information), which implies that the effect of T→S
substitutions on configurational entropy will be minimal [38],
and may be neglected. While we find that the configurational
change is generally higher in the case of Ba2+ complexes as
compared to Na+ and K+ complexes, we also note that op-
timizations of Ba2+ complexes following T→S substitutions,
but under heavy atom position restraints, result in a higher
drop in S4 site affinity. For example, a BaT4 → BaS4 substi-
tution followed by a constrained optimization yields a single
point energy difference ∆E = 8.8 kcal/mol, as opposed to
a ∆E = 5.2 kcal/mol obtained from an unconstrained opti-
mization. This indicates that if the structure of the S4 site
remained unchanged after a T→S mutation, then the affinity
of the S4 site for Ba2+ would drop even further than that
reported in Table 1. Together, this suggests that the loss in
affinity of the S4 site noted in Table 1 is not a result of altered
ion–binding topologies, but is primarily due to a reduction in
the methyl–induced polarization of the S4 site.

When all four threonines are replaced by serines, the es-
timated drop in the affinity of the S4 site is the highest for
Ba2+ (Table 1). The free energy difference of 6.9 kcal/mol is
equivalent to a 106-fold drop in binding affinity, where more
than half of the affinity drop is due to a loss in dispersion
energy (Table S3 of supporting information). The net drop in
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Ba2+ binding affinity accounts for the change in half maximal
inhibitory concentrations (IC50) of Ba2+ seen in T→S substi-
tution experiments [16]. In addition, it also accounts for the
difference between the Kir 2.4 and Kir 2.1 experimental IC50

values of Ba2+ [20, 21], as Kir 2.4 carries a serine and Kir 2.1
a threonine in the S4 site.

The computed drop in stability is, however, greater than
that inferred from experiments (by over 3 kcal/mol). This dis-
crepancy does not result from the pairwise approximation [31]
employed in the estimation of the dispersion energy. While
many-body dispersion terms can contribute significantly to
ligand binding [39], we find their contribution to be only
0.3 kcal/mol to the BaT4 → BaS4 substitution reaction (Ta-
ble S4 of supporting information). We also do not expect
this discrepancy to be due to the missing structural restraints
from the protein matrix on the isolated S4 site, as the T→S
substitutions are accompanied by only minor configurational
changes (Table S2 of supporting information).

The overestimated drop in Ba2+ binding affinity is most
likely because our calculations lack a polarization coupling
between the S4 site and its external environment. Fig. 4
shows that the polarization in the electron density of the thre-
onine methyl groups is along the electric field of the Ba2+ ion,
which maximizes the contribution of methyl polarization to
Ba2+ binding. The presence of other polar chemical moieties
proximal to the S4 site, including water molecules, can reduce
the contribution of polarization and thereby the overall effect
of T→S substitutions on Ba2+ binding. Thermodynamically,
this reduction will appear as an increase in the free energy
penalty associated with threonine extraction from its local
environment, which has been shown to influence ion bind-
ing [40, 41]. Another possible explanation could be that the
computed values may not be comparable directly with exper-
imental estimates. It is plausible that a T→S substitution
indeed causes the Ba2+ binding affinity of the S4 site to drop
close to the computed value, and in such an event Ba2+ binds
to an alternative site in the filter that is more favorable than
the serine–containing S4 site. The experimental estimates of
Ba2+ IC50 values in the presence of threonines and serines
could, therefore, correspond to two different binding sites of
Ba2+ in the filter, instead of two different chemistries of an S4
binding site. Irregardless, we find that the presence of methyl
groups contributes significantly to the binding of Ba2+ ions
to K–channels.

Fig. 4. Effect of T→S substitution on the electron density ρ of an isolated S4

site bound to Ba2+. This effect was estimated as ∆ρ = (ρBaT4
− 4ρCH3

−
ρBaS4

+ 4ρH) using the PBE0+vdW functional. In the expression above, ρX are

the electron densities of the isolated groups, X. The BaS4 complex was constructed

from the optimized geometry of the BaT4 complex by first replacing its side chain

CH3 groups with H atoms, and then relaxing the H atom coordinates.

From Table 1, we also see that when all four threonines
are replaced by serines, the stability of the S4 site complexed
with K+ ions drops by 3.4 kcal/mol. It is known that K+

binding to the selectivity filter contributes to the organiza-
tion of the filter’s conductive state, as well as to the channel’s
ability to assemble into tetramers [7, 50, 51, 52]. A drop
in K+ binding affinity at the S4 site could, therefore, desta-
bilize the filter’s conductive state, and/or impede the chan-
nel’s ability to form tetramers. Indeed, electrophoresis stud-
ies show that T→S substitutions in Kcv reduce the channel’s
ability to assemble into tetramers [16]. In addition, electro-
physiological studies show that T→S substitutions in Kir 2.1
alter the channel’s mean open probabilities [16]. The bind-
ing of K+ ions to the S4 site also plays a vital role in the
concerted movement of ions along the permeation pathway
[10, 42, 43, 44, 45, 46, 47, 48, 49]. A T→S substitution could,
therefore, potentially also alter the kinetics of K+ transport
through the channel, although no such effects were observed in
experiments on Kcv and Kir 2.1 channels [16]. Nevertheless,
it is clear from Table 1 and Figures 2 and 3 that the polar-
ization induced by methyl groups can contribute significantly
to how K+ ions interact with the channel, and therefore, the
ion’s transport properties.

