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1. Introduction

Satellite navigation is a process of identifying the space and time coordinates of
the satelite data products (e.g. images). The satellite navigation without
ground control points is tied to satellite orbit determination and prediction
(ephemerides), as shown in Fig. 1.

Satellite observations of various kinds and accuracies are gathered from a
global network of observing stations by a space agency. To compute the orbits,
the observations are merged together, weighted according to their quality, and
used in a least-squares adjustment - orbit determination process - to find or im-
prove the orbital elements and various physical parameters (like the Earth
gravity field and atmospheric parameters, geocentric coordinates of the
tracking stations, etc.). These values are used for orbit prediction and ephe-
merides that enable further observations from the network for a next orbit
determination. Due to the perturbing forces acting on the satellite like the
Earth gravity variations, luni-solar attraction, atmospheric drag and solar
pressure, the orbit differs from an idealized Keplerian ellipse, and evolves in
time. Thus, the orbital elements cannot be determined once for all. On the
contrary, a set of "new" observations obtained during a few days around date ¢;
will be used to update the elements from the previous epoch tg. This is an

endless process.

To perform the observations, the tracking stations need to know when and
where on the sky the satellites will fly over the individual stations. This
information is known as ephemeris data. "General" ephemerides inform on
the satellite's pass, on Sun's illumination and on conditions of simultaneous
observability of the satellite from more stations. "Detailed” ephemeris data are
used to control the mount of the tracking instument (camera, laser radar, etc.)
that follows the satellite's motion on the sky.

Navigation of meteorological satellites can, therefore, be understood as an ap-
plication of orbit determination and prediction, whereby the accuracy require-
ments are moderate in comparison with the strict demands by geodesy and
geodynamics. The required observations may be of lower accuracy (radar,
radio) and the force (perturbation) model to account for the orbit perturbations
during the orbit adjustment is simplified.
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In satellite navigation, Ho and Asem (1986) as well as Emery at al. (1989)
distinguish direct and inverse referencing. The former is to locate a subsatel-
lite point or a pixel of an image by assigning a scan line / and a pixel number p
for a given time from given orbital elements, i.e. to find geographic or geodetic
coordinates of that point. Inverse referencing means that the geographic coor-
dinates of a place of interest are given and we seek the corresponding image
coordinates (I, p), utilizing given orbital elements.

From the viewpoint of satellite dynamics, mean orbital elements in epoch ¢p
are given and we compute the satellite position in ¢ ; the time elapsed since ¢
is not too large. Basically this task consists of a transformation between mean
elements in ¢{p and osculating elements in ¢ as well as of a transformation from
coordinates not connected with the Earth into those rotating with the Earth.
The computation involves standard procedures available from geodetic and
astronomical observatories in the frame of their software for orbit deter-
mination and prediction. We will use Czech software (Ldla, 1981; for more
details see Straka et al., 1991).

Satellite images usually include several kinds of distortions that must be cor-
rected before the image data can be used for remote sensing applications.
These errors can be divided into "orbital" and "geometrical” ones as well as
those due to satellite hardware. A list of the errors that affect the navigation
product is contained in Table 1 together with their classification. We display
the magnitude of the errors before and after our improvement of navigation
software. Some errors can not be removed by the users without a cooperation
with the responsible space agency (Nos. 1, 6, 9); the error No. 11 is dictated
dominantly by the pixel size. For more details see the review paper Straka et al.
(1991) and the references in this paper. The mathematical background for the
direct and inverse referencing has already been described in literature (Ho and
Asem, 1989; Emery et al., 1989; Robinson, 1985), so we will repeat only the
necessary minimum (Section 3) to understand the meaning of the changes
made in the software (Sections 4.1, 4.2), and we will deal with the software
alidation test (Section 5).
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Table 1: Classification of errors in satellite navigation (for NOAA-N type
orbit).
No error error classes error type/
before after comment

1 |[orbital elements of NASA two 2 2& OR
line type

2 |neglected orbital eccentricity 2 5 OR
(length of arc about 5000 km)

3 |neglected difference between max. at + 45 deg
geocentric and geodetic (geo- 1 5 zero at equator
graphic) latitude NO, G -

4 |neglected difference between
astronomical and geodetic 3 3+ NO, G
latitude

5 |neglected gravitational per-
turbations except Earth's 2-4 3-4+ |see Table4
polar flattening OR

6 |old (superseeded) main con-
stants of the gravity field 2 2-4 OR
(GM) and ellipsoid para-
meters ael, le}

7 |neglected non-gravitational 3-4 4+ OR
perturbation

8 |max. scan skew effect 2 5 NO, G

9 |timing error 1 1& NO,H

10 [ attitude parameters 2 2 NO,H

11 |[identification of 1 x 1 km pixel 2 2 & NO, G
on map

OR = orbital

NO = non-orbital

H = hardware

G = geometric

& can not be improved by the ordinary users

+ software for a further improvement is available but not used yet

Error classes

very important 1

important 2

> 10 km
Action:

if present software does not include such an effect,

change it to include it.

Action:

include it, provided that new software becomes not

error may be much larger than the pixel size, say

error amplitude reaches the pixel size, i.e. ~1 km

extremely complicated and CPU-time consuming.




moderate 3 with amplitude A within the range (roughly)
100m<A<1km
Action:
usually no action, with the exception that impro-
vements can be achieved easily.

small 4 10m<A<100m
usually no action.
negligible 5 A <10 m, no action.
2. Orbital elements of meteorological satellites for navigation purposes

We consider the orbits of the operational meteorological satellites NOAA 6
through 11; their basic orbital data and COSPAR identification numbers are
gathered into Table 2.

Table 2: COSPAR identification numbers of the NOAA-N satellites, their
approximate initial orbital characteristics, and list of periods
where the NASA two-line or TBUS elements were available for our
analyses (June, 1991 status):

satellite | COSPAR P I apogee perigee | NASA two-line TBUS
name number [km] [km] elements
NOAA 6 1979 - 100.9 98.5 809 790 1/81 - 8/86 6/80 - 8/80,
057A 6/82 - 8/83,
7/84 - 11/86
NOAA 7 1981 - 101.8 99.0 851 832 1/82 - 3/87 6/81 - 3/85
059 A
NOAA 8 1983 - 101.1 98.5 822 797 7/83-12/84, | 4/83 - 8/84,
022 A 8/85 - 2/817, 5/85 - 11/85
8/87
NOAA 9 1984 - 101.9 99.1 861 839 1/85 - 12/87 | 12/84 - 11/88
123 A
NOAA 10 1986 - 101.1 98.6 821 804 | @ ----- 9/86 - 12/90
073 A
NOAA 11 1988 - 102.0 98.6 861 845 | ----- 9/88 - 12/90
089 A

P  orbital period in minutes
I  orbital inclination in degrees

Sun-synchronous orbits:
NOAA even numbers twilight orbits (evening and morning),
NOAA odd numbers full-sun orbits (early afternoon and past midnight).

At the Max-Planck-Institut fiir Meteorologie, Hamburg, as for most users,
only NASA two-line elements and TBUS elements are available for the NOAA-
N satellites.

NASA computes the NASA two-line elements for plenty of application satel-
lites. A truncated Earth gravity field model (see NASA, 1974; Attachment C) is
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used for the orbit computation, where only the zonal harmonic geopotential
coefficients C2,0 and C3 ¢ are retained. The analytical theory for motion of a
satellite in the Earth gravity field (Kozai, 1959) is cited in (NASA, 1974). Kozai
has extended his formulae to long-periodic perturbations due to C3¢ through
C14,0 . The simplified force model used in this orbit generation is adequate for
the observations available, which are of low accuracy (radar, radio). Other or-
bit perturbations besides those due to the zonal geopotential harmonics seem to
be omitted (ibid). The mean motion n is given among the elements instead of
the semimajor axis a; the relationship to inverse the’quantities is in
Attachment B of NASA (1974). Also the derivatives of n are published; they can
be used to model in a first approximation the drag effect causing secular
decrease of @ and of orbital eccentricity e. The NASA two-line elements enable
position computation with a +1 to 5 km error compared to the actual position
(NASA, 1974; NOAA 1991, priv. commun.).

The orbital elements called TBUS are available from NOAA/NESS (1981). We
know only that these are Brouwer mean elements. The Brouwer and Brouwer-
Lyddane analytical theory is an alternative theory describing satellite's motion
in the Earth gravity field (see Cappellari et al., 1975); again only the zonal
harmonics are kept (to Cj5,0), all other perturbing accelerations are not ac-
counted for. For our navigation purposes, when the pixel size is about 1 x 1
km2, both simplified theories (Kozai or Brouwer-Lyddane) yield the similar
accuracy, and the position of a satellite computed by them should be nearly
identical (Lundquist and Veis, 1966). According to the technical documentation
available at Max-Planck-Institut fiir Meteorologie, Hamburg, however, not
only mean elements are distributed within TBUS files, but also actual (oscu-
lating) rectangular coordinates and velocity components, ballistic coefficient,
daily solar flux values, radiation pressure coefficient and rates of the elements
due to C2,0 are added. This might be an indication that the force model used to
compute the TBUS elements is more advanced (not only the zonal harmonics of
the geopotential).

A comparison between these two types of orbital information revealed the fol-
lowing: (i) the epochs of the elements differ (thus a direct comparison between
the argument of perigee w, longitude of the ascending node £ and the mean
anomaly of epoch M, is not possible), (ii ) when transforming n of the NASA
two-lines to a by means of the recommended formula, this a differs by a few
kilometers from a of the TBUS elements for the closest epochs, the difference
being a constant for various epochs. The impact on navigation with these two
types of elements is that the same software using the same force model will
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yield different results. We have similar experience when comparing the NASA
two-line elements to the Soviet elements transmitted to us to Ondrejov Obser-
vatory via Astrosoviet for the Intercosmos satellites. Table 3 compares basic
geodetic parameters of the Earth used in the NASA predictions to their recent
values. Although the value of the geocentric gravitational constant GM differs
significantly, this difference fails to explain the much larger discrepancy in
the semimajor axis mentioned above.

Table 3: Basic geodetic parameters of the Earth for satellite navigation
software.
quantity STEM 68R WGS 72 WGS 84 GEM T2 GRIM 4
GM [km? s2] 398601.2 398600.8 398600.5 398600.436 398600.440
10 gy, | - 7292115 7292115 7292115 | @ -----
[rad.s1]
aol [km] 6378.145 6378.135 6378.137 6378.137 6378.136
1/ ig 298.25 298.26 298.257 298.257 298.257
100 Cg‘g -484.131 -484.1605 - 484.16685 -484.16530 -484.16434
STEM 68R Spacetrack Earth Model (NASA two-line elements, NASA, 1974)
WGS 72,84  World Geodetic System (see, e.g., Decker, 1986)
GEM T2 Goddard Earth Model (7. . . TOPEX), Marsh et al., 1989
GRIM 4 Earth gravity field model worked out in Germany and France

(Schwintzer et al., 1990)
GM G times M, the product of the universal gravitational constant
with mass of the Earth (including the atmosphere), also called
geocentric gravitational constant and directly derivable from
satellite dynamics data
angular rotation of the Earth
semimajor axis and the polar flattening of the reference
rotational ellipsoid best-fitting geoid shape
Ca0 the most important of the harmonic geopotential coefficients
(second degree zonal harmonic coefficient).

WEa{'th
Qel, lel

Various types of orbital elements are disseminated by various space agencies.
Although the actual satellite observations are provided mostly by American
and Soviet military services, the orbit determination, prediction and ephemeris
data are often under the management of operational space agencies (e.g.
NESS, NESDIS, ASTROSOVIET, etc.). Various examples of orbital element
transmissions are listed in Smith (1980).

Smith (1980) gave an illustrative example. NORAD (North American Air De-
fense Command) of the US-Airforce performs satellite tracking and orbit
determination. The NORAD force model for the orbit computation, although
classified, was known to contain the Earth gravity and lunisolar perturbations,
atmospheric drag and solar radiation pressure. The Earth gravity model used
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was worked out by the US Defense Mapping Agency in the frame of WGS-72
(World Geodetic System) and may be it was replaced by the more recent WGS-
84. From orbital elements, computed by NORAD, ephemeris data are
generated and transmitted to NESS (National Environmental Satellite Service),
where in turn, orbital elements are retrieved, computed by means of the NASA
orbit determination programme (Cappellari et al., 1976). Thus, NESS provided
the users with orbital elements that modelled the ephemeris NORAD data, not
original tracking data! One can only hope that this complicated procedure,
dimming the matter, has already been or will be superseeded by a direct
approach.

for 1; e sgj;g ite gaﬂgatlgn We see, however, it may happen that the ongmal
agency computing the elements and/or the perturbation model used is not

known. In such a case, some error in the navigation product will appear. To
overcome this problem, community of users should press on space agencies to
distribute well documented, clearly defined orbital elements, with a reliable
accuracy assessment to know how large an error in the navigation result is
due to the "orbital dynamics" imperfections, amended by a list of formulae
necessary for the navigators to write their navigation software properly.

Another information which would be useful but is missing for NASA two-line
and TBUS element sets concerns the orbit manoeuvres. Before using the
elements we plot them as a function of time. The individual outlying points like
those in Fig. 2a are probably due to a gross error in the data or a misprint in
data transmission, while an offset, like that in the mean motion on Fig. 2b, is
probably due to an orbit maneouvre.
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Fig. 2a: NASA two-line elements mean motion for NOAA 9 as a function of
time, starting Jan. 1, 1981. Please note the errors in transmission.
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3. Procedures of direct and inverse referencing without ground control
points

In both cases, we assume the following input:

- orbital elements valid for the epoch tp not too far from time of the scene
(max. 2 weeks),

- the scan step angle §; of the scanning radiometer

- the half scan line time ¢7/2 and

- the line rate # (number of lines scanned per second).

Procedures described in Ho and Asem (1986), and the programme PIXPO,

available to us for inverse referencing, need also precise nodal information

(time of equator crossing teq at geographic longitude A.q). Our procedures

"EPHEM" and new "PIXPO" do not need this information.

In the case of direct referencing, pixel number p and scan line number / are
given and the parameters sought are: The geodetic (geographic) latitude and
longitude (¢, 1) of the centre of the pixel (at time ¢) at sea level with height A =0
above a reference ellipsoid. The solution is straigthforward.

In the case of inverse referencing, ¢ and A of the desired pixel, as taken from a
map, are given, and the pixel indices / and p are computed. The solution is
iterative.

As we already know from Section 1, mean orbital elements in ¢p will be trans-
formed to osculating elements in ¢, and then they will be "rotated" to the coor-
dinate system (¢, 4, h) connected with the Earth's body. A simplified force
model will be used. For more details on its choice see Straka et al., 1991.

The most important effect of the Earth gravity field is the precessional motion,
i.e. secular changes of w, 2 M, due to Cg2,, because Cg, is 1000 times larger
than all the other harmonics Cym, Sim. According to textbooks, the variations
of w, 2 and M, are directly proportional to Cg (e.g. Kaula, 1966; Vanicek and
Krakiwski, 1986):

c;)=%nC2J0 ﬁ(%)z[l-ez]'z[l-Scos’I] , (1)

. 2
Q=%nC2_o ﬁ(%—) (1-e)%cosI, 2)
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M=- %n C,, ﬁ(%)z(l -e)*[3cos?I-1] , 3

where 106 Cg g = - 484.1653 or - J2 =C2 V5 = 1082.6265 if using the older
notation; R = 6378.137 km (we take R = a¢}), I = orbital inclination, and e = orbi-

tal eccentricity.

The formulae for the long-periodic perturbations of I, e, @, £ M, due to C;,

(odd degree zonal harmonics) are more complicated (see, e.g., Lundquist and
Veis, 1966); as are those for the short-periodic variations caused by Cg,¢ (ibid,

Kozai, 1959; Cappellari et al., 1976).

The effect of atmospheric drag on a and e can be computed from the first
derivative of n, n (NASA, 1974), as follows:

_ 4/{an
"EH(E) ’ (4)
.__4[1-¢ i
e__g( . )(2) ) (5)

The osculating element E at time ¢ is computed from its mean value at 9 by:

E;=EO+Eo(t'to)*28Eoi , (6)

where E, are the secular perturbations and the 6E,; are the individual periodic
perturbations. For the mean anomaly, the mean motion n has to be added,
leading to

M=M_+M (t-t)+> 8M_ +nft-t) , (7
i
where n can be computed from the semimajor axis a of the orbital ellipse by
means of the 3rd Keplerian law
n*a’=GM |, (8)

where GM is the geocentric gravitational constant (see Table 3), presently
known from of satellite dynamics to at least 7 digits.
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The orbital elements at time ¢ can be transformed to rectangular geocentric
coordinates related to the vernal equinox (not rotating with the Earth), then
rotated by the sidereal Greenwich time © to the coordinates rotating with the
Earth (see Lundquist and Veis, 1966; and many others; also the programme
ORBITS, Section 4.1.1). A direct transformation is also possible (Colombo, 1984)

@ = arc sin[sin I'sin (@ + V)] , 9

Ag=arcsin[cosIsin (@+V)/cos®J+Q-O , (10)
where ®dg, Ag are geocentric (not geodetic!) latitude and longitude (for more
details see Section 4.1.2).

The sidereal angle © rotates the "celestial" coordinate system, which is defined
in fact by the orbital elements to the true terrestrial coordinate system which is
related to the Earth's equator, rotational pole and Greenwich meridian. ®is a
function of precession and nutation. Standard procedures are available to
compute mean or true ©; we make use of that from PRIOR (L4la, 1981) or
EPHEM 5 (Kostelecky, 1990). In the programme ORBITS, this "rotation" is
performed by the function VERNEQ.

The true anomaly v in (9) and (10) can be found from the mean anomaly M by
means of the equation of centre:

v=M+2esinM+%e2sin2M+O(e3) : (11)

For NOAA-N satellites e~ 0.001, so only the first two terms in (11) are
important.

The mean anomaly M can be computed by (7), as M,, a or n are given, and the
necessary perturbations are already accounted for. The oversimplification,
namely a circular orbit from the time of equator crossing feq to time ¢ as used
by Ho and Asem (1986) is thus overcome; "our" orbit is a perturbed elliptical
one.

The next step is to convert the geocentric coordinates @, As of the subsatellite
point S (Fig. 3), computed by (9) - (11), to geocentric coordinates (s, Ag) of the
pixel D. First we find the angle ¥ from the off-nadir angle 6
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¥ = arc sin [(rp/rd) sin 8] , 12)

for the sign see Emery et al. (1989).

Fig. 3: Schematic for direct and inverse referencing: P is the position of the
satellite, S the subsatellite point and D the desired pixel position. M is
mass center of the Earth and N the ascending node of satellite orbit.
The angle Ai is the difference between orbital inclination of the pixel
and of satellite orbital inclination 1.

The radius vector of the satellite orbit rp, = PM at time ¢ and the geocentric
distance DM of the pixel (approximated by SM = DM =re; i.e. by the radius-
vector of a reference ellipsoid computed for S, because @5 is already known)
follow (Fig. 4) from

a(1-¢’)
1+ecosv

2 1_2
ap "s_’\/ ad( ed) Ead(l-Zielsinzcbs), (14)

2 2
1 - €, cos (DS

rP=a(1-ecosE)= za(l-ecosM) , (13)

-
i
L ]
|

with
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where E is the eccentric anomaly, rei, Qel, €el, iel are the radius-vector,
semimajor axis, eccentricity or flattening of the reference rotational ellipsoid,
respectively. Recent values of these parameters should be used (Table 3).

flight direction
™

subsatellite

Fig. 4: Enhanced scheme for direct and inverse referencing. The relation-
ship between the off-nadir viewing angle 6 from satellite P and the
geocentric angle v of the pixel D.

Now, we have the angle = DS in the triangle DMS (Fig. 3). Also the angle u =
SN is known; it is the so-called argument of latitude u = w + v; w is given, v is
computed by eqs. (7) and (11). Thus we can find = DN in the triangle DSN
(Fig. 3) from

cos B=cosycosu-sinysinucosy , (15)
where the angle yis close to 90°, but slightly lower than 90°, because of the scan

skew effect (Fig. 5) which is due to the advancement of the satellite during the
time needed for a scan:
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subsatellite
trace

Fig. 5: The influence of the scan skew effect on direct/inverse referencing.

nt
cos Y=—2 , (16)

max

Vmax 18 the maximum of y, and the mean motion n is orbit dependent, the
time needed for a scan, £;,2, is a satellite-hardware dependent quantity.

From the triangle DSN in Fig. 3, we get the inclination difference between the
satellite orbit and the pixel position D

sin \ sin 'y
sin B

sin (j - I) = sin (Ai) = 17

From the triangle DLpN (Fig. 6), the geocentric latitude @p of the pixel D is
simply

sin ®_=sin Bsinj , (18)

and
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cos B = cos @, - cos (L,N) + sin @, - sin (L,N) - cos 90° .

This allows the calculation of the geocentric longitude Ap
cos (L N) = cos AL =cos B/ cos @, . (19)
Since from Fig. 6 the geocentric longitude Ap is directly related to A4
A =(Q-©)-A, (20)

we have both pixel coordinates (®p, Ap). For the transformation from geo-
centric to geodetic coordinates see Section 4.1.3.

Fig 6: A schematic for the angle relations for direct and inverse referen-
cing. Here: transformation between orbital and terrestrial coordina-
te systems.

Y vernal equinox (first point of Aries)
Gr Greenwich meridian

For direct referencing we can apply the formulae just given, while for the in-
verse referencing, ¢ is not known, and therefore, all time-dependent quantities
must be computed iteratively; the first approximation may take a circular orbit
as in Ho and Asem (1986).
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4, Software for direct and inverse referencing

4.1. Direct referencing
4.1.1. The programme ORBITS

The programme ORBITS distributed by the University of Wisconsin, Madison,
only computes the subsatellite (but not general pixel) position. from mean
elements at time £y for the required time interval At and space window, the
latter given as geocentric latitudes and longitudes Pnin, Pmax; Amin, Amax-
The latitude given by the programme ORBITS is the geocentric latitude ®@g of
the subsatellite point.

The central portion of ORBITS applies the Brouwer theory via the Brouwer-
Lyddane orbit generator routine BROLYD. It has been written to transform
mean to oscculating orbital elements. The Brouwer theory is an analytical
theory for satellite motion around the Earth as disturbed by the first few zonal
harmonic geopotential coefficents only (for details see Sections 5.9 - 5.10 of
Cappellari et al. (1976), where also the original publications of Brouwer and
Lyddane are cited).

The present version of ORBITS reads a window for time, latitude and longitude
and seeks automatically the most recent orbital (TBUS) elements of the re-
quired satellite. The improved version of ORBITS, called ORBITEST, described
in Section 4.1.4, does not differ in the input and the user may work with both
programmes in the same way.

4.1.2. Geoceniric, geodetic and astronomical latitude

Which subsatellite point belongs to the satellite position P; at time ¢; (Fig. 7a, b)?
Is it Pg, the projection of P; onto a spherical Earth, or is it P’g, the projection of.
P; onto a geocentric ellipsoid best-fitting the Earth' shape, or is it P'’g, the
projection of P; onto one of the equipotential surface, called the geoid? In
nature, it is a point P’’’g, (not shown in Fig. 7a, b) somewhere on land or sea-
surface topography, near P’’s. For us, the subsatellite point will be
approximated by P’g. It will be shown that the difference between Pg, and P’g,
may be very significant even for a pixel size of about 1 km, while the difference
between the ellipsoidal position P’g, and the "geoidal”" position P’’g, is much
lower (see Table 1). Finally, the difference between P’’s and P’’’s can be
neglected.
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Fig. 7a: Geocentric @ and geodetic ¢ latitude. The maximum difference is
about 11 arcmin (~20 km for points on Earth surface). M is the mass
center of the Earth as well as the center of a reference (= thus geo-
centric) ellipsoid.

] geoid
ellipsoid

s
e

Fig. 7b: Geodetic ¢ and astronomical ¢g latitude. The maximum difference
is a few arcseconds (~100 meters on Earth surface). The undulations
of the geoid over the reference ellipsoid are plotted enhanced (geoid is
always convex).
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The latitude &, related to Ps is called geocentric latitude, the latitude ¢, related
to P's is the geodetic (geographic) latitude, and the latitude ¢y, related to P’’g,
is the astronomical latitude. We will deal with the geodetic latitude ¢, related to
a best-fitting geocentric rotational ellipsoid, characterized by its semimajor
axis a7 and eccentricity ee; or flattening ig; (Tables 3, 4).

As for the Jongitude, there is no difference between the geocentric and geodetic
longitude A, while the astronomical longitude Ay differes from 4 by a deflection
of vertical. The height A, above the reference ellipsoid, also differs from the
height above the geoid due to the geoid undulation N (Fig. 8). The differences
between (¢, 4, &) and (¢g, Ag, hg) are of the order of 10 to 100 meters, so their
omission would lead to an error of category "3" (Table 1), still acceptable for
present-day meteorological satellites with 1 x 1 km?2 pixel size. For more infor-
mation on this topic see any textbook on geodesy, e.g. Vanicek and Krakiwski
(1986). In the Astronomical Institute of the Czech Academy of Sciences, a
software to account for the difference for any place on Earth is available (Sima
et al., 1983). For the "Hamburg area", N = 40-50 m, and fortunately the geoid is
flat so N = const for all German coastlines.

Maps are usually related to an ellipsoid, thus the geodetic latitude is also called
geographic latitude. The geodetic coordinates of a pixel (¢p, Ap), scaled from a
map, are sometimes used to define Ground Control Points (GCP). We will not
use them for any orbit "rectification”; we will use them for comparisons and
software validation only. The geographic latitudes for this purpose should be
derived from recent high-quality maps to avoid the use of old reference
ellipsoids (compare Table 4 to 3). We make use of INTERNATIONALE
KARTENSERIE NORDSEE in European Datum related to WGS 84 (Table 3).
The accuracy of scaling from those maps is limited, in fact, by the pixel size in
a satellite image (1 km). Assuming that a "standard set" of GCPs in the area of
interest is used repeatedly, one can recommend to contact a geodetic survey
(service) for the very precise geodetic or astronomical coordinates (“"absolute
landmarks"); they are known from triangulation, trilateration and by GPS
measurements for any place on the Earth with at least a meter accuracy,
usually with a centimeter accuracy, which is by a few orders higher than is
necessary for our purpose. By this way, the user can achieve the best accuracy
available even for a very small pixel size, where the reading from ordinary
maps would not be accurate enough.
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It is evident that the geocentric coordinates (®p, Ap) of a pixel, computed by (1)
- (20), must be transformed to geodetic coordinates (¢p, Ap) before comparing
them with the "map" coordinates of the GCPs. The formulae follow.

Table 4. A historical review of values for the main parameters of a
rotational reference ellipsoid for the Earth (see also Table 3).

Reference Qel [km] 1/ig
Delambre-Méchain (1810) 6376.985 308.64
Bessel (1841) 6377.397 . 299.15
Hayford (1910) 6378.388 297.0
Krasovskij (1940) 6378.245 298.3
IUGG (1975) 6378.140 298.257
WGS (1984) 6378.137 298.257

4.1.3. Transformations between geodetic and geocentric latitudes

The rectangular (Cartesian) coordinates of the position of a satellite or
subsatellite point P; (or Pg) and its spherical coordinates (both geocentric *) are

related as follows:

X =rcos ®cos A
Y=rcos®sinA (21)
Z=rsin®

With r =MPs.

The rectangular coordinates of P; (or P’s) and its geodetic coordinates (both
geocentric *) can be transformed by this way:

X =(r, +h)cos @cos A

Y =(r, + h)cos @sin A
Z=[r,(1-€4)+h]- sing ,

where ry is the normal radius of curvature (also called prime vertical radius

of curvature) of the ellipsoid,

The term "geocentric" here means "related to the Earth mass center" (M
in Fig. 7a, b). So we should be strict and distinguish "geocentric
geocentric" from "geodetic geocentric" coordinates, while "geodetic non-
geocentric” coordinates would be related to a non-geocentric ellipsoid.
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=1 ()= ad/(l - ¢, sin® q))m (23)

and & is the height above the ellipsoid. The problem is that ry is a function of ¢
and not a function of @.

By comparing (21) and (22), we get (24):

T (1 - e;) +h ;
tgtb—l +h g, (24)
and
tgA=Y/X .
For small 4, equations (24) becomes
bz
2 d
g @=(1-¢,) gO=—- 1P (25)

[N

where b, is the semiminor axis of the reference ellipsoid. Thus, equation (25)
is identical to equation (3) in Emery et al. (1989) for small values of A, i.e. not for
the satellite position P;, where h = 850 km.

We see, the transformation from geodetic to geocentric latitude is direct. The
inverse transformation is more complicated and is solved usually by iterations,
although an analytical solution is also known (see Vanicek and Krakiwski,
1986, p. 326).

The difference ¢ - @ is zero for ¢ = 0°, £ 90°, but at the poles the formulae (24)
and (25) fail; the maximum difference (¢ - @)max = 11 arc min (= 19 km for

points on the Earth surface) for | ol = 45°.
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4.14. ORBITEST-improved ORBITS

The improved programme ORBITS, called ORBITEST, differs just by the trans-
formation from geocentric to geodetic latitude of the pixel at the end of com-
putation. The subroutine GEOGEO is called and ¢p is computed from @p by

the following iterative process with prescribed accuracy &:
1. first iteration:
2 12 Z .
p=(X +Y : (p°=arctan—2~ ¥
p(l-e %)
where (X, Y, Z) of P;, eq (21), are known from previous computation in ORBITS
(ORBITEST),

rN,o=ad/(1'°2d sincho)v2 , h =0 or (p/cosqao)-rN’0 )

2. k th iteration:

T +h

N,k-1 k-1

tg(pk=[ : ]tgd) .
rN.k-l(l -e?;i)+hk-l

3. Westopif
0. 1- 0 <e -

For our accuracy requirement, £ = 104 [deg] and usually 2 iterations are
sufficient. The user may change £ in the subroutine GEOGEO.

The user of the ORBITEST programme can see only one difference between
ORBITEST and ORBITS output: ORBITEST yields time ¢, @, ¢ and A of the
subsatellite points (see example in Table 5) while the old ORBITS programme
yielded only time, @ and A. The input to both programmes is identical. The
subroutine GEOGEO is detailed in appendix 1.



Table 5: Geocentric and geodetic latitude of subsatellite points in dezg5rees
for NOAA-11 between 4 h 24 m and 4 h 42 m UT on November 20,
1990 as computed by the improved version of the programme
ORBITS (taken from Straka et al., 1991).

h m 0] [0} A
time geocentric latitude | geodetic latitude longitude
424 79.9042 79.9630 30.7883
425 77.9016 77.9714 15.3183
426 753176 75.4011 4.6058
427 72.4065 72.5047 - 2.8786
428 69.3055 69.4182 - 8.3115
429 66.0884 66.2148 - 12.4246
430 62.7962 62.9350 - 15.6603
431 59.4532 59.6026 -18.2913
432 56.0743 56.2325 - 20.4915
433 52.6693 52.8341 - 22.3761
434 49.2450 494141 - 24.0236
435 45.8055 45.9765 - 25.4894
436 42 3544 42.5248 - 26.8135
437 38.8941 39.0615 - 28.0256
438 35.4265 35.5883 - 29.1481
439 31.9529 32.1068 - 30.1985
440 28.4747 28.6184 - 31.1905
441 24.9925 25.1239 - 32.1351
442 21.5073 21.6244 - 33.0414

4.2, Inverse referencing

4.2.1. The programme PIXPO

The programme PIXPO (for pixel position) computes the pixel indices (/, p) for
given geocentric coordinates @p, Ap (hp = 0), given satellite orbital parameters
(I, a, teg, Aeq), and given satellite "hardware” parameters scan line time ¢7/2
and line rate ¥. All symbols have been explained at the beginning of Sec. 3. The
basis for PIXPO are the Ho and Asem (1986) formulae. '

From the viewpoint of satellite dynamics, PIXPO is too much a simplification:
between equator crossing time teq and time of scene the satellite is moving on a
circular orbit around a circular Earth. The force (perturbation) model is
strongly reduced, it accounts only for the nodal precession due to the most
important zonal harmonic coefficient of the Earth's potential, C2 . The rate of
@ due to C2,0 is neglected, because the orbit section from equator to scene is
circular. The transformation from the inertial to the terrestrial system is
achieved by rotation of A due to the Earth rotation (e.g. (6) in Ho and Asem,
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1986). Rather old constants GM and a,; are used. So we have verified, that just

an update of the constants resulted in Al = 2, i.e. an error of category 2, Table 1,
was introduced.

The need to improve PIXPO for better navigation is evident. For example, the
assumption of a circular orbit may result in a few kilometers error in the
satellite and subsatellite position (error type 2, category 2, Table 1), depending
upon the arc's length and geometry. From (13), we have for the radius of the
perigee rp = a (1 - e) and the apogee rq = a (1 + €): The maximum position error
due to the neglection of orbital eccentricity is Irp - rg | = 2 ae, i.e. roughly 20
km for NOAA-N orbits. The other imperfections are due to the neglected polar
flattening of the Earth (Section 4.1.2, and formulae (1) - (3) in Section 2), and
due to other perturbing accelerations omitted, excluding .(5 (Cg, 0).

4.2.2, The programme EPHEM

The programme EPHEM (L4la, 1968) computes the ephemerides of artificial
Earth satellites (Section 1, Fig. 1), i.e. it computes from given orbital elements
(mean elements for epoch t,) the satellite position via osculating elements in ¢ >
to,. Not only the satellite observability for a given ground station (¢, 4, h); is
estimated but also the mutual simultaneous visibility from more than one
station. EPHEM gives detailed ephemeris data like time and corresponding
azimuth and elevation for direct use in satellite tracking.

The original version of EPHEM has been updated many times. The force model
of a recent version includes gravity field perturbations due to the zonal and
tesseral harmonics, according to theories of Kozai and Kaula and a simplified
model for the atmospheric drag (NASA, 1974). The programme is able to read
and work with various types of orbital elements including the NASA two-line
elements. The TBUS elements, however, for the NOAA-N satellites, have never
been used. Many subroutines of the PRIOR programme for orbit determination
(L4la, 1981), worked out by a group in the Astronomical Institute of Czech
Acad. Sciences, are used in the EPHEM, too. The latest modification for a per-
sonal computer has been prepared by Kostelecky (1990); it is named EPHEM 5
and contains a simplified force model. This programme has been implemented
at the Hamburg institutes and has been modified for inverse referencing. The
force model has been further simplified to be compatible with the NASA two-
line elements (see NASA, 1974, by assuming that this description of the NASA
mean elements is still valid). So we account firstly for the secular
perturbations due to Cg, ¢, see equations (1) - (3), secondly for the long-periodic
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ones caused by C3 ¢ and thirdly for the atmospheric drag, according to

equations (4) and (5) for the NASA two-line elements.

[If the TBUS elements supplied by NOAA are used, a = 0 = ¢, because n is not
available. The force model used to compute the TBUS elements is also not
known, see Section 2, so the navigation results with these two categories of
elements differ].

The main argument of applying EPHEM for the inverse referencing instead of
PIXPO is the following: Replace the term "satellite observing station” by
"pixel" D (Fig. 3). Then we search for the moment, when D and S are on the
same orbital meridian, ¥ = 90 (neglecting for a moment the scan skew effect), §
= min. This is the instant when the relevant line is scanned. It is the time of
culmination of satellite P over pixel D. And the programme EPHEM just
computes by an iterative process the time of such a culmination.

4.2.3. User guide for the programme PIXPO3 - a modified EPHEM 5

All subroutines tailored to the detailed ephemerides and a catalogue of satellite
tracking stations were rejected from the EPHEM 5 version for a PC (Kostelecky,
1990), and various changes in the main of the programme and in the sub-
routine INEL (input of orbital elements) have been performed. The most im-
portant change was the inclusion of the subroutine LONGJ 3 which computes
the longperiodic perturbations due to the zonal harmonic coefficient Cg, ¢ of the
Earth potential, before the time of culmination is calculated. Also the format of
input data to the original EPHEM 5 differs from that for the new version of
EPHEM 5, called PIXPO 3. In Hamburg both programmes are available.

The user guide for PIXPO 3 will follow now with the NASA two-line elements
with an example for an input in Table 6a, and of the results in Table 6b. A
discussion of the results is in Section 5.

Explanati in in Tabl

(1) 1st line (free format):
- type of orbital elements 2 for NASA two-line elements
9 for TBUS elements
- option for computation of the longperiodic perturbations:
0 not included
1 included



(ii)

- half scan line time in [sec]

2nd and 3rd lines
a) type 2 (formatted NASA two-line elements)

-- first line of NASA two-line elements:

column

1.-9.
10. - 17.
18.
19. - 20.

21. - 32.

33.
34. - 43.
44,
45. - 50.
51. - 52

format

9X
A8
1X
I2

F128

1X
F 10.8

1X
F 6.5

I2
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0.083 for subsatellite track

name of

varibale

SATE

NY
DAY

EM(3)
EM(4)
NX

meaning
blanks
name of satellite
blank ‘

last two digits of the year at
the epoch of the elements

day of the year, its fraction
included

blank

n [rev/day?2]

blank

7 [rev/day3] (usually zero)
exponent of 7,

-- second line of NASA two-line elements:

column

1.-8.
9.-16.
17. - 25.
26. - 33.