The data in Table 1 also indicates that T→S substitutions
will lower the affinity of the S4 site for Na+ ions. This reduc-
tion is, in general, greater than that estimated in the case of
K+ ions, which suggests that T→S substitutions will also in-
crease the K/Na selectivity of the S4 site. This, however, does
not imply that the overall selectivity of the channel will also
increase. Thermodynamic calculations on KcsA indicate that
the contribution of the S4 site to the channel’s K/Na selectiv-
ity is small [53]. Furthermore, the channel’s overall selectivity
also depends on the number of 8-fold ion binding sites in the
selectivity filter [54], and how these sites interact with their
proximal environment, including with each other [40, 55, 56].
While it is not straightforward to ascertain how these effects
will interplay to alter the selective properties of T→S mutant
channels, electrophysiological studies show that T→S substi-
tutions in Kcv channels do not alter K/Na selectivity [16].

Together, we find that the polarization induced by methyl
groups stabilizes ion complexation significantly, and can,
therefore, also be expected to influence the interactions of
other biological charged species. The magnitude of the ef-
fect depends non–linearly on ion charge, the proximity of the
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methyl group from the ion, as well as on the number of methyl
groups present in the ion complex. T→S substitutions in the
S4 sites of K–channels result in removal of methyl groups from
a distance greater than 5 Å from the ion. While the architec-
ture of the binding site is affected minimally, the stability of
the S4 site for Ba2+ drops by several kcal/mol with the T→S
substitution. This destabilization accounts for the changes in
IC50 values of Ba2+ seen in experiments. Additionally, the
affinity of the S4 site also drops for K+ ions, which correlates
with changes in gating properties as well as a reduction in
the overall stability of the channel. These results show how
polarization induced by methyl groups is important to both
K–channel function and stability.

Summary
Naturally occurring or engineered T→S substitutions at the
S4 ion-binding sites of K–channels reduce the number of
methyl groups near the ion. Despite this seemingly benign
change in the number of hydrophobic groups, electrophysio-
logical experiments show that T→S substitutions modify K–
channel properties. Results from our first principles quantum
mechanical calculations account for these modifications. We
find that the methyl–induced polarization is large enough that
its reduction in S4 sites due to T→S substitutions reduces ion
affinities dramatically, with minimal change in topology. This
loss in ion affinity is consistent with experimental observa-
tions, such as changes in open channel probabilities, and IC50

values of Ba2+. These results illustrate quantitatively how
protein function can also rely on the polarization induced by
methyl groups. Given the abundance of charged moieties in
biological systems, such as ions, titratable amino acids, sul-
phates, phosphates and nucleotides, it appears unlikely that
we have uncovered an unwonted instance of where the po-
larizability of methyl groups matter. The recent advances in

computational methods now permit a proper quantitative as-
sessment of the role of methyl groups in biomolecular function.

Materials and Methods
Free energy changes ∆G associated with the substitution reactions (Equations 1 and

2) are obtained after relaxing separately each molecular complex using the DFT+vdW

method [30] implemented in the all-electron, localized basis FHI-aims package [57, 58].

The vdW corrected PBE [26] functional (PBE+vdW) is used for relaxations. Within

the DFT+vdW method, PBE performs well against the S22 data set [59], exhibiting

a mean absolute error of only 0.3 kcal/mol [31]. Relativistic corrections are used only

for complexes containing barium ions, and using the atomic ZORA method [60]. We

employ the “tight” settings for integration grids and basis sets, as described in Ref.

[57], which yield converged energy differences and negligible basis set superposition

error. While the starting geometries of the ion-water complexes are taken from Ref.

[41], the starting geometries of the ion-alcohol complexes are constructed using the

ion-water complexes as templates. The coordinates for the S4 site of the K–channel

selectivity filter are taken from the X-ray structure of KcsA [7].

Following relaxation, the complex geometries are subjected to a single point

calculation using the hybrid PBE0[27, 28]+vdW functional. Due to the partial in-

clusion of exact exchange in PBE0, this functional improves the description of elec-

tron delocalization [61]. This is important to the estimation of vdW contributions,

C6[n(r)]/R6
, as they depend explicitly on the self-consistent electron densities

n(r). The translational, rotational and vibrational contributions are estimated sep-

arately for each molecular complex, with the PBE+vdW functional, at a temperature

of 298 K and a pressure of 1 atmosphere. These contributions are then added to the

PBE0+vdW single point energies to obtain the free energies G of individual com-

plexes. The free energy changes ∆G associated with the substitution reactions are

then obtained by subtracting the free energies of reactant complexes from the product

complexes; that is, ∆G =
∑

npGp −
∑

nrGr , where np and nr are the

stoichiometries of the products and reactants.
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Table 1. Free energy change ∆G at
298 K associated with the substitu-
tion reaction given by Equ. 2.

n Na+ K+ Ba2+

1 1.5 1.4 2.3

2 2.2 (2.5)a 2.4 (1.7)a 3.4 (3.8)a

3 3.3 2.5 5.0

4 4.6 3.4 6.9
a Two simultaneous T → S substitutions can be introduced in two different ways. In one case, the substitutions can be made on adjacent

threonine residues, and in the other case, the substitutions are made on non-adjacent threonine residues. The numbers in brackets

correspond to T → S substitutions made on adjacent threonine residues.
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