34. - 42.
43.-51
52. - 63.

format

8X
F8.4
F9.4
F 8.7

F9.4
F94
F128

name of

varibale

EI(1)
EG(1)
EE(1)

EP(1)
EM(1)
EM(2)

meaning

blanks

inclination I [deg]

2 [deg]

e (without first zero, see the
example)

o [deg]

M, [deg]

n {rev/day]

These elements are available on a magnetic tape as files NOAAn.D, where n =

6-9, or TIROSN.D.

(iii)

b) type 9 (unformatted TBUS elements), ordered exactly as in the input for
ORBITS or ORBITESTS, occupying the 2nd and 3rd input lines.

4th line (free format):

- required time for the inverse referencing (start of computation with

PIXPO 3):

Y, M, D, H, M, SED (blanks between H & M & SEC);
- time correction between "rotational” UT1 and "coordinated” UTC time

scales, taken for the required day from BIH Annual Reports - see

appendix 2; (UT1-UTC) is in [sec]; for our purpose it may be neglected.
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- rate of (UT1-UTC) in [sec/day]; here zero;

- integer number MJD (modified Julian date) for which the correction
(UT1-UTC) applies (see also the BIH Annual Report in appendix 2).

(iv) 5th and other lines (free format):
- number of GCP or of pixel (for identification),
- geodetic latitude ¢ of the point [deg],
- longitude east of Greenwich (0-360°) [deg],
- height above the reference ellipsoid (here zero) in [m].

Our tests revealed that a scene with 262144 pixels is computed by means of
PIXPO 3 during 1.7 h of CPU-time on SUN SPARC station 1 computer (0.3 h for
the old PIXPO). The memory required for PIXPO 3 is about 295 KB (172 KB for
the old PIXPO).

2 1 0.0833
'NOAAO9' 87233.52733660 0.00000162
099.0565 199.7390.0016539 025.9284 334.2712 14.11513066

870819 14 43 10 -0.43 0.0 47029

3000 0.0 9.55 0.0

3001 55.0585 8.4335 0.0

3002 54.7417 8.2917 0.0

3003 55.5583 8.0833 0.0

3007 51.3917 1.4500 0.0

3008 58.1083 6.5667 0.0
Table 6a: Input data for PIXPO 3 or PIXPO 4.
E ' in Tabl

First, the programme informs on satellite name and source of elements, then

the elements used are reproduced (their rates are added) as follows:

ORBIT number of orbital arc (not important)

EPOCH (MJD and fraction of day, plus usual date in D, M, Y, H: M : SEC)

PERIG = o[deg], ® [deg/day],

RNODE = Q [deg], Q [deg/day] = 1 (because of nearly sun-synchronous
orbits of NOAA-N satellites),

INCLIN =1 {deg],

ECCEN  =e,e¢ [dayl],

SAXIS = a [km], a [km/day],

MANOM = M, [rev], n [rev/day], n [rev/day2), r [rev/day3].



NASA TWO-LINE ELEMENTS

SATELLITE : NORAQ9'

SOURCE OF ELEMENTS

ORBIT : 6

EPOCH : 47028  0.527337

PERIG : 25.928400 ' -2.810521

RNODE : 199.739000 1.009143

INCLN : 99.056500

ECCEN : 0.001654 0.000000

SAXIS : 7233.750 -0.001

MANOM : 0.928531 14.115131

LONGPER. TERMS (J3 ONLY) :

DP : 30.13486

DG : =0.00001

DI : 0.00001

DE : 0.03032

DM : -0.08371

SIDEREAL TIME AT 47028.5 : 10:

CORRECTION (UT1 - UTC)

TSKEW (sec): 0.083

POINT No. FI(geod) LAMBDA

3000 0.000000 9.550000

3001 55.058500 8.433500

3002 54.741700  8.291700

3003 55.558300 8.083300

3007 51.391700 1.450000

3008 58.108300 6.566700
Table 6b:

21.

8.1987

0.800000D-06

12:39:21.88

0.000000D+00

0.00000 47029

36:34.428
-0.43000

H(m) DATE

0.0 19. 8.1987
0.0 19. 8.1987
0.0 19. 8.1987
0.0 19. 8.1987
0.0 19. 8.1987
0.0 19. 8.1987

Output of PIXPO 3 (data in Table 6a used).

SATELLITE

: NOAAOY'

SOURCE OF ELEMENTS

ORBIT
EPOCH
PERIG
RNODE
INCLN :
ECCEN

SAXIS

MANOM :

. an @

6

47028
25.928400
199.739000
99.056500
0.001654
7233.750
0.928531

PROGRAM PIXPO4

STEP IN COMPUTATION [SEC}:

CULM. DELTA(deg)
:121.21 0.02
43.88 46.79
38.53 46.50
52.62 46.38
49.55 28.54
37.10 44.74

NASA TWO-LINE ELEMENTS

0.527337
-2.810521
1.009143

0.000000
-0.001

14.115131

5.

LONGPER. TERMS (J3 ONLY)

DP :
DG :
DI

DE :
DM :

30.13486
-0.00001
0.00001
0.03032
-0.08371

Table 6¢:

3000
3001
3002
3003
3007
3008

0.000000
55.058500
54.741700
55.558300
51.391700
58.108300

9.550000
8.433500
8.291700
8.083300
1.450000
6.566700

21.

8.1987

0.800000D-06

00

OO0 O OO0
« o e o o o
[eNelelNolNoie]

19.
19.
19.
19.
19.
19.

8.1987
8.1987
8.1987
8.1987
8.1987
8.1987

Output of PIXPO 4 (data in Table 6a used).

12:39:21.88

0.000000D+00

14:43:21.29
14:58:44.26
14:58:38.92
14:58:53.00
14:57:49.92
14:59:37.47

30

0.02
46.79
46 .50
46 .38
28.54
44.75
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Second, the information on the longperiodic perturbations and on sidereal

time, (UT1-UTC)-correction [sec] and £1/2 = TSKEW [sec] follows.

Finally, the resulting time of culmination (D, M, Y, H : M : SEC) and the off-
nadir angle & [deg] are given for each point with (¢p, Ap, Ap). These values we
then use to compute (I, p) of the desired pixels (¢p, Ap, Ap); by means of well
known formulae.

The pixel number p is computed from the off -nadir angle § as follows:

p=(80-8)20ﬂ+1 g
29,

where 8, = 55.38° for the AVHRR (max of §). The pixel line [ is related to the
time of culmination ¢, and to time of the the first line in the consideration ¢ by

this way:

1=E(tc- tf)+1 ;

where # is the line rate. The values of p and [ are computed outside PIXPO 3
(or PIXPO 4). '

4.24. Non-standard use of PIXPO 3

Besides the standard use of PIXPO 3, i.e. to find time of culmination and the
angle § at the moment of culmination for the given pixel (¢p, Ap, hp), PIXPO 3
can also be used to compute the time of equatorial crossing teq. Given: pixel (0,
Ap, 0), "fresh" orbital elements. We want to check ¢¢q, which was needed to run
the old PIXPO (Section 4.2.1). We simply compute the time of culmination the
satellite for the subsatellite pixel (0, Ap, 0); this tCeq (c . . .computed) can be
compared to t%gq (0 . . .observed), for example from the University of Dundee
satellite station data (the AVHRR observations). Sometimes, the value of 0 is
missing in the Dundee observations, so PIXPO 3 can amend it. Another
possibility is to correct the observed value t%4 by means of {¢.q, provided that
the orbital elements used are of sufficient accuracy and the force model in
PIXPO 3 is relevant to this accuracy.
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4.2.5. PIXPO 4

The definition of the time of culmination used in EPHEM (the moment when D
and S, see Fig. 3 or 5, are on the same orbital meridian) assumes that the local
vertical and D and in S are in the same plane and intersect the mass center M.
More generally, the time of culmination of P over D can be defined as a
moment when the plane p and plane p are perpendicular. The plane p is
created by the unit vector of the local vertical in P.and by the velocity vector of
the satellite in P (both in the coordinate system not connected with the rotating
Earth). The plane u is given by the unit vector of the vertical in P and by the
unit vector of the normal vector (product of the satellite velocity vector and
satellite position vector, for point P). The mathematical solution makes use of
formulae known from analytical geometry.

The geocentric position of D is known (given in input data), the geocentric
position and velocity of satellite in P (and thus also in S) can be computed for
arbitrary time ¢, in arbitrary small steps of u = @ + v. The advantage of this
method is that the satellite coordinates in ¢ can be computed by means of any
analytical theory (provided that its accuracy is sufficient for the given purpose),
or even by a numerical integration of equations of motion with any force model.
The orbital elements in g are, however, the initial conditions in any case (no
escape from the problems with the elements!).

The method just described is the basis of the PIXPO 4 programme. The main of
PIXPO 3 has been replaced by a new main while the subroutines (coming
mostly from the programme PRIOR), remain unchanged. PIXPO 4 is now in a
test status; we used it for validation purposes (Section 5, Tables 8-9). Im-
properly chosen initial time or time steps Au result in too CPU-time
consuming computations. Probably the best is to choose the initial time close to
the time of the first scan line of a scene. We have tested Au = 0.1 to 10 sec and
we found that the difference in the time of culmination and in the off-nadir
angle due to the different time steps is negligible, so we recommend Au =5 - 10
seconds.

Information for users:
The input data to PIXPO 4 are identical to those to PIXPO 3, see Table 6a. The

output of PIXPO 4 has a similar, but not the same form as the output of PIXPO
3, see Table 6¢.
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5. Validation

We consider the following tests of the new software:

(i) comparison to navigation with GCPs (Section 5.1),

(ii) intercomparison between (more or less) independent software (Section
5.2),

(iii) intercomparison of inverse referenced images of the same scene from
different passages of the same satellite (Section 5.3).

5.1. Validation by means of GCPs

The purpose of an improved navigation is better geolocation of images retrieved
from the Advanced Very High Resolution Radiometer (AVHRR) that is carried

by the NOAA satellites of the TIROS-N series. Consequently, a validation of the
inverse referencing is done by means of AVHRR observations.

The AVHRR measures radiation in five spectral channels distributed over the
visible and infrared atmospheric windows. The ground resolution of the
AVHRR measurements is 1.1 km at nadir view and 6.1 km at the largest scan
angle of 55.38°. The scan direction is cross track at a sampling rate of 1 line
(2048 pixels or resolution elements) per 0.16 seconds. The time of each scan line
is measured by a satellite clock. It is given in milliseconds, however, the in-
strument manuals do not describe to which part of the scan line the time re-
ference belongs to. While the scan is performed from the right to the left with
respect to the flight direction of the satellite it covers a total scan angle of
110.76°. The corresponding pixel number (p) within a scan is used to compute
the actual scan angle & during the observation of pixel p in line /:

p - 2049
2048

-110.76° , 1<p<2048 ,

where positive values indicate radiometer views to the right and negative
values views to the left side.

A set of AVHRR measurements covering many pixels in adjacent scan lines
can be put together forming a twodimensional image that allows an identifi-
cation of coastlines if the scene is not obscured by clouds. Salient features of the
coastlines might then be detected and located within single pixels. The geodetic
positions of the salient features are known from sea-charts (based on the World
Geodetic System WGS 72 and WGS 84 which also exhibit these structures).



34
We have chosen 15 salient features in coastlines of the North Sea acting as

ground control points (GCPs). Their geodetic coordinates ¢ and A are resolved
from the maps with an accuracy of + 0.25° leading to uncertainties of AY < 0.46
km in latitudinal direction and AX < 0.29 km in longitudinal direction. The
GCPs are listed in Table 7. Because of the AVHRR pixel size being 1.1 to 6.1 km
in diameter we did not attempt to specify the location of the GCPs with higher

accuracy.
Table 7: Ground Control Points used. for validation of satellite:navigation
software for NOAA-N satellites.
name of point geodetic longitude A
latitude @y

Fair Isle SW-Edge 49° 31.0'N, 1° 39.0'W
Foula Southern Edge 60° 7.0'N, 2° 4.0'W
Esha Ness 60° 29.5'N, 1° 27.5'W
Sumburgh Head 59° 52,0'N, 1° 16.5'W
Utsira Western Edge 59° 18.5'N, 4° 52.0E
Lista 58° 6.5'N, 6° 34.0'E
Thyboron 56° 42.0'N, 8° 13.0'E
Blaavands Huk 55° 33.5'N, 8° 5.0E
Sylt Northern Edge 55° 3.5'N, 8° 26.0'E
Sylt Southern Edge 54° 44 5'N, 8° 16.5'E
Juist Western Edge 53° 40.0'N, 6° 52.5'E
Juist Eastern Edge 53°41.0'N, 7° 6.0E
Den Helder 52° 57.5'N. 4° 46.5'E
North-Foreland 51° 23.5'N, 1° 27.0'E
Out Skerries 60° 25.5'N, 0° 43.5'W

Eight passages of NOAA-7 and NOAA-9 have been selected and checked for
clouds. The locations of the ground control points are then extracted in terms
of line and pixel numbers (I, p) which are directly related to satellite clock time
t(l) and scan angle 8(p). A total of 44 points are examined. Their (¢(I), 6(p))-
pairs are compared with the inverse referencing done by PIXPO, PIXPO3 and
PIXPO4. The results are summarized in Table 8 and a simple statistics is
reviewed in Table 9.
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Table 9: Software validation/comparison of numerical results.
Scene No. Mean differences per Age of orbital elements
scene [sec] from epoch equator
crossing *
(L (2) (3) [days]
3 - 1.67 0.26 -0.02 | -19
6 -1.32 - 0.05 -0.39 2.3
8 -1.09 -0.31 - 0.40 3.3
2 - 2.68 1.40 1.06 44
4 - 1.38 1.19 0.75 5.4
5 - 1.63 1.33 1.02 6.4
3 {test) - 1.67 1.62 -1.82 | 13.4 {next epoch}
9 {test) 0.28 121 122 158
(1) ... AVHRR data - old PIXPO,
(2) ... AVHRR data - PIXPO 3,
(3) . . . AVHRR data - PIXPO 4.

*  These elements are used within the programmes PIXPO 3 and 4-
5.2, Validation by means of independent programmes

This type of validation can be called "orbital" because of use of the programmes
for direct and inverse referencing; the same GCP's as in Section 5.1 (Table 7)
are used, but in principle, arbitrary points (with no relationship to the AVHRR
images or similar data) could be used for this goal.

Direct versus inverse referencing. First we compute the geodetic coordinates of
a subsatellite point by means of ORBITEST (for given ¢ and mean elements in ¢,

# 1), and then, we seek this ¢ from those geodetic coordinates (by using the same
elements in ¢, ) with the programmes PIXPO 3 and 4.

Inverse referencing with various programmes. The old PIXPO and the new
PIXPO 3 or 4 are independent. It is assumed also that the AVHRR obser-

vations and the old PIXPO are independent. PIXPO 3 (modified EPHEM) and
PIXPO 4 are independent in the method and they have independent mains of
the programmes (while the subroutines are common, but already tested on in-
dependent software for the orbit determination). So, we compute the time of
culmination #(I) and the off-nadir angle &(p) repeatedly, by PIXPO, PIXPO 3
and PIXPO 4, and we compare them to the AVHRR observations (Tables 8 and
9).

We were informed (Rosborough, 1991, private commun.) that a totally inde-
pendent software for both direct and inverse referencing has recently been
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worked out at the University.of Colorado, Boulder, USA. A part of their soft-

ware is able to make an altitude correction for the satellite, based on GCP's
(error No. 10, Table 1); this error was out of our scope yet. They also have simi-
lar problems with the orbital elements. Till the deadline of this report (end of
July 1991), numerical results from Colorado for comparison purposes have not
been at our disposal.

5.3. Test of inverse referencing of images

Old and new versions of the indirect referencing routines, PIXPO and PIXPO
3, respectively, have been applied to AVHRR images. The area under con-
sideration is a part of the North Sea and adjacent coastlines and land areas
bounded by 50°N, 0°E and 56°N and 10°E. In particular, the coastlines can be
identified within the images giving the best mean of comparison for different
maps of the same area. If the geolocation of two images is correct, assuming
an error of the size not larger than a resolution element of the sounding
instrument, then the coastlines within both images should match each other
in every point of the image. In this case an image that contains the sum of two
geolocated images from different satellite overpasses will show only one
coastline. Otherwise, if the geolocation bears larger errors, one should identify
duplicated coastlines.

We have chosen two NOAA-9 passages during August 10 and 11 in order to test
the geolocation. For the old PIXPO the times and longitudes of the most recent
equator crossings are specified with an accuracy of one second and a
hundredth of a degree, respectively. For PIXPO 3 we make use of NASA two-
line elements given for August, scene No. 3 in Table 8. The images have been
mapped to an equidistant grid within above mentioned coordinates resolving
512 x 512 pixels. This leads to a resolution of 1.3 km, corresponding ap-
proximately to the pixel size of AVHRR measurements. The resulting images
are shown in Fig. 9a and 9b for PIXPO and PIXPO 3, respectively. While the
result for PIXPO clearly reveals two coastlines and duplicated East Frisian
Islands which are separated by about 12 km in latitude, the result for PIXPO 3
only shows a single coastline which is nowhere smeared by more than one
pixel. The accuracy of PIXPO 3 is also demonstrated by the appearance of the
Elbe river whose width is narrowed to about three kilometers when going
upstream about 30 km from its mouth.
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Fig. 9a: Test of inverse referencing of images (NOAA-9). The old PIXPO.
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Fig. 9b: Test of inverse referencing of images (NOAA-9). PIXPO 3.
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54. Interpretation

The results from 6 scenes of NOAA-9 using NASA two-line elements for orbit
information are given in Table 8: the AVHRR observations are compared to (/)
and &p) from the old PIXPO programme and to an updated version of EPHEM
5 (called PIXPO 3) and the new PIXPO 4. The differences between the results
are usually of the order of 0.5 - 1.5 sec in ¢(I) and 0.1° in &(p) and are mostly of
systematic character; only if they are very small they change the sign within
one scene. As the variability of the differences within the particular scene is
not large, we can define and work with "mean differences per scene", for
AVHRR - old PIXPO, AVHRR - PIXPO 3, and AVHRR - PIXPO 4, respectively.
Such an information is given in Table. 9.

It is evident from Table 9 that the differences between AVHRR observations
and results from the new programmes are much lower than those between the
AVHRR data and old PIXPO provided that the orbital elements are only a few
days old: compare the scenes 3, 6 and 8 to 3{test} and 9{test}). The differences
between the AVHRR data and the old and new programmes are of comparable
magnitude for 1-2 weeks old elements, see scenes Nos. 4, 5 and 3{test}. In the
extreme case [9{test}], when the elements "were not available" during 158 days,
the navigation with PIXPO 3 and 4 cannot be successful; the old PIXPO
requires teq, Aeq of the most recent equatorial crossing - (t - teq) ~ 1/2 hour - and
thus, it navigates with an accuracy depending on the accuracy of feq, Aeq. If
teq, Aeq are not available, the old PIXPO is lost while PIXPO 3 and PIXPO 4 do
not require to know teq, A¢q at all.

The most important conclusions which can be drawn from Table 9 is that the
new PIXPO 3 and 4 are potentially more accurate than the old PIXPO. They
can compute ¢() with about ~0.2 sec (~2km) and &p) with about ~0.02° (~2km),
i.e. roughly with the pixel-size accuracy in total. Further improvement is
meaningful provided that more accurate, well documented orbital elements
are available; then some improvements of the software, namely of the
perturbation model for the PIXPO 3 and 4 are necessary. Our institutions have
the relevant parts of the software already available and we are ready to
implement them into PIXPO 3 and 4.
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Comments:

The previous validation was performed by means of the GCP's and by com-
paring more or less independent software for the inverse referencing. The
comparison "direct versus inverse" referencing - mentioned in Section 5.2 - is
missing here due to the following reason.

The programmes ORBITS and ORBITEST are based on the Brouwer-Lyddane
theory and work with the TBUS elements. The programmes PIXPO 3 and 4 are
based on the Kozai theory for the NASA two-line elements (NASA, 1974) and,
as described in Section 2, we were not able to connect one type of the elements to
the other because we know nothing about the real perturbation model of the
TBUS elements. When ORBITEST and PIXPO 3 and 4 are used to perform the
test "direct versus inverse" referencing, the discrepancy in a of the satellite
orbit of the order of 4-5 km leads to about 3 sec shift in the time of culmination
between TBUS and NASA two-line elements.

6. Conclusion

The software for the direct and inverse referencing (ORBITS, PIXPO) has been
studied and improved, or replaced by another software (ORBITEST, PIXPO 3
and 4). The validation tests show that the accuracy achieved in determination
of the time of culmination (or pixel line) and in the off-nadir angle (or pixel
number) is comparable to the present pixel size for the NOAA-N satellites, i.e.
1-5 km, provided that the orbital elements (NASA two-line elements) are not
older than about two weeks. The main obstacle for a further significant im-
provement is the low quality of the orbital elements.

7. Recommendations

1. To use the TBUS elements properly we need to now their mathematical
description at least to the level known for the NASA two-line elements
(NASA, 1974). Till now we have at our disposal only NOAA/NESS (1981),
and it is not sufficient. '

9. It is believed that the NOAA-N orbit observations and the old PIXPO pro-
gramme are independent, but more information is needed to know the
method how the time of culmination and the off-nadir angle for the
AVHRR data on board the NOAA-N satellite are computed.
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A detailed comparison of our results from Table 8 with the results ob-

tained by an independent American software (Rosborough, 1991, priv.
commun.) would be very useful.

A list of requirements for orbital elements (Section 2), as formulated by
remote sensing people, should be presented to the relevant space agencies.
The calibration of satellite clocks is needed in order to reduce the "timing
error". This information is now available for current satellites from
NOAA's Electronic Bulletin Board to be accessed via Omnet/Science net.
An inclusion of the attitude correction software to our software is
required.

The force model of present PIXPO 3 and 4 programmes corresponds to
that of the NASA two-line elements, i.e. to the accuracy of satellite po-
sition obtainable by them, and to our present pixel size 1 x 1 km2. A project
"Algorithms and validation of ATSR" to investigate sea surface tempe-
ratures in situ and from ESA's ERS-1 is under way. The pixel size of the
Along Track Scanning Radiometer should be 500 x 500 m2. The orbital ele-
ments will be based on accurate satellite observations by PRARE (Precise
Range and Range-Rate Equipment, Germany) and SLR (Satellite Laser
Ranging) from a worldwide geodetic network. The orbit determination of
ERS-1 will include all known forces affecting the satellite orbit. It is
estimated that the along-track accuracy will be between 10 and 100 m and
the accuracy in the radial direction will not be worse than 1 m. Our pre-
sent navigation software ORBITEST, PIXPO 3 and 4 must be improved ac-
cordingly. The force model should include "all” zonal and some of the low
degree and order tesseral harmonic coefficients (for a rough guide see
Table 4 in Straka et al., 1991), a standard atmospheric model and luni-
solar perturbations. Subroutines for this purpose are available at Astro-
nomical Institute of the Czech Academy of Sciences.
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Appendix 2

Coordinates of the Pole and Universal Time in 1986
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COORDINATES OF THE POLE AND UNIVERSAL TIME
AT 5-DAY INTERVAL IN 1986

COMBINATION OF ALL AVAILABLE DATA
UNITS ARE, FOR X,Y, 0.9@01", FOR UT, 0.00001S

0
CALEND. MJD BESSEL. X Y UT2-UTC UT1-UTC STAND. ERR.
(OH UT) YEAR X Y UT
1986.
1986 JAN 4 46434 9 1810 1643 30324 30769 9 8 5
1986 JAN 9 46439 23 1704 1555 29732 30103 6 5 4
1986 JAN 14 46444 37 1611 1434 29181 29486 8 7 4
1986 JAN 19 46449 50 1512 1365 28394 28640 7 7 4
1986 JAN 24 46454 64 1365 1312 27898 28088 7 7 4

1986 JAN 29 46459 78 1231 1267 27262 27395
1986 FEB 3 46464 91 1074 1213 26281 26353

& 00 0w o
O~ 00 O W
oW

1986 FEB 8 46469 105 953 1199 25686 25693

1986 FEB 13 46474 119 836 1146 24856 24787

1986 FEB 18 46479 133 713 1146 24183 24026

1986 FEB 23 46484 146 576 1147 23848 23591 8 9 5
1986 FEB 28 46489 160 400 1153 23121 22748 7 7 4
1986 MAR 5 46494 174 266 1159 22536 22032 7 7 4
1986 MAR 10 46499 187 111 1183 22049 21398 9 9 4
1386 MAR 15 46504 201 -46 1204 21419 20605 9 8 5
1986 MAR 20 46509 215 -139 1217 21267 20276 8 8 4
1986 MAR 25 46514 228 -238 1304 20870 19688 9 8 4
1986 MAR 30 46519 242 =383 1345 20039 18657 9 9 5
1986 APR 4 46524 256 -487 1414 19605 18018 7 7 4
1986 APR 9 46529 269 -591 1493 18889 17094 7 6 3
1986 APR 14 46534 283 -645 1612 18318 16315 9 9 5
1986 APR 19 46539 297 -683 1737 17890 15686 12 10 5
1986 APR 24 46544 310 =778 1817 17061 14668 7 8 4
1986 APR 29 46549 324 -819 1900 16444 13874 7 7 4
1986 MAY 4 46554 338 -933 2036 15806 13082 13 13 8
1986 MAY 9 46559 352 -910 2115 14940 12087 8 8 4
1986 MAY 14 46564 365 -930 2190 14443 11490 4
1986 MAY 19 46569 379 -975 2333 13895 10875 13 12 6
1986 MAY 24 46574 393 -985 2406 13093 10043 i1 10 5
1986 MAY 29 46579 406 -1013 2530 12658 9616 8 8 4
1986 JUN 3 46584 420 -1007 2617 12007 9014 9 9 5
1986 JUN 8 46539 434 -1002 2753 l1lo33 8730 8 8 4
1986 JUN 13 46594 447 -995 2846 11428 8658 10 9 5
1986 JUN 18 46599 461 -916 2933 10747 8150 8 8 4
1986 JUN 23 46604 475 -834 3036 10162 7777 9 9 5
1986 JUN 28 46609 488 =758 3174 9505 7368 9 10 5
1986 JUL 3 46614 502 -681 3274 8763 6908 9 9 5
1986 JUL 8 46619 516 -637 3348 8303 6761 8 7 4
1986 JUL 13 46624 530 =570 3471 7609 6401 8 7 4
1986 JUL 18 46629 543 -476 3535 6807 5952 9 8 5
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CALEND. MJD BESSEL. X Y UT2-UTC UT1-UTC STAND. ERR.
(OH UT) YEAR X Y UT
1986.

1986 JUL 23 46634 557 -353 3607 6233 5743 11 12 6
1986 JUL 28 46639 571 -319 3637 5355 5237 9 8 5
1986 AUG 2 46644 584 -241 3693 4818 5073 7 7 4
1986 AUG 7 46649 598 -161 3763 4349 4970 9 8 5
1986 AUG 12 46654 612 -118 3791 - 3398 4377 9 10 5
1986 AUG 17 46659 625 -35 3804 2765 4081 10 9 5
1986 AUG 22 46664 639 75 3879 2031 3661 12 10 6
1986 AUG 27 46669 653 167 3914 1267 3183 10 8 4
1986 SEP 1 46674 666 239 3947 868 3038 11 11 6
1986 SEP 6 46679 680 287 3991 179 2568 9 7 5
1986 SEP 11 46684 694 382 3958 -660 1911 11 9 6
1986 SEP 16 46689 708 470 3999 -1232 1482 11 8 4
1986 SEP 21 46694 721 498 3948 -2215 600 12 10 6
1986 SEP 26 46699 735 568 3946 -2869 8 12 10 6
1986 OCT 1 46704 749 605 3855 ~-3518 -619 17 12 10
1986 OCT 6 46709 762 686 3927 -4570 -1684 10 10 6
1986 OCT 11 46714 776 740 3888 -5213 -2376 12 10 6
1986 OCT 16 46719 790 796 3890 -5985 -3228 7 6 3
1986 OCT 21 46724 803 912 3877 -6757 -4109 11 10 6
1986 OCT 26 46729 817 935 3819 -7211 -4694 13 11 5
1986 OCT 31 46734 831 997 3864 -7950 -5584 11 11 6
1986 NOV 5 46739 844 1053 3808 -8629 -6427 15 13 6
1986 NOV 10 46744 858 1154 3765 -9016 -6989 14 12 6
1986 NOV 15 46749 872 1206 3713 -9736 -7888 13 11 6
1986 NOV 20 46754 885 1220 3642 -10109 -8442 12 10 6
1986 NOV 25 46759 899 1239 3580 -10459 -8971 10 10 5
1986 NOV 30 46764 913 1262 3518 -11199 -9883 9 9 5
1986 DEC 5 46769 927 1312 3454 -11580 -10426 12 10 6
1986 DEC 10 46774 940 1394 3392 -12170 -11167 10 8 4
1986 DEC 15 46779 954 1414 3305 -12653 -11789 10 10 5
1986 DEC 20 46784 968 1409 3249 -12881 -12140 12 11 6
1986 DEC 25 46789 981 1457 3213 -13546 -12917 15 14 7

1986 DEC 30 46794 995 1476 3143 -14185 -13653 10 9 5

uT2 - UT1
The following conventional formula is used

UT2-UT1 = 0.0220 sin27t - 0.01207cos 27t - 0.0060 sin4nt + 0.0070 cos4nt,
the unit being the second and t being the date in besselian years.



COORDINATES OF THE POLE AND UNIVERSAL TIME
AT 5-DAY INTERVAL IN 1987

COMBINATION OF ALL AVAILABLE DATA

UNITS ARE, FOR X,Y, 0.9801",

0
CALEND. MJD BESSEL.
(0H UT) YEAR
1987.
1987 JAN 4 46799 9

1987 JAN 9 46804 22
1987 JAN 14 46809 36
1987 JAN 19 46814 50
1987 JAN 24 46819 63

1987 JAN 29 46824 17
1987 FEB 3 46829 91
1987 FEB 8 46834 105
1987 FEB 13 46839 118
1987 FEB 18 46844 132

1987 FEB 23 46849 146
1987 FEB 28 46854 159
1987 MAR 5 46859 173
1987 MAR 10 46864 187
1987 MAR 15 46869 200

1987 MAR 20 46874 214
1987 MAR 25 46879 228
1987 MAR 30 46884 241
1987 APR 4 46889 255
1987 APR 9 46894 269

1987 APR 14 46899 283
1987 APR 19 46904 296
1987 APR 24 46909 310
1987 APR 29 46914 324
1987 MAY 4 46919 337

1987 MAY 9 46924 351
1987 MAY 14 46929 365
1987 MAY 19 46934 378
1987 MAY 24 46939 392
1987 MAY 29 46944 406

1987 JUN 3 46949 419
1987 JUN 8 46954 433
1987 JUN 13 406959 447
1987 JUN 18 46964 461
1987 JUN 23 46969 474

1987 JUN 28 46974 488
1987 JUL 3 46979 502
1987 JUL 8 46984 515
1987 JUL 13 46989 529
1987 JUL 18 46994 543

FOR

X

1474
1462
1404
1415
1366

1369
1310
1304
1270
1267

1242
1220
1193
1120
1117

1096
1019
970
952
895

822
735
709
659
584

552
480
399
351
298

272
241
189
128

68

-20
-50
-108
-176
-230

uT, O.

Y

3101
3037
2969
2883
2814

2776
2715
2645
2607
2562

2519
2451
2389
2300
2252

2227
2192
2162
2141
2119

2090
2057
2039
2049
2039

2004
2004
1988
1996
1994

1990
2002
2005
2019
2042

2063
2104
2113
2140
21717

00001S

UT2-UTC

S -14728
-15506
-15831
-16264
-16998

-17416
-18214
~18857
-19300
-20115

-20836
-21623
-22726
-23254
-23870

-24735
-25298
-26145
-26758
-27187

-27961
-28529
-29095
-29917
-30320

-30861
-31618
-32071
-32914
-33593

-34058
-34840
-35479
-36214
-37039

-37439
-38057
-38827
-39355
-40253

UT1-UTC

-14280
-15132
-15523
-16015
-16805

-17281
-18139
-18848
-19365
-20267

-21088
-21989
-23224
-23898
~-24677

-25718
-26470
-27516
-28334
-28973

-29954
-30723
-31480
-32477
-33036

-33708
-34567
-35089
-35963
-36636

-37055
~37748
-38257
-38819
~39434

-39588
~39925
-40387
-40582
-41127

57

STAND. ERR.
X Y UT
6 6 5
6 6 4
7 5 5
5 4 4
6 6 5
4 4 4
5 4 3
5 5 4
6 6 5
4 4 3
4 4 4
6 5 5
8 8 6
6 6 5
6 6 5
5 5 5
4 4 3
6 6 5
5 5 4
4 5 3
6 6 5
7 7 5
4 5 4
6 6 6
4 4 3
4 4 4
8 8 6
6 6 5
6 6 6
7 6 6
6 6 )
6 6 4
5 5 5
5 5 4
4 4 K]
7 7 6
8 7 6
6 6 5
7 7 6
6 6 4



CALEND.

1987
1987
1987
1987
1987

1987
1987
1987
1987
1987

1987
1987
1987
1987
1987

1987
1987
1987
1987
1987

1987
1987
1987
1987
1987

1987
1987
1987
1987
1987

1987
1987
1987

UT2 - UTI

JuL
JUL
AUG
AUG
AUG

AUG
AUG
AUG
SEP
SEP

SEP
SEP
SEP
SEP
OCT

OCT
oCT
oCT
oCT
OCT

oCT
NOV
NOV
NOV
NOV

NOV
NOV
DEC
DEC
DEC

DEC
DEC
DEC

23
28

12

17
22
21

11
16
21
26

1
16
21
26

31

10
15
20

25
30

10
15

20
25
30

MJD

46999
47004
47009
47014
47019

47024
47029
47034
47039
47044

47049
47054
47059
47064
47069

47074
47079
47084
47089
47094

47099
47104
47109
47114
47119

47124
47129
47134
47139
47144

47149
47154
47159

BESSEL.
YEAR
1987.

556
570
584
597
611

625
638
652
666
679

693
707
721
734
748

762
775
789
803
816

830
844
857
871
885

898
912
926
940
953

967
981
994

X

-248
=245
-269
-305
-319

-360
-378
-373
-365
-393

-404
-433
-474
-508
-556

=555
-589
-629
-625
-625

-617
-608
=551
-565
-540

=545
-599
-589
=524
-473

-410
-358
-283

2213
2270
2293
2344
2374

2430
2493
2574
2620
2669

2698
2767
2819
2889
2965

3024
3083
3150
3216
3268

3342
3399
3464
3569
3638

3713
3788
3843
3907
3992

4044
4079
4119

UT2-UTC

~-40769
-41218
-41985
-42535

-43315

-44132
-44633
-45504
-46411
-47039

-48125
-481771
-49404
-50418
-51089

-51964
-52897
-53394
-54171
-54933

-55474
-56403
-56956
-57551
-58380

-58928
-59714
-60457
-60871
-61548

-62225
-62859
-63836

The following conventional formula is used :

UT2-UT1 = 0.0220 sin2n

UT1-UTC

-41275
-41353
-41747
-41929
-42354

-42834
-43019
~43601
44252
-44659

-45562
-46064
-46593
-47543
-48189

-49077
-50057
-50633
-51516
-52409

-53099
-54194
-54921
-55695
-56705

-57432
-58389
-59295
-59862
-60677

-61479
-62225
-63299

STAND. ERR.
X Y uT
5 5 4
8 7 1
5 5 4
6 6 5
5 5 4
8 8 6
9 9 6
6 6 4
7 7 6
7 7 6
8 8 6
9 9 6
8 7 6
6 5 4
7 7 6
7 7 7
6 6 5
5 5 3
6 6 5
6 ) 5
6 6 5
6 6 5
8 7 6
11 11 7
11 11 8
7 6 5
6 6 5
6 6 5
6 5 4
b 5 5
8 8 10
6 7 5
10 10 7

elian years.

t - 0.0120 cos2at - 0.0060 sin4nt + 0.0070 cosbnt,
the unit being the second and t being the date in bess
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Appendix 3

Programme EPHEM 7 Calculating Ephemerides

59



60



61

9h=(z)asx eg’Le’ L (dr)3T

ox=(1)3sx ,T°uT, ‘s 3uTad
(b5 /82)uejep=sb (weTT)TSuUT TTeE2
(92Z482+8&4854+8X,8x)32bsp =81
(8Ky8Kkt8x%e8x)3absp =68 (suotjeqanizad dbT jo sopniTrdwe pue) s3uUaWSTS TeITYIO pesl
(38)ursp=b38
(38)soop=H30 oe=3ox} (0-97°y0I1%)3T
EPI»92=952 (d1)sqet=maTT
epT+9h=9& (gu)sqet=uu
EPT »8X=8X o=gu (g--su-dy) 3T
(T°13'9°1132’9°0T3€ 'XZ/,$9932UTPI00D YITA T (eTz‘1 532 '€T)qEmIO]
‘gT*,-ou jurod 03 opeu 8T uot3zoTpaid ,)3jewroy 9 mayey ‘g (dT/dT(ss5=pua‘s ‘gg)peaI
o’q‘e’sz’sk’‘ex 39u(9’99)alTin )
IPT+IY=2 paes TOIjUOD pEaI
apod/3e=q
Ipo/Is8=e b9 ( ,umouxun,=sn3ye3s’,3sT°,//(wlr:)ousul=a713 ‘99)usdo
1y‘3zs‘Te’sz'sk’sx’ ,Inos, 'y urad (,umouxun,=sn3ie3s’,3ep-,//{ulT:)ousul=a1T3‘ss)usdo
(3y’3s‘T8‘sz‘sk‘sx’3su‘bur)zelsoo TTed (,397°,’®’,:2TT3 943 uT aq I1TA 3ndano ,)3jemzog
gg=but (wlt:)ousul (100L‘x)33TIN
e38)‘T=€38T €2 OP 1-(, ,‘ousul)xapur=ulT
(/.(bep)eaTep -uwyno swr3l ‘% ousuf (,(e),‘s)peaz
B a3ep (uw)y epqure T (posb)13 -ou jutod ,)3ewro3 T0€ ,(3ep s oq 3snw aTTF sSTY3) ‘o173 andur jo =sweu ay3 aATH, ‘s jutad
(To£“99)33TIM /83
sjutod juaiazyTp I03 324> o UOTIBUTWINS 93TTTS31BS JO UOTIe[ndO[ed I0J W 3 Yy d @ weaboiad,’y 3urad
(/e-L3'# sg=odAaT
,:(o@8) mexsy /91 (g 013 '%xT)2!, * (o3n - T3In) UOTIOL8IIOD, ‘XEa (sda)soop=9o>
/€°93°(s4r‘zT)z’ @ ye’1-83‘3e SWT3 [EAISPTS Ygl‘, ,)3IePUIOF 09 (sde)utsp=93
Seu_uugv_.n.u:nﬁ:mﬁ.&:.saﬁ:.nv (09‘99)@3tTam uanovmwmv.nNuwmu
(tdp/oby’s‘wu’yu)suye Tye> (ztr)Ieyo=33
’ ((L°9TPE ‘%xT)/: ®3ep 3InduT wWOI3 Uy o=(13(T)e3su
a)e3 axe suotzeqanizad orporzed-Huol yo sepnaridure yrL‘, ,)3eWIO] 68 9T *‘T=TA(T sL86 op
(1)dd’(st'o1=1'(T)d)x opo={(u LT/ TH(T)TEP
“(g'p=T'(7)dd) ‘(¢’'1=T’(7)d) (68’99)=atam (0°31°dT) 3T 9/T=uTi(T 9186 oP
,Te3n0, ‘5 3urad 00T ‘T=T(T 9186 op
0005T=®38% /€-PESYIS6EL"9/93F ' /OPBSY"Z6L662/TA BIEP
= /0PS"00986€ ‘EPYIBLE 9/TWP‘2T  e3Ep
((1)19)uTsp=18 /OPLBYLBEOOE "9 'S-PESVISTTIZ62Z L/TBU‘Byp e3ep
((1)T19)BOOP=10 /Z-PZST6TESYL T OPSBS6LTLOESETERZ 9/ap2’Tdp  ®3ep
(qrue)efbuot T1e> (0°au-eldr)3T / yp‘eni yp‘uow yp‘uns yp‘ies Yp‘TIJ Yp‘nyil yy‘pam ypy/eu eiep
(werT)183N0 TTED / yg’ 3ybTu yg‘’ Kep yg/ex3’Z7X3‘IX3 ©Iep
(ano+splp) e8Byap=06y Tul/rel yal/TrC 1BC 1A TuUT
(splp)ggeanu TTE0 ° 153esoulp! (p)ue’ (z)es’ (7)o ()72 (g)6a’ (¢)da /uays/ucumoo
zpy9s/ ((npl-splp)+3ng+3ne)=3no adA31/adk3/ucumos
aulp=splp (94001)TEP’(8‘00T)T® /T®/uUocummod
aulp-tTule=qrua (6’06)9yt’ (6'052)Tqe’(0sz)T6‘(0s2) T2/ (052)Uua UOTSUSWTP
ZPr9s/(o+TP9«q+zP9c~e)+TITul=TTule 00T (s1)dd’(91)o3su’(6 )q3asu’(s ’zr)3asz’(sT)d uorsuawrp
(1Tul‘Ku‘wu’pu)feplel TTe (gleu’(91)easu’{9)ax’(z1)3asx uoTsuauTp
006 T+Au=£Au (05z)108*(06)22ze3*(06)3T (06 )P’ (06)ws‘(06) 7P (06)33T
00T »WU-T=pu ‘{06)ap’(06)1e*(06)sP’(06)94’{06)2ze’ (p6) w3 UOTSUSITD
00T /T=wu yopez’ouaul QgsIoloRIBYD
0000T+&u~-TTUL=T 33 1e93oeIRYD
0000T/TTul=&u ajes gylajoereys
00T o306(66666°2T TTUl) 3T (urrpt)sod‘ (wrpT)Aazd z9ba3uy
,8e0, 'y 3utad (gr=wtpT) Iejswered

(sT’z-ot3g’x1’(€"L3'0°€32'9T)z)3euzoy
npl’anq‘3Ine’o‘q’e’TTul (1 ‘s5)peax €8

™

(z-o’y-e)gyTe0x 3TOTTdUT

o) ys ‘guqu‘e3s00’30ea ‘odol ‘ Tuless ‘16gs‘eydes’ NU._..mom

oWty peal 2 eseyd/Ta3no’yezTo ‘Tezoy ' Aepkel ‘Tout ‘1a1da‘TOS T2
] usmeTs‘seTa’9e3Top ‘zTesoo/ KepTes yjue’/athue’suye :pasn ssuTInOIqNS
apox(1)dd=(T1)d 98 16 ATnl ‘Ayoasra3soy -[ :uoTsaaa od
6'b=T 98 op 8861 Ie°qoioo (adL3T) pejoaxaoo Adoo o8TpP
(L°PIPS’X0T)3PWIO} 6L 1867 @2unl ‘eTer-d LAq psiedsad - s3ioe3jje uoTieqaniaad JusxaiItTp

(1)dd*(gt)d’(z1)d ‘(6 )Ad‘(9)dd‘(g)d “(yr)d‘(11)d “(8)dd 1

pue swT3 TeaIspTs oni3 ayj Jo uoriezndwoo ssTosad ‘suorieqaniaad
(g)dd(z)d*(er)d “(o1)d ‘(r)dd ‘(y)dd‘(1)d ( eL‘sdLaT)peax [

orpoTzadbuo z03 3PmIO] ovs MU burpnyour - (wayds wexboxd

TO0L

SL8é

9L86

vovuovoLoLoLOLUL

T T66T 9Z3T1Z:LT O€ das uoH ¥ godxtd



62

I+P=P
(1)dd+eds«(zr)d+2dox(TT)d+1des(01)d=b
edoy (£)d+zdes(z)d+1dos(1)d=3
1des(p‘u) Te=0

1dos(p‘u)Te=p

(o) soop=¢do

{o)ursp=tdse

(q) soop=zdo

(q)ursp=¢ds

(e)soop=1do

(e)ursp=1ds

eL0PE=D

©x0PZ=q

(T'u)Te=e

1dps ((u)uay (g)uwasopz+(Z)wa)=(g u)T®
By=(r’u)Te
e-pls(TRL’(U)us’ea)uswata=(9‘u)Te
1dp«(0p1’ ®)poup=(s‘u)Te

(Tul ’(u)us ‘wa) uswaTs= -]

(1ol ‘(u)us‘@s)usuats=(p u)je

(110 (u)ua’Ta)usmeya=(g ‘u) Te
(16L‘(u)ua‘ba)usuata=(z u)Te
(1d(*(u)ua‘da)uswata=(T u)Te

16 o30b (g-3b-d1)3T

uoT3

eqanjzad Ieyjo 103 oxedsad pue suorieqInilaad oTpotrIadbuoT s3enTeAd

Tua=(u)us
plep‘,plp, ‘s 3utad
sulp+Tus=plp

uoTjeuTW[ND JO SWII
T+u=u 02T

1Z1 o3 ob(p°au"TT)3T 0ZT

19 o3 ob

Tue ‘3pup ‘uxdp ¢, Tua’ Jpup ‘wadp, ‘5 Futad
IpUp/q+TUS=TuU3

T+u=a

021 ©306(5-pl+3pup-a1-(q)sqep)IT
0bB18/30uUD,b30x( (7)Ba-1dp) suadp-(z)ds+Tdp. (Z)ws=3pup
((o=-0PT) »(22+0PT) ) 33DSP/0PZ+ » (24 2e-0PT ) =mzdp

UOT3BUTWIND JO BWT3 oYyl jJo uoTjejndmoo sstowad

gz o306 ({-ba'q)3T

(1dp- ‘wad-puad)atbue=q
(es2B40PT) /(SE20R-0PT) xEE=AD
(oad) soop=e
(oe ‘0ad ) yjue=puaad
opo=2®(0pP0°3T"%e)3IT

Tuas (g)o2+(1)90=0e
Tuas(Z)ea+(1)ea=ee

(tdp ‘daue-ozue) aTbue=oad

19 o3 ob

Tua’,Tus, ‘s 3utad
(obas/I0udyb3o.((Z)ba-Tdp)~(z)de+1dps(2Z)wa) /oTWR+TUB=TUS
T+T=T

66 03 0B(1-p6°3T" (ozwe)sqep)IT
(tdp-‘diue-wzd-oaue) sTbue=ozure
66 03 ob (0-3b-m)3T

e-wid=wad

(se‘z-pszatdp+diue )yjue=e(¢-ba-wart)3T
1dps (opPT ‘wad) poup=wad

(1wl *Tue ‘wa) uswaa=wzd

opo=®

14

66

4]

vVLVOLD

Tuas(z)des+azue=dIue
Ipo/(0/%)UR3iEp=3y

uoTIRUTWIND JO aWT3 Oyl Jo uorjesndmod ybnox

(43

ZL o3 ob (p-be-1T-10°0°ba-wW+T)IT 1T

{o1uo‘oaus ) zuejep=0IuUe
Foun=-=z0Us (10 36°0610,638) 3T
(q)3axbsp=aou>
(20us,I0US~QPT ‘0Z-PT ) I XPWP=q
obas /eya8=a0U8
ozuo-=01us (638 °36°0610530) IT
(q)3absp=0a1us
(ozusyoxus-QpT ‘0Z-PT ) TXPUpP=q
obas /esb3o-=0xus
(q)3absp=abas

q‘obio‘be’ ,be 19,’ » 3urid
vz o3ob (z-pr-3a1°q) 3T

obaxos0b10-0PT=q
(ouI)S500PsI8+53F0+I04H38=0010
(oux)utsp=v®

be-by+Ta=oux

Tua164+056y=6Y
Tuss(Z)ba+Tp=Fe

1=u (0*ba )3T
(oe+0pPT ) seE=AD

o=

0=T

qrue=Tua
opo=wplp

o=23epu

0=1T

0=y

o=u

0PT=°

{1 )9e=0®

(1)es=ee

. e-(1)bs=TpP
e-(1)de=azxue

z-pszsTdp=e

P A A Y T T . T N S S S TN SR T T N N T R R N

uoT3euTWINS 3 siajewezed jo uorjeindwoo :T 3aed

PO O U R G S U S S S A AR I R N R R N N R T R R I
A=q3sy
31se3 K3jTueiTnuwrs 103 SuoT3iels Jo srajswered sindwod

(8b)ursp=b39
(sb)soop=630
y=(11)38%
b3o=(01)asx
Bb3s=(6)asx
3s=(8)asx
sb=(L)38x
18=(9)3sx
b66=(g)3sx
s1=(p)3sx
sz=(g)38xX

z I66T 92:1Z:LI o dos uoH

6T

8T

[4°]

€S

¥ =

&

9L

U uLvou

VuvoLbuovbuovwoD

vbovu

3°codxtd



63

qu-=yu (0pP0°3T"2)3IT 1
o=utuna
T+qu=yu
1 o3 ob (p9°su-utwu)zT
S-pT==8
T +=,m.E=H=H..§~
T 03 ob(g-pss-2b° (Tp9~-8)sqep)3T
0P09+(0PT*3) poup==
(3)3urpT=uTUU
0P09»{0PT ‘23) poup=3
{3)3uTpT=Yu
(oPrZe2)sqep=3
o’8 gaTeaI
(z-o’y-e) gyTeaz 3rTorTdwT

(SpuooasTITW O3 30eXs) spucodas - 8
sajnuTw - Wu
ganoy -~ yu :indano
fep jo suotioeay - o :3ndur
(s1 £Aq paT1dT3Tnu ST © JT °238 gaaibsp ojur I10)
SpuCD98 pue S$9INUTW‘SINOY OJUT UOTIPWIOISUBRII
uotsaan pasoadur

(o’s‘uTwu’yu)swye suTINOIqNS
pua
do3s 1
uinjex
39x(3y+a8 ) =82
(es)urspsdo=s8k
(es)soop,do=8x
(63)s00pas(3y+ad)=do
(23-0P1) vAD=4A8
(38438523-0P1)32bsp/za=n0
(b3)ursp=3s
9-PT+3IY=3Y
aposb3=b3
Iposes=es
Yy ‘es’b3y ‘e3zsu ([=pua’y‘bur)preaz
/0PZSZ6ZESYLTO0/IP2’/OPIOVLOYY69900°0 OPLETBLE9/23 ‘21 elep
(2-o’y-e) gyTeEax 3roTTdur
(3y‘b3y‘es’sz‘sk’sx’ejrsu’bur)zeisoo suTanoiqns

pua
dois ggg
(dpCp‘ape‘ssedu)r1osy TT1e2 (0-3b-gu) 3T
S0°0=3P®
({(z)be’(z)da‘g‘uu‘uu’ssedu) Tarsoy TTed (p-3b-uu)3yT
doas
SNUTIUOD €7
(z°83'2"s38
‘CayrizT)exT’vT’(-4r’zT) 2 *xZ21°93 9 1132 X1 ‘9T, ,)3euwroy pI
Ipo/e3Tap’s
gwu‘yu’/Au ‘e’ puf9gpT .3y’ Ipo/ IS ‘IPo/38’Isu (pTs)o3TIN
Ipo/e3Tap’$
g ‘uu‘yu’Au‘mu’pu’9pr,3IY‘Ipo/ITR‘IPo/38/38u (p1/99)a3Tam
e3T8p-=%3T3p
3T pue
e3Tap-=e31ap
uey3 3
(opo-31~(12-g2) /Txeux-pue-QT-PT * 31" (TPZ-TXeux)sqep) JTasTe
e3Tap-=e1Tap
uaqg3y %
(oP0° 31" (14-Z&) /1 xeux-pue-oT-pT - 37" (TPA-TXeux)sqep) JTasTa
e3T7sp-=E31Tep

vovuvouoouvbuvovovo

U

€ T66T 92Z:T1Z3LT o€ dos uoW

ueyy %
(0p0-3T* (TX-ZX) /TxemxX - pue- o T-PT "3T" ( IPX-TXewx) sqep) IT
(1pz ' TPA’ TPX) T XPUWpP=T Xeux

e3Tep 3o ubrs o

(po'pe)zuese=e3Tap

0dz x12+0d&y TA+0dX s [ X=pPD
(Z22TPZ+Z v+ TPA+Z+«TPX)32D5=ps
odxy1L-0odLy TxX=TP2

odz . Tx-odXs [Z2=TPA
odK,12-0dz. TA=TPX

sz-12=0dz

sk-1h=0dK

8x-Tx=0dx

(g)ax=zz

Bys.(Z)Ax+bYys4 (1) AX-=7&

Bys.(z)ax+byos(T)ax =zx

(by) soop=by>

(by) ursp=bys

(ano+12+pLP) £85yap=by
(cu‘n’ax‘u’‘g’1-*1z+(u)ua) zoreod 1eEo
0P00Y98/0PE=TZ

1zt tx ‘,12'TK‘1X, 'y 3uTad
(€)ax=tz

Bbyox(z) ax+bys«(1)ax-=14

Byss(z)ax+byoa.(1)ax =1x

(by) soop=byo

{by) utsp=bys

(3no+pLp) e8byap=by
(gu’n‘ax‘u’p‘r-’(u)us)zorsod TTe>

e37ap jJo uotieandwoo

T+u=u
(9®6 %99’ +YT)3PWIOY
(q3sy’1=1(T u)Tqe) (05’99)°3Tam{0- 36 qasy)IT
(9e6‘Be’T°93~
‘Tos3'T p3f(suT ‘T T Xty /(YT ’‘eT)Z Xp ‘v 63 ‘€T XL ‘., ,)3emIo] V
géuu‘yu‘Au‘/wmr‘pu’ (u)ua‘u (pr’s)a3TING
(0*aT qasy)3IT
s‘uu‘yu‘Lu‘mu‘pu’(u)ua‘u (p1’99)sr1TIMy
(0*aT°qasy)3T
0=q3sy
((op1 ‘PLp)poup ‘s ‘wu‘yu)suye 7=
((pLp)3uTpT’Au‘wu’pu)Lepyes {1eo
0P00Y 98 /maxys3i-plp=plp

gxejeweaed uoTieUTWIND ay3 jo 3utad
enuUTIUOD
(suoTje3s I0) uoT3e3s 9Y3l B SUOTITPUOD IYBTT 8yl Jo uoTienyead

(T u)Tep+(T u)Te=(T’U) TR

$‘T=T 06 op

(L°pIPS'%0T* YT)3ewroy

(¢'t=t'(T u)TepP) (8L'9)93TIM
oPo=(9‘u)Tep
£des(6)d+zdos(g)d+rdes()d=(c ‘u)Tep
gdox(9)d+zdss(g)d+1dos(p)d=(z‘u)TEP
(1t u)tep-(g‘u)Tep=(g‘u)Tep
edoy(g1)dazdss (p1)d+1dos(eT)d=(5‘u) TP
(p’u) Te-(as3+psp) 32bsp=(p ‘u) Tep
(tdp-‘y)e1bue=(1 ‘u)Tep

e-(p’sa) zuezep=y

byo=a

0s

T

I6

06

vuvuvovbouovbouobovbboLU

[¢]

4]

3 godxtd



b4

Lp+(L)3eoTIp=£ApP

(ops- 0+ (Axp‘opT)ubTep)3urpT+f=L (0PS"0° 16" (&xp)sqep) 3T
Kp-xp=Kxp

3/(3*&p)e1bue=4p

Kp-=£kp ((x‘ppr)ubTsp-auces) 3IT
(ep’op1)ubTsp=28

(oP1 ‘xp)pourp=xp

(xp)3urpr=L

3/ (apax) sqep=xp

3‘0p‘Ap‘x gaTeE=

{z-o’y-e) gsTeax 3TOTTAWT

pesn 3Tun a1bue - 3
931 TEDTIBIOIYY =-IP
eouszaz3yTp o1bue -Ap

souaxaIITP 2wWTl - X : 3ndut
o7bue ue jo sbueyo jo @3eI Teal a9yl jo uoTiejznduwoo

(3'sp’Ap’x) gsobueyo uoTiouny TEaI
pua

uaniex

snuT3uUO0D

384 (3Y+as)=92

(es)urspydo=8sk

(es)soopydo=sx

(63)s00pPs (3y+a0)=do

. (23-0PT) »AD=AS
(38+38223-0PT )33bsp/za=4a0
(63)utsp=3s8

9-PTa3U=3Y

apoyb3=63

Iposes=es

L o3ob

2X53Y=2Y

a0/0pT-(do) soopsad=3Yy

1 0306 (6 =-pr-3b-(3y-63)sqep)3IT
do+as=563

(do)ursep=do

AD/(3Y) soopsbIrI0sz3=do
(63x6322z3-0PT)32bsp/opPT=30
(3y)ursp=63

b3=34

as=H3

(bb?*sz)zuejep=as
(sx’8k)zuerep=es
(8Ls8L+8xy8%)32bsp=66
21/ (a2)31bsp=ao
SZx92+8K,9L4+8Xx8X=AD

g 03 o6(p1°eb uspT)3IT
(1°£13'0°93“9°21379°2T3'9" 0T3¢ ‘ST)3euxoy
33y’qy‘b3’es’sz’/sk‘sx’easu (4 ’'bur)peaz

/0PZSZ6ZESYLTO0/IP2’ /0P90YLOVY69900°0/0PYTIBLE9/23 21 e3®ED

(z-o‘y-e)gyTea1 3TOTTdUWT

(uu) prosdTTTe @ouaiajaa eaoqe IYBTaY-3Y
(pex)spn3tae] oT3apoab-b3
(pea) spnathuol 3Ises-es
(wu) sejeurpzocoo zeTnbueloai-sz’sk’/sx
*uoT3e3® 8yl JO ISQUNU UOTIBITFTIUSPI-eB3lsu : 3ndano
*piocos eTnbue y3TM UOTIEI8 I3se] TT
*pzooo zenbue Y3 TM uoriels Teorido oT
*pr00D FeTnbueloax yYiTm uoTIE]S I8s8eT T
*pIooo zeTnbue3oel Y3Tm uorjels Teorido ¢ -uapT : 3ndur

(burr) eTpsw 3ndut 28N 03 P61 Ppaacadur

vuoLvvbUvULVLULU

vuvbuvuovbuvuvuLvbouvovOLDO

{,otr3eas, Horwaeo eyl UT USATH Jou 9T uor3els) pIEd o
oy3 3e peyound sizejsuwezed WOIJ S9JBRUTPIOOD UOTIEBIS ajeneas

4]

(3y’63‘es’9z‘sk‘sx’‘elsu’uspt ‘but)eisod surinoaqns
pus
uInleax €1
T106T+Au=Ku
6-wu=wu ZT
€1 o3 ob
006 T +&u=£Ku
£ $Wu=ura
ZT o3 ob(pr*sb-uu) 3T
6/ (WU EGT-Z+PUsG)=pu
€sT/(g~pusg)=uwu
b/ (Kus19pT-g+basusy)=pu
19v1/(1-bosusp)=4u
8L0ST-Tul=Pesu 1T
€T o3 ob
0=~Au
0=pu
0=wu 07
IT o3 ob(£9088°3T"Tul)3T
0T o3 ob(vgesT 3T Tul)3T

8S8T 3N 0-LI-Aou aoutrs sfep=Tul o3 Butpuodsaz
-100 1eak pue yjuow’Kep zepuafed ueTiobaib seatb >
(Tul‘Au‘wu’pu)fepieo aurinoIqns
pus
urn3ax
q=y3ue [
(3)urspsa-3=q
((A»0PS"0)ue3ips(e)3absp)ueiep.opz=3
T o306 (g-pr-a1* (69Z6ST¥I-c-(q)sqep)sqep)IT
A=q
(s+0pP1) /(3-0PT) ="
9’A guTEOZ
(z-0’y-e) geTeaax FTOoTTdWT

4]

(=)£K3ToTI3UEDD9-
(pea)A1ewoue anaj-a :3ndurt
:wox3 (pea)i1emoue ueaw ay3z jo uorieizndwoo

vobouvovwow

(a‘A)gsd3ue uoTloUNy TESI
pus
uIn3ax
e=afbue ¢
¢ o3ob -1
y+e=e (0p0°3T°®) 3IT Z
¢ o3 ob
-3soy* [ frpoyaad ¢ o3 of Toyniysur °
(e’y)ubtsp-e=e(Yysops-0-3b (e)sqep)3IT 1
z't't(a) 3T
(y‘q)poup=e
(1)sqep=y

0°31°x 3T (z/u+‘z/4-)
10 ¢((x)sqep=y =12ym) 0-31b°x 3T (y‘0)
tTeAIa3uT o3uT q a7bue Jo uoTiesSTIEWIOU

vuoLvLoLboLDL

z'q gsxIE9I

(z-o’y-e)gsTeax 3TOTTAUT
(x'q) gyaTbue uotzouny Teax
pua

uan3yal

166T 9Z:1Z:LT 0f das uoW 3°godx1d



65

((1)®)urep=bs
((z)s)soop=T2
e/opt=(p)e
wb /AsA-2 /0PZ=0
wb/3=(g)a
wb /o,0=d
(€2 (Zoazo+ToxT2)33bsp) zue3Ep=(2)°
(zo-‘10)zue3ep=(1)a
(€32€3+23423+13213)32bep=3
(6)XuTo~(p)Xszo+ () XaUD=CF
(p)Xxe0=(9)XaT2+(Z2)XsWO=23
(9)xy20-(G) X204+ () Xsu=T3
(€02 €0+Z04ZP+TO»T2) 32bBP=0
(p)%Xa(Z)x-(g) X2 (T) %=
(9)xe (1) %x=-(p)xx(g)x=22
(g)xx(€)x-(9)%a(2)%=T0

1/ wb-=
((9)xx(9)x%4+(5) X (g)%+(¥) X2 (p)x)32b8P=A
((g) X (€)%+(2) %2 (Z) X+ (T) Xx (T ) %) 33b8p=1

/9-POTZ°0-

‘9-pEv9 T-‘9-Povs-Z-‘€-P6£9Z80°T/(g)Ce’ (p)Le’(g)fe’(Z) e eqep
/OPE°T0986€ ' €PPIBLE 9/ wb’2T e3ep
/T-PZSZ6CESYL T/ 0PSBS6LTLOESBTEBZ 9/Ip2'Tdp  ®e3ep
(1z)Ce’(9)x’(6)® uoTsUUTP
(z-o‘y-e)gaTesa 3ToTTdUT

(pa3indwoo jou)-(g)a
(Kep/pea)uoTiom KTTep ueau-{g)?
(pea)£1ewoue ani3z-(r)s
(peax)LTewoue uesw-(9)s
(-)X3ToTa3U8DD0-(G)9
(uy)sTxe zofewrwas-(p)s
(pex)esbraad jo jusumbae-(g¢)a
(pex)uotjeurioutr-(Z)@®
(pea)spou burtpusose-(1)a
:sjuswaTe Hurzernoso :indino
y3ue‘atbue :sautT3znoaqns
*(8/uw ‘uo{) £3ToOT@A pue S823eUTPIOOD a3TTT23es jo Lexxe-x :3ndur
(962-z62°d ‘1 utysoqnp)
K1To0T9A pue S831PUTPIOOD WOXF SIUSWITS
JUETIEA PS3O8IIOD

(x‘?)I039p auT3inoaqus
pus

urn3asx

Xy (3-0PT)=3pP
uin3az{gpo*ab°ep)IT
esX=0p
(Ua50PE ) /UPxOPY-=X
oPOo=2p

Sp’‘ep‘up’‘a‘e’us gsTesaI
(z-o'y-e)gyTea1 3TOTTdUT

(Kep/-)La1oTIURDDE Jo abueyos-ap
(Aepyun{)sTxe zolewrwss jo sbueyo-ep :3ndino
(zAep/ae1)uoTiow ueam jo sbueyo (up-z/T)-up
K3ToTIaUusO0DR-9
(uny) stxe zolewTwas-e
(Aep/as1)uoTtiom A1tep ueaw-us :3ndur
(peaToauT sT 30833@ beap s,szaydsowize LieuoTiels Afuo
bursoddng) TeuT auTINOIGNe 103 sisjasuwered HurssTw jo uorieandwood

(sp’ep‘up‘a’‘e’us)aelTap aurTinoiqns
pua

»

vuvbuvvbuvuvuvoLvVvULLODULULDLOLOLU

vovuoLbuvouvboLbovLOLDO

uInlex
enuTjuco
(zox(c+T)1edsass () Tas (T)Ted) s x0=(€+T) AX
(T)zedya=(1)ax

€‘T=T 1 op

To=(¢)aed

T8xbo-=(g)aed

T9.68=()xed

T8,n0=(9)aed
Toxboyno+bsyne-=(g)aed
Toxb84N0-60yng-=(p)zed
18yn8=(¢)zed
Toabosns+bsano=(z)zed
Toabssns-boyno=(1)zed
Ip+I=3

gzo/dd=1

A0x(G)T3+0PT=2°

(dd ymb ) 3absp=xo
((5)T2x(g) T2-0PT )+ (¥)T5=Ad
((z)19)so0p=T2
((Z)1e)utsp=T9
w+{z)1e=(2) T
({1)13)soop=b2
({1)19)utsp=bs
wp+(1)Ta=(1) 12

(ne)soop=no

{ne)ursp=ns

Tp+nhe=ne

(g)1o+ (L) Ta=ne
((L)12)s00p=nD
((L)13@)uTtsp=as8

(e TTPE‘€-83 ‘%08’ YT)3iewzo3
wp’Tp‘TP‘IPp (0Z‘9)9TIM
(1e‘wp’Tp’TP‘IP) Bel™® e
0T o306
(te‘wp‘1p‘TP‘2pP)320Ys TTE2
01 o30b

opo=up

O0PO=TP

0PO=TP

0P0=1pP

v o3ob (03T waTT)3IT

¢ o3ob (g-ba-warrT)3yT
/OPE"T0986€ ‘EPYIBLE " 9/ub ‘2x e3Ep
(6)aed’(g)ax’(6)T®@ uOTSUSWTP
(z-o’y-e) ggTeax 3TOoTTdUT

S3UTHOD JO SSATIRPATIIP puooas-(g-L)Ied
S9aUTBOO JO saATIeATIOp 381T73F-(9-p)aed
83UT80D TeuoT3oaxTp-{g-1)aed
(s /un) £3TO0O0T=2A pue
(up{) se3euTpIOOD aeTnbueloal 83TIT93es Jo Aeaxe-ax :3ndino
uswaya uoriouny £q pajndwoo se sjusware jo Aeire-1@
(pspnyout a1%
suoTjeqan3zzad orpoTiad-3zaoys ‘g 3f-Io-¢-be-warT 37T)
(TeuT @uT3inoIqns 298))pasn sjuswsTe Jo odAji-walT :3ndur
(oL pue psg-d ‘1 uTysoqnp)
sjusweTa® woxj L3TOOTaA pue §83BUTPIOOD
jueTIeA PaldDaTIOD

(zed‘Ax‘To‘WwaT)ZT2A00 BUTINOIQNS
pua

uin3yal

X/3sApyas=abueyo

S 166T 9Z:1Z:LT 0 dos uonW

vvuvovbovLLVLVDULUOLDUVLLDLOLDUL

¥°godxtd



66

20-9Z6ZESYL " T=TpP2
1dnop+16=16 (0°0°371°16)3T

(tdnap‘16)powe=TH

pe+ce+Te=TH

32329P8I4680° I=P®

Tdneps(00384+(10229) )=c®

Zo+{Zox2q)=0028

T1-2°2065€12=29

*1=19

1o0-e3=2>

(e3)3ure=12

“00T~+3=03

-gzs9e/ (s 6105T-Tfw3)=2

581€8Z - 9=Tdnep
op81.(p0°8p+(* 09+ T¥+("009€2("08T+"66))))=T"
90-99€T8V8° y=3psI

Toseap’sejTe’yTos ‘1[uy uorstoaad sTqnop

d p us juocs sucumoo sap 38 Tadde p sjusumbie soT sSTnas
uotetoe1d oTdurs ua 388 sumexbozd snos 8o uoTIUI}3E

(sp) TTIoTO8 e3Tsp=Tose3p - [Tafos eydie=seyre - JToT0os8 buol=3ToS
uoTje3anu Tu‘uorjeaaqqe Tu
oxe’p ejnutm e uoTsToaixd caateros aTbue’T sp TnoTED

(Toseap‘sejTe’jlos’1luy)10sT2 auTinoagns
pus
urnyex
g=usuwat?
anuT3uUOoD
¢ o3o0b
TH(=
(1-Y)xsx2x(Y)e+q=q 2z
T T-TIIT €
=)
(1)e=q
@ gxTESX
(g)e uorsusuTp
(z-o’y-e)gyTeax 3ToTTdUT

—

@ Jo zomod HuT3TWTT-T

(sfep)yoods wozj pesders swT-
sjuaToTieco Tetwoufiod sy3 jo Aezze-e :3ndut
-sTeTwoukTod GWT3 WOIJ JUSWATS Te3lTqIc jo uorieinduod

(T’2'®v)gruswsT® uoOT3OUNI Teadx
pue
uIn3ax
d/esle=1p
0P9/dssoes (qx0PYT-0PS) +B=®
(azds.(0PE/q+0PS" 0-)+0P9/Acdzox (q+0PT-) +adzsx (0PI /A¥0PS+OPS"T-) T
+A85Q50PZ-) +22+0Z82(0PZT /q+0P" L+0PS* 0= )+NS+ (0P €/q+0P" P+0P"Z-) ="
ee/oyle=ap
(0PG* 0+0PE/NO40PZ~0P9/NZO) »q+ (ADy@B+QP"T) /B=D
Ta2T8=q
(doyees0ps® 1-0PT) -E=®
opz/azdoyee~-gpz/adzosor—Qp- Z/ADsE-ND=R
d/esTox[E-=
ope /dssees0opy+e="C
(0p9 /acdzs-adZs«0PS " 0—AS) 298 4+N84G° 0-=©
op°p/d/estzssle=1p
(ope /dosoes0PY+0PT) —B=0
opt /agdzoyae+adzosaeinzo=e
d,d=d

vuvuLvLvbuoLODU

vovuvouvobo

(e, ou-0p-1)svw=d
(%) soop=agdz>
(e)ursp=acgdzs

(L) To»0PE+(E) TOr0PZ=R
(e)soop=adzo
(e)ursp=adzs

(L)1e+(€) Tos0PZ=P

(e)sosp=nazdo
(e)ursp=nzds

(L) To-0pZ+(€) To=0
({L)1®)80op=aD
({(L)1@)utsp=as
(neyop- Z)soop=nzo
(ne,0p°z)urap=nzs
(ne)soop=no
(ne)ursp=ns
(g)re=oe

(p)1s=ee
((z)T1=ex0pZ)uTSP=TZS
((2)1®@)soop=T1°
((z)1@)uTrsp=Ts
((¢g)12)so0op=do
((g)19)ursp=ds
{g)Ta+ (L) Ta=mE
0P9°ys099=Le

(6) 1@ uoTsuswp
up‘Tp‘TP‘IP 8axTERDZ
(z-0’y-e)gsTeax 3TOTTdUT

(pex)spou Burpusose ayj jo uoTieqanixad-up
(pex)epnatiel jo jusunbie ay3 jo uorjeginjaad-Tp
(pex)uoTaeuTToUT 8Y3 JO uorieqrnizad-Tp
(up{) z0308A- snTpex a2y3z 3o uorzeqanizad-ip :3ndino
ruswaT® uot3isuny Aq painduoo se sjuswas jo Keixe-{a :3ndur
(g-Lpe-dd ‘zL6T eaysow
‘pozesedde yotyseysiTwsoy eiafod TTIOL] KAouso 239s)
zL Kq pesneo suoT3eqan3zad oTporaadizoys jo uotieindwoo
(1e‘wp’Tp ‘TP’ ap)seT® suTinoaqns
pua
uIn3ax
(zCp+op1)aue=(g)®
ZPv98s (0P ++ (v)o/ub) 3absp=ue
ee/(z)Lesops-1=2lp
TRy EE=ER
z1/(p)e=ee
({g)a (L) @)yaue=(9)s
(tdp’(g)o-n)abue=(r) »
(do‘ds) zuejep=(g)a
(no“ng) zuezep=n
bs/(z)x=no
bs/z3=do L
9 o30b
Bo/{1)x=n0
bo/13=do
L o306 (z-pr-®1°(bo)sqep) 3T
(g)x=ns
€3=ds g
9 o306
by (Z)x+B0x (T)x =no
12/(604(Z)x+684(T)X-)=n8
H9.734b0513 =do
10/ (boaz3+b8413-)=ds
¢ 0306 (gT-pr°a1°(To)8qep) 3T
((1)a)soop=60

vuvbuvbuvobovouu

-

I66T 9Z:1Z:LT o dos uon 3°codxtd



67

zx/(1)e@=0

opo=(T1)wa
((1)6e)ursep=(1)b2
((1)ds)ursep=(1)da
((t)ba‘opT)ubysp=(1)63
((1)ds‘op1)ubrsp=(1)ds
(e)soop=10

(e)utsp=T8

(13)8qep=e

spn3T3el uorioslur o3 Tenbe 388 ST UOTIBUTTOUT-EIEP uoT3oalur Huoam o

zz o306 (opr-o1° ((1)da)sqep)3T
T8/T0x (T3 )ueap=(1)b

T8/(t3)ursp=(1)ds

zg o3 ob

(19)utsps(To‘0PT ) UbTEP=(T)6>

(18)ursp=(T1)de

1z o306 (g-pr-ab°(78)sqep)IT

PO TI=T3

IpoLT8=T8

(e)soop=T0

(e)ursp=Ts

apoy (1) TO=E

((t)eax0pP2) /(dy-ey)=(T) 3>
z1+0ps 0+ (dy+ey)=(1)eE>
aul+Zpy9g/(o+TP9I»q+ZP9E x®)=2ulp

0g o306 (p*ba-aul)3zT

(ge’XTT 2T T 83€’2 LIE ‘€ ST ‘0 TFT‘ST)emIog
s3es/[‘uy’ey’dy’(t1)Te’T3’T8‘0’q ‘R ‘83Ul (05=pua’1Qr ‘3T)pPESI

jutod uoT3iosfur

T'(6'8°L°9°S‘V‘E‘Z’'T) o306

65=3T (00T -3b-adh3T-30°g-37°dLaT)3IT

adi3T=3T

(z)Ceyg 1=(1) (e

/9-p012Z° 0~ .
‘9-p6V9-T~‘9-PIbS-Z-*E-P6£9280 T/ (5)Ce’ (V)= (c)le’(Z)fe e3ep
/Z-PZST6ZESYL T 0PSBS6LTLOESBTEBZ 9/ TP’ Tdp  e3ep
/OPE"T0986€‘EPYTSLE 9/ TUP 2T  e3ep
/0PLBYLBEOOE 9’ S-PLYTSTTZ6Z L/THY‘byp e3ep
{9)x*(g)e*(17) (e uoTsuauTp

adK3t sodk3 fucwmoo

tul/reC/ral /Tl 160/ 1dC  TuT

‘s3es ‘eulp’(p)us’(z)ea’(z)93’(2)1e’ (g)ba’ (¢)da /umTs/uoumos
a3e8 gyIojdeaeys

(z-o’y-e)gxTea2x 3TOoTTdUT

(-o39 zpeauns uwexboad ut
pesn ST 8TY3)sjuswal? Jo yoodsa 3xau [TTI TeaIajur
swty jo @bexo3zs 03 pasn sT (g)ds ayqeTaea ‘jewroy oes ut :z I30u
(1sut £q
psaeasuab)p=T1d{ se pPsTITIUSPT =g PTNOD 388 BIEP JO pua 3T d30u
93TTT@3e8 9Y3 JO Sureu-a3es
(plu)sjuswaia Jo yooda-sulp
Tul T1T3-(sa81)ATPWOUE UESW IOJ SIUSTOTIF200 JO Aeire-ws
el 11Ta-(w()sTxe zolewTwas IOJ S3UaTOTIFe0D JOo Keare-ea
taf T1T3-(-)4A3ToTI3UEPD8 IOJ S3ULTOTIFooo jo Leire-39
110 7173~ (pex) uoTieUTTOUT IOF SIULITOTIIS00 Jo Aexre-To
16C T1T3-(pel)epou -ose 103 S3UaTOTIIs00 jo Lezze-bo
1d(1TT3-(pe1)®ebtxad jo-bae 103 sjusTorzyecd jo Keaze-ds :3ndino
1039p  erdes ‘ Tezoy ‘Kephel ‘sejTap yaue ‘aTbue i sauTinoaqns
ad£3 ‘ umT @: uoumros
Ie0 wozj ndur paepue3ls Ioj)uoTiesTiroads soTasp Indur -adh3T
893TT[93P8 U-BEOU JO SIUSWSTd SNG3I~6

1 %4

101

0

vuUvuvuoLbbLLDULUVDULDOLLOLOLULO

K3TtooTeA pue uoriTsod woxj 3ITIO-8
spos 8,aTay-buty-L
epoo jesdrz-9
IpoD XI[23 oes-¢g
@pod JUTT-SATI-V
9poD B3TqIO-f
glusueTa aUTT-OM} BSERU-Z
gasysweaed jutod uorzosfur-1
:gjusmata jo adA3-t:andur
(0861 UT paaoadwy) s8poo JUSISIITP UT SIUIWST? 3O andut

vvuwoLvbouooLbOLbULOLDULUL

(7)Teutr sur3inoaqns
pus
uIn3ax
X=A® T
((x»0ps"0)uelps (e)3absp)ueiep,opz=x
(22-0p1) /(®3+0PT) ="
X=9%
z o306 (p1-8°1 -3b- (x-1x)sqep)3T
(X)ursps@a+ma=x
X=TX ¢
T o30b (g-pr-o1° (S9Z6STPI-£-(X)sqep)sqep)IT
x=0e
Wo=X
ae’‘Ae‘sa‘we gyTedI
(z-o‘y-e) gxTeax 3ITOTTduT

(pea)A1ewoue OTIJU3DDI-8E
(pea)4&1ewoue snij-ae :3ndino

(=) K3ToTajzusooe-a3
(pex) Arewoue uesw-we :3ndur
uotjenbs za1day ay3 jo uoTanjos

vuvuvbouvbouowvo

(se‘Ae‘aa‘ws) zarde sur3znoaqns
pua
uInjlal
Trates =3jos
(€58L6€ "+ (TT3TO8)UT8)UTSe =TOSEIP
pz = seje
€2-22+T2-TTaT08=}2
((TT9T08x9)UTB4P0-3L60L9Z" )=€2
((TToTO8)UTBAE0-2L2ZV80E6™ ) =22
((TTOT0S2Z)UTS4T0-3VS0BOEY " ) =12
ATb=TTa®T08
Tdnap+a1b=a16 (0°0°3T1°A1B)3T
(tdnep’aTh)poure=aTb
A+d=ATb
P82, ((WH40-Z)UTS+8GT " ZL+ (WD) UTSX9EY* T069 ) +Wb=A
o
t.1 sbed pg ou uoluep o
o
Ipo sub=pub
Tdnop+ub=wb (0-0°3T°wb)3T
(Tdnap ‘wb ) pome=ub
d-1b=ub
apo/d=pd
tdnep+d=d (0°0°37-d)3T
(1dnap*d) powe=d
ve+rce+zesTR=d
J+325P8T4€9° T=E®
apsIs(Exx3)2Z10°0=b®
1x9PSIx€0"68T9=CF
ops s (- T+(09+"€T)+(-009€~°"T82))=T"
I1po/16=p1b

1661 9Z:1Z:LT 0t das uoW 3 godxtd



68

(q4e’(1)ee’(z)me’ (1)’ apos (1) T8) TRZOY TT®D
0s o3ob (Tpr-3T-=aulp) 3T
(P TIP’XT 'V TIP’XT ‘0T PIF‘OT €T3 'X8 «
JOT ETIP 0T ST3“XL/0T €T3 ‘0T ST3‘0T €TI‘0T°STI’8°STJ X[ ‘ge)aemIoy S0T
(plus’(g)we’(z)we’(T)we’ (g)da’(z)ee’ (1) 23,
‘(g)te’(1)Te’(Z)ba’(1)ba’(z)de(1)de sulp‘eles (0G=pus’y’3IT)pPeEal §
o2
(0T°STI3 3IPWIOI UOTIRUTTOUT = GB6T PU® 086T UT pabueys) opoo xafsl oes O
o
00z o306
o=Tu
g=Twf
z=tal
z=tel
=TT
z=1B6C
z=tdl
((z)ee’(2)ea’(glwe’(T)aa*(T)ea’(Z)wa)seyTap TTED
1P9c/(T)we=(1)ua
zzy(1)ea=(1)e0
0§ o3ob {1pr-3T1-=ulp) 3T
(0-016°zT’9T 086z 0" 1162/07865 0 y1b ‘ge)3PWIOF DOT
(1)ea’e3pT/oapl’(z)da’(z)ba’ (g)uay
‘(2)we’(1)Te’(T)00’(T)de’(1)ba’(T)ua’sulp’ajes (Qg=pua’poT‘1T)pPEal ¥
2
QUTT-9AT3 O
o
00z o306
p=Tul
Z=19(
z=1efl
z=11(
e=16(
g=1dl
((z)ea’(z)ear
‘(gluwa‘(1)ea’(1)ea’(Z)us)se3tap TTe0 (5-pr°371°({z)ea)sqep)3T
opo=(1)we
q=(z)wa
o=(¢)uws
(0PS»+®x0PZ) /(€)Waa (g )ua=(p)uwa
qs{z)es=(7)es
qx(z)ee=(7)2e
qe(z)Te=(2)T®
qx(Z)ba=(2)b>
ox{g)bo=(g)ba
qs(z)de=(2)ds
ox(z)de=(g)da
(oPEx»®20PZ)/ (g)Wa-=2
e/1=q
(g)ua.ops0-(z)uwa=e
IPYpT/(g)ue=(¢)ua
1PYri/(2)we=(Z)ws p1
Zps-Ipo/by+(1)be=(1)b>
(by‘aulp)erdes Tr1eD
pT o306 (zps*aT-(1)63)3T €1
(0PS°0-TosTOx0PS“Z)see=(Z)d0
ToseR-=(7)ba
TP9E +BE4BRLE-PSOVZ I T=""
ee/0pPST gLE9=E
((1)29.(1)59-0PT )= (T)eo=vE
(apox (1) T®)800P=T> 9§
€T 0306 (g-p1-3b6°((z)b2)sqep 10 g-pr-ab-((z)da)sqep)IT
£-psZT-2ul+ZPp 98/ (o+TP9+g+ZP9t s®)=aulp
0g o30b (g°ba-aul)3zT

(L°TT39'%XG/Se’XL D 832 P LF*9°93 € 63 L TII‘€°§F’0" 232 STZ)IvwIOF €0T
(z)de*(z)b6e*(z)Te’ ()99 (Z)ea’ (g)me’oaes’(T)des
“(1)Ba’(1)Ta'(T)e9’(T)ea'(Z)us’D/q e sul‘Tu (pg=PUa‘c0T ‘3aT)PEST €
=
e3lTqIo o
el
00Z o30b
p=rml
z=1al
z=1el
T=T7C
z=1b6C
z=tdl
((z)ea’(z)ea’(g)ma’ (7)o’ (1)ea’(Z)wa)ae3Tap T2
1p9es(Z)was{z)de=(z)de
1P9ex(Z)was(z)bo=(Z) 63
0P9/XUsxTPT+(p)wa=(p)we
0pPs 0+ (g)mwa=(g)ua
TP9e/(T)we=(1)uwa
Kepyoaul=aulp
(eul’/Ku’T‘0)Kkepkel TTED
006T+Ku=£u
((z)ds’(z)ba’(1)ea’(Z)wa’(1)2a‘1poL (1) T3) TRZOY TTED
0s o30b (o°ba‘*ku) 37
(sT’8°2T3‘v*63Z'L 83 'V 63'P B3I 'X8T
/ZT'S 93X ‘8 013 'XT'8° 213 /2T ‘X1 /B8R 'X6)I°WIOT ZOT
Tu‘/(Z)us’(T)wa’(1)das
‘(1)ea’(1)ba’(1)Te‘xu’(p)ue’(¢)ua’Aep‘Lu’aes (os=pua‘zoT’3T)pPESI ¢
o
sjususTa Oﬂ..ndlgu eseu o
D
00z o306
o=tu
z=tul
=12
T=Tel
1=t11l
z=16C
z=1d(
opo=(z)b=
opo=(Z)ds
apo/(1)be=(1)ba
apo/(1)de=(1)ds
apoje=(1)T® ¥Z
Tdp/((1)°9’ (1)wa)yzue=(1)us
(1)we-(7)de=(1)ds
(q)sooep.(uy’opr)ubrsp=(1)ua gz
yZ o3 ob
Tdps(1T)ws-(1)ds=(1)d>
ops-o=(T)ua
ssbode aq o3 pesoddns sT jutrod uoT3oelur - e3jep uotioafur Buoxa o
gz o30b {(op1-3T1°(q)9qep)3T
(1)e9/0=q
vz 03 ob (9-pr-a1°(1)92)3T
opT-q/((1)99x(1)o9-0PT) »(T)e0=0
(uy) sqep+2z1=q
vz ©3 ob (opr-o1°(uy)sqep)3T
by+(1)be-18=(1)b>
(by‘aulp)erdes TTe2 €2
(1)69-0Ps-0+Tdp=(T1)b>
(1)ds-ops-0+Tdp=(1)da
g€z o306 (o-ba-()3T
1dp/ZpY98x(0PEs» (1) ea/TWP.q)32bsp=(Z)uwa
(e 0PS " T-0PT) »(0PS"T-) 22 ((T)233s (T)29-0P1) »(222) /(1) Le-0PTI=q

8 166T 9Z:T1Z:LT 0t dos uon 3°codxtd



69

00Z ©3cb
z=tul
T=toC
t=Tel
1=TtC
z=tb6(
z=1d(
1p9ca({Z)mas(z)de=(z)da
P9t {zZ)mas(Z)bo=(2)ba
1poe/(1)we=(1)wa
o0PYz/(ZP9E /S+TP9 /umz+Y)+eul=aulp
(sul *Au’yazuomw’ uapt )Kepkel TTeE>
Kep=uapt
wI=yjuom
006T +Au=£u
K=Ku
((z)de’(z)be’(1)ea’(z)wa’(1)oa/1po.(T)T3) TEZO) TTE
1dp/0pP00Y98s {€»e (T)ea/TUR) 32bs=(Z)we
((Z»2(2Pox(T)T2)UTSP2OPS T-0PT)»
eZan({1)E8/221) () CRag"0-0pPT) /(T)O=(T) o
6 o3 ob (opo-be-£)3T
(T)wa’(1)eay
(1)1’ (1)6a’(1)de(T)ee’s ‘umz’y‘Aep‘ua’k (QS=pua’s’3IT)PeaI 6

§93TT]23E8 PEPOU - SjUSWSTa Snqi

00z o30b
- z=tul
1=Tel
1=tal
=171l
z=156L
z=1dC
1dp/(8)a=(z)we
tdp/(9)a=(1)wa g5
95 ojob
£=T
opo=(2)Ta
g6 o306 (1-pr-sr-(Z)ws) 3IT
(y)e=(1)ea
(g)e=(1)oa
apo/{z)e=(1)T®
opo={z)ba
HﬁU\AﬁvUHAHvDU
opo=(z)ds
apo/(g)e=(1)de
(x’a)1039p TTe> €5
za=(9)x
Ka=(g)x
xa=(p)x
ze=(g)x
Ke=(zZ)x
xe=(1)x Zg
€5 o30b
za=(9)x
(1) %+ Byp+byos Kn+byssxa=(g) x
(Z) Xxbyp-Byss&a-bysyxa=(y)x
ze=(g)x
byoske+bysyxe=(z)x
byssKle-byosxe=(T1)x
(by) soop=byo
(by) ursp=bys
(by‘sulp)erdes T1eo 1§
zs‘ts’ts (0) 37T
€-pszi-2ul+zpr9s/(o+TP9+q+ZP9t+e)=aulp

o

0s o306 (g*be-sul)3T

(L°0T3Z'%XG/Se'XT‘c° 639 TT €53 '0°23IZ/§T¢)IemIO3 80T

(glua’(Z)we »
ioyes‘za‘Aa‘xa‘ze‘Ke’xe’(’oiq‘e‘aul’Tu (05=pua‘goT‘3T)PE™T 8

K31ooTeA pue uoT3iTsod WOIF 3ITqIO

00z o3 ob
p=Tul

z=13(

z=te(

1=t1(

z=156L

z=1dl
((z)o=*(z)ea’(g)ma’(1)oa’(T)ea’(Z)ma)serTop TTED
TP9c/(p)ue=(p)ua
Tp9c/(g)uwe=(¢g)uws
Tpoe/(Z)we=(2)us
TP9e/(T)ws=(1)wa
opo=(Z)b>

opo=(z)des
(suf)3eorzp=sulp

os o3o0b (g°ba*sul)3T

(se’x6°G5°G32’¥°83 ‘€93 ‘V-LI‘G"63‘€°83 /6Tz)IeuIo] LOT

sjes/(plua’(glua’(z)usy
(T)wa’ (1)da’(1)ba’(T)Ta' (1)@’ (T)ea‘aul‘Tu (0G=pua’L01‘3IT)PeaT L

2
o
o

>

aTay-bury o
>

00z o3 ob

0=Tu

g=tul

z=tal

z=tel

T=T1(

z=16L

z=tdl
((z)®a‘(Z)ea’(glwa’(T)@a’(T)ea’(Z)wa)ae3Tap TTe2
0P09€s(Z)was(z)da=(z)de

opP09Ex(Z)war(z)ba=(Z)bo

opo9cx(1)be=(1)63

(Z-%u-) s« TPI+(g)wa=(¢)ua

opo9es(T)TR=(T)T®

op09ea(gz-0+(1)da)=(1)da

Kepioul=aulp

(aul‘Au’t ‘g)Kephel TTED

006T+Au=Ku
((z)da’(z)ba’(T)ea’(Z)wa’(1)33/Tdpa(T)T3) TRZOY TT®D
0s o306 (p-ba-Au) 3T

(8®’L°L3°L°83'TT'S°93 L 0T ‘L LIEC'XT'9 0TI ZT X9)3emIo] 90T

ages’(1)bss

“(1T)ee’xu’ (g)wa’(Z)me’ (T)wa’(1)da’ (1) T2 'Aep’Lu (0g=pue ‘90T ‘3T)PES 9

2

qesdTz °

00z o3 ob

0=Tu

p=Tul

z=1a(

Z=Tel

z=11(

z=16C

z=1d(

(e’(z)ea’(g)uwa’(T)oa’(T)ea’(z)ws)seaTap TI=°

o

1661 9Z:1Z:LT 0f das UOH ¥ godxtd



70

(pea)yoode 3v Ljwwoue uesw Jo epn3TTduwe-(g)d
(-)A3ToTI3uUscD® Jo epn3TTdwe-(p)d
(pea)uoTtieurTour 3o epniTrdwe-(g)d
(pea) spou Hurpueose jo epnitrdure-(z)d
(pex)esbraed-biw jo sabueyos orporiadbuol joO spn3t1duwe~-(71)d
(Kep/pe1)apou buTpusose jo sbueys IeTnoas-A30
(Aep/pez)esbriad jo ebueys IeTNIL8-WIO :3nd3no
(uwy) stxe zolewutwas- q
(p/ae1) uoTjom L{Tep uesu-ue
(=) K3toTa3uadoa-09
(pez) uoT3eUTTOUT-TE
( g°xew) uf jo snyea BuraTuwri-uu :3ndur
*(oe7°d’t/198 ®e8) porzad oTSEq Y3iTa
g{-z{ woxy suoTieqin3izad seTnoas pue otporaadbuol 3o uorjezndmos

. (d‘a30‘m3o’q‘ue’oa’Te’uu)sdbuoT suTINOIqNS
pus

uIn3laz

o=(

ue/Te=(x‘u)e
we/(Tea(C/T+T)e~ (' T+T)eame)=(y'T)®
Tu’T=T 2 op

('1)e=(y'xeu)e

() *xew)e=1e

du‘tf=) ¢ op

Cer=1C

(C41)e=(L'xew)e

( C* xeu) ezure

uin3az (gpp °be- we) 3T

anuT3U0D

((C’1)e)sqep=ure

T=Xew

T o3 o6 (we -a7° (([’T)e)sqep)3T
Cu’t=T 1 op

T+f-u=Cu

((C’1)e)sqep=uwe

T=xew

u‘t=( ¢ op

T-u=Tu

(zuu‘Tuu)e uoTsUIUTP
(z-o’y~e)gsTeax 3ToTTduT

*ToTuz waloodia ss e @oT3EW
yok1starz suzesutry nodnors [ yotuaad of Anu po suznx [ T1el cweodnots

1+u sleutnod yorodnos od Auszorn sweuzou nos{ ndniska Tad ‘e T10d A
eusigTum of KAaeysnos 9073w eULATIZzOI °(d+u=du) TUIGOSEU OYSAOZTIY
nopo3zau yoeuea3s yoskaeid d e yoAweuzau U © STUAOI YSTuIesUT] Tuasaz

(C‘du‘u’zuu’Tuu‘e))yezTIy auTinoiqns

pua

uInjlax

((0P9T/de+0PTB+0PBZ/2240P68T ~0PYT/0PLZ) +X+0PP /de40PTZ+T
OPYT/9®+0PE6-0PL/0PZT ) s (B+0PZT/TexXs0s0Bx0PS~( ((BRX0PE-0PBY/X~T
OPPZ/0PEY )+ S2-RRLOPZ—0PZ/X+0PZ) +08+0PT ) » (322G Z-0PT ) s00=dab
({oPz/%=0P£+0PT) »( 0PZ/9Cx0PE-0PL/0PY ) »2Bussles (((eeaope-1
0PPZ/X20PS-0DE /0PS) » SR -BR40PZ-0P9/X+6" T) s 08+0PT) xabud0€) -=126
(qesqe) /TT+PZ6E6TTI O=L®

yeyye=Te

abuoxabuo=ye

seoe=de

3=do

0T 03 o5(21.90-ps-0-36-(ap)sqep)3T

n/Ip+3=3

vVvuUuvVUVULLDOUOLDOLUDDLDULLYD

o

o
t=

vbuvuo

A-I=3p
AsI=A

J-0PE=0

F+3=2

e/M=1
((2240PS*T-0PT ) »€C2D®-0PT) »VT+PBETLESL 0=1
16us 41bus=oe

(abue) soop=abus

(2bue)ursp=abus

qe/S+PZLEY099 " 0=00

Ks3ehag=qe

(X)3xbsp=ee

X-0PT=A

008,008=X

(0PE/0PT )2+ (®/PT+PEETLESL™0)=3

tuzde Juzde=e

(z~0’y-e)gsTeax 3TOTTdWT

(a@1/Aax)99bTaad 3O jusunbae jo abueyo jo azea-dib
(a21/a51)9pou uoTsusose jo sbueys jo ajea~1xb
(up{)sTxe zolewrwss-do :3andino
(Kep/asz)uoryow ArTep uesu-Tuide
(=) £3TOoTI3U8008~-DD3
(pex)uoTjeurour-abue :qandut
(og -ou-daz+oeds oes) Taur 103 sasjswexed BurssTu jo uoTieindwoo

(dab*116'do’Tuade ‘ooa  abue) Tezoy auTinoiqud
pua

uwnlal

PU+G/ (Z+uuaeST) +¥ /(AmaT9PT) +8 L0ST=TUC
£ ~Wu=tm

€1 o3ob

1 -KAu=Ku

6 +UT=ur

Z1 o3 ob(z-3b-um) 3T

0061 -Au=Aw

wu=um

p1 o3 ob

o=Tuf

1T o3 ob{00TZ 3T Au)3T

0T o3 ob(T106T°3T Au)3T

«yeak pue Kep'yjuou repusTes uetrzobaiab o3 Hurpuod
-s81300 gG8T N 0°BT-aou sours skep=Tul saath

(Tul ‘Au‘uu‘pu)Leplel surinoaqns

pua

uInlax

o=td(

uinlax

apox(Y)TO=(Y)T®

TTL/T= €0Z opP

Ipos () ba=()ba

160 1=y zZoZ oP

1poy (y)de=(y)da

1dC’1=y 10Z °P

(opo9c ‘ (1)ds)a1bue=(1)da

(opo9g ‘(1)ba)atbue=(1)ba
1P9cs(Z)meaq=(z)ba

1P9cr(Z)mero=(z}ds
e=(1)ee(opPT 3T  (T)e2)3T

(o’q’e’(Z)ua’ (1)2@a’Ipos (1) T2) TRZOY TTED
voz o306 (g-pr-31b- ((Z)ba)sqep: 10°g-pr-36-((z)ds)sqep)IT

oT T66T 9Z3:1Z:L1I ot das uoH

ot

PT

[4s

IT

01

0s

€02

zoz

102

voz

[+]¢F4

vuvbvuvouvovobuovwo

vvwouoL

2

3°godxtd



71

¢ o3 ob (09-37 wu)3IT
o=8u
1T +Tu=uu
g o3 o6 (09-3T°8U)IT
(0pPg* 0+8)3uTPT=8U
. TP9+{0pPT‘3) poup=s
(3)3utpT=WU
y o3 ob
(0PS* 0+3)UTPT=01u
ztt(T) 3T
P9+ (0PT‘3) poup=3
(3)3uTpT=Yyu

(oPyZe2) sqep=3
p=9Uu
(z-o‘y-e)gsTeaa 3TOTTdUT

(pspunoa) spuooas-su
s93nuTW-wu
ginoy-yu : 3ndano
-genuTw Teabejur o3 pepunol 8T 3[nesx’[- o3 Tenba 3T-
‘gpuooes Teibajul o3 pepunox sT 3[nsez‘y o3 Tenbas IT-T
Kep 3o suoT3oeaz-o : 3ndut
- Spuooas pue
ge3nuTu/sInoy o3uT Aep JO SBUOT3IORIJ WOIF UOTIFWIOISUBRIY

(T/o’su’mu’yu)suyu auUTINOIGNS
pus

uIniliax

opo=(1)d

, ST‘9=T 00T ©P
(1)d-((z)d-)s0o=(1)d

(goxsou{z)e) /Zns.Ld=(z)d

0ET ©30b
({z)Ce‘op-T)ubTep/ (zns ‘op-T)ubTsp« ((d'op-T)ubTsPaBT20" T=(2)d
9zT'sZT sz1(9-91°0-(52)8qep) 3T
19/((p)d-).Ld=(g)d

T8/00,009=(d

yZ1 o3 ob

(0o’ 0p-1)ubTsPsSTo0° T=Fd
czr’eer’zzi(9-=1 0-(T9)8qep) 3T
(1€SBTEBZ " 9#08) /3953135304y 08[d=(g)d
oa/gnsylfd=(1)d

o0, (Tns-) 4 (d=(p)d

(d/rs=(d

621 ©3 ob
({d‘op-1)ubTsp/ (T8 ‘0P T)ubTSPaST0° T=Cd
g8zT‘LzT’LZT(6-31"0-([d)sqep) 3T
gox(z)Ce=(d

snuUTIUO0D

(C)esd(e+pns=pns

(C)Bsble+ens=gns
((£)Yrgouzs-(L)Bag0) sdleszns=zns
({)byd(e+Tns=Tns

(()d.dfe=d(e

(£)bad(fe=b(e

€dy(CC)Ce=dle

zd.[d=(d

1+Caz=LL

u‘t=C 111 op

ody-1=(d

*o=pns

p=cns

*0=zns

-o=1ns

00T

0tT
9Z1

et

vzl
€21

[£4¢

621
8ZT

vouvbouvoLvbovovbuLvbuUwLDO

sosg*o=(1)w®

s o=(1)b

s o=(1)d

5069 °0T=(T)Y

go=(1)b

((1)ox6+°¥)x(2)Bald=(2)e

((Z)ox 9+(T)ox"G5Z+ p)ald=(2)D
(da((T)ox"€+"p)=(2)d

rze/g=(d

(t)os"p8-"8Z=(2)4

(Z)os TZ+(T)oxp1-"1=(2)6

u’/(prT’cTT) ©3 0B

T-u=u

1Z1’021‘0C1(ENS) IT

1°0-(gns)sgep=cns

u-gns=gns

1e581£8Z° 9+ (Zysrdle+Zns) s (00, ue-) =430
1€681€8Z° 9+ (zZbadle+Tn8) yue=w30
€d/(z)Ces(z)Ce=dle

zd.zd=Cd

anUTIUOD

(C)ysdCe+zns=zns

([)bxd[e+Tns=1ns

fd/(Caz)le=dle

zdy(d=0d

u’t=C 10T op

s1=(d

odyod=zd

*0=zns

*p=Tns

sasee=od

goxgL 0-=(1)B6

s 1=(1)y
(((z)o1

e 68T+(T)ox"92T-"6)+(T)o+(2)0x"96T+(T)0x PPTI-"TT) x"821/ 5T=(2)6
((D)os g+ 2)al(T)oxL="€)x"2E/"ST=(2)Y
u’(gor’zOT) ©3 0B

T+U=U

(325 ((T)on"€="T)a"ZT+(1)2262-((T)2x0T="T)2"¥)n("2ZE-) / €=TY
(304 ((T)ox"€="T) 522 PZ-T
(1)ox((Z)on"SpT+(T)02°92T-"62)+((T)0x"EV+°5)a502"2)2{"82T-)/ €=2b
SO+°8=62

. (1)ox"g-"1=62
TO+TS=Z8

(te)ursp=1s

(s@)33bsp=3a

(1)e--1=00

snurjuod

(1)ax(f)o=(1+[)a

(1)os(C)o=(14L)0

u‘t=( 01T op

OTT’STT’STT(u)3IT

o9y09=(T)?®

004500=(T)>

(Te)soop=00

1-z/u=u

z/(u)3eor3=tns

zx/q=e®e

uu=u

/OPE"T0986€ ‘EPPIBLE 9/TUP 2T ®E3ep
/9-PO1Z° 0= .
'9-pev9-T-‘9-PIVS-Z-'c-P6£9Z80°T/(g) e’ (p)Le’(g)le’(Z)(e =3ep
(tz)Ce’(o1)e‘(0T)B’(sT)d*(01)6*(0T)q’ (0T )2’ (01)> uoTsUSWTP
(z-0’y-e) gsTedx 3ITOTTAWT

TT 166T 923:TZ:LT 0o dos uoKH

€11

PTT
Izt
0zt

T0T

20T

€0T

STT
0Tt

91T

3°-godxtd



72

(9-pIPZ’9°1T32’, @ ulouT,’xZ‘, ,)3ewro3 oI °
(trf/t=9‘(x)Te)(80Z’99)oaTIn (suocu) :3ndano >
(9°vIPZ‘9°1T32°, : @poux,‘xz’, ,)3ewro3 L[0T AepTes’suye :sauranoiqns °
(16L1="(>)Be) {0z ‘99)a3TIn U S : Uoumo 2
(9-pTPZ’9-1T13Z’, ¢ brasd,’xz’ , ,)3ewWIO] 902 sjusmeTa Jo adLy-T :3ndut o
(1dC/1=x(x)de) (90z’99)@3Tam «(Aep/as1) 1o (aa1) ut we ‘(uwf) uT e o
(z°g3°’(,:.'zv) T '*xCT ‘(Kep/seai1bsp) 10 (seszbsp) ur psijutad aie sjuswsea rernbue o
‘pT(,*,'zT)z %2 9° 83 ‘Xe ‘ST 'X9’, : yoods, ‘xz’, ,)3PWIOF 50T *Tour £q paureiqo sjuswaia o urad 2
s‘mu‘yu‘Au‘ma’pu’sule’aul{g0z’99)3TIm L)
(11T’, * 3TqI0,’XZ‘, ,)3PWIO bOT (T)T®3no sur3noiqns
Tul{poz‘99)®3atam (p-3b-Tu)3T © pus
uInlax
apo/ () Te=(y) Te coZ (mwatT)T®300 TTE2
TT0’T=Y €0C op Z=walT
apo/(y)be=(3)Be ZoZ TP9e/(T)me=(1)uwa
16L/T=) z0Z ©op poz/(1)de=(1)ds
apoy/(y)da=(y)de 10Z poas(1)ba=(1)ba
1dC‘1=Y 10Z °P pox/(t)Te=(1)T®
(sule’s ‘wu‘yu)suye TTe2 (g-213‘v-6329
(ouf’An‘uu’pu)fepres TTED f1"83'V 63V 8I'X8/XT ‘9 0TF'XT‘8°ZI3 2T XTI ge ‘X6)IeWIOT 10T
(opT *2ulp)powp=sule (z)we’(1)uwey
(eulp)3urpr=aul 00T ‘(1)da‘(1)e9’(T)b2 (1) T2’ (¢g)wa uspaod/Ku‘azes (10Z’()33TIM
00z o308 (0-3T-wefT) 3T
(/,z012d weaboxd, ‘xyz’, ,)3emzo] 07 (8°ZT13'v-63Z%
(0z‘99)a3TIn 01 ‘1°83'Vv°63'V 83°%8/'8°0T3‘XT’'8-2TI‘TT XTI '8R’'X6//3
00z o3ob /,apod SUTT-OM3 ESEU UT sjuswais ,’, ,)3ewzo3 002
anuT3ucd § (z)ws’(1)way
00z o306 ‘(1)da’(1)e=a’(1)ba’ (1) 72’ (g)wa’usprod‘Lu‘azes (00z’'99)a3Tam
(/.Kato0Ten pue uoTaTsod,’‘xLz’, ,)3euwzo] g1 006T-3oxu=£Au
' (g1’99)93Tam g Tusul-aulp=uapzod
00z o306 (Twaul ‘jozu‘r ‘o )Kepdef TTed
(/.9Tay-buTty, 'xLZ*, ,)3ewroy (T (wau( ‘jozu‘wu‘pu)Leped [Ted
(L1°99)a3TIm ¢ (sulp)aurpr=waul
00z o3 ob poxs(1)da=(1)da
(/,3eadtz, ‘x12*, .)3ewroy 97 poax(1)ba=(1)ba
(91'99)@3Tam 9 poa«(1)To=(1)T®
00z o3 ob ((1)de)utsps((T)T2)uTsps(T)Ea/262L4(1)00=(T) a2
(/.,°poo xafa3 oes,‘x[g’, ,)3jewrol Gl swo3/opobrI=(Z)wa
(sT“99)a3TIm g (exs((Zxx(1)99-0pPT) /(((1)de-)s00P3
00z o3 ob #(T)29+0PT) ) »Zs2((1)®2/23) x0Z2+0PS " T+0PT ) x03=5WOT
(/.®poo 2uTT-®ATI,‘X[Z‘, ,)3ewIO] PI (e31220Zo+0PT) /(Z)Wa/0POYYT=03
(v1’99)°3tam p (€xx(Zxn(1)29-0PT) /€xx (((1)d3) s00Pa(T)22+0PT ) +%
00z o3 ob ((Zax(1)99-0PT)33bspazss(((1)d3)s00ps(1)02+0P1))5
opo=(T)us /(0PS 0-Zxx((T)T3)800P+0PS"2Z) )2 Zaa((1)e8/21)00PS" [=RIT®
(/.,e31q70, 'XLT*, ,)3BWIO} €1 poas((1)®2’(1)da-)yjue=(T)ws
(e1’99)°3TIM ¢ Tdp/TP9E=POZ
00z o3 ob opLvzeLT - L-=2€2C
(/,s3uswaT® suUTT-oM3 ®SPBU,‘X[Z‘, ,)3PWIOF ZT 0PZ+(0PT-'0P0) Zue3ep=Tdp
(z1'99)eaTam z /OPPT"BLEY’9-P9°Z80T-/ZX'0ZD ®IEP
00z o3ob wal’el‘a(’TCBL'd(‘Tu’s3esy
(/.,3utod uorzosfur,’x/z’, ,)3ewroy 1T ‘sulp’(plwa‘(z)ea’(z)e=’(z)Ta’ (g)ba’(¢)da /uurs/uoumos
(t1/99)33Tam 1 s3es g.I93oBRIRYD
T’(0T’6’8°L9’S’V’'E’'T’T) 0306 (z-0'y-e)gsTeax 3TOTTdUT
(, * sauswsT® jo eoInOg ,/8e’, : @TITe3ES ,Y3ewxol 00T uoT3noaxa buranp pabueyo sT WaA[T JO SNTeA - UOTIUSIIE o
@3es (00T‘99)a3TIm gjuswaTe buriTnssz a9yl yound o°*37*WaT 3IT o
(z1)aeyo=333 (z=weTT) epoo SUTT-OM3I ESBU O3UT °
(¢=wTTT) ®3ITqI0 Spod WoI3 sijuswaTe Indur jo uoTjPWIOFSUEI o
/T-PTST6ZESYL T0PS8S6LTLOESBTERZ 9/Tpo‘Tdp  ejep 2

(Z)Te’(g)be’(¢)de uorsusmTp

(ws1T) seuqio suTinoaqns

333 I930EIRYD pua
tuf/tel’/tal/trC/TbC/7dC/Tut uani3ax

‘a3es‘aulp’/(y)ua’(z)ea’(z)ea (z)To2’(g)ba’(g)da /uurre/uoumos yu-=yu {(opo-31°2)3T
@3e8 gyIa3ORIRYD o=uwu

(z-0’y-e)gyTe0x 3TOTTdUT T+Yyu=yu

(A

166T 9Z:12:LT 0f das uoH

J-codxtd



73

@3ep uetTn{ pet3Tpow-plup :3ndur
quoomeu o3 Burpiooow SwWT] [ealspTs UeeW a3Yl JO UOTIENTRAS

(pos ‘plup)erdes surinoaqns
pua

uIn3ax

(xed‘x’Ta‘T)ZTo400 TT®2
(1dp‘ (L) To+(g)T®)aTbue=n
((6)1=' ()12’ (g)13/ (9)T®)a9Tde TTED
(s‘u)rep+(9)To=(9)1®

(p u)Tep+{g)1o=(5)T>
ePT»{9‘u)Tep+(p)T1o=(p) 12
(1 u)Tep+(g)To=(€) T2

(g ru)rep+(z)To=(2) 1>
(z'u)Tep+(T)To=(1)T®

z o30B6(0°ba"y) 3T
(1Tdp’e-we)a1bue=(9) 1"
((g)12’(g)T® )y3ue=e (g-ba-T)37
1dp. (0pT ‘uwe ) poup=ure
snuT3uod

ZU+TU=EU

1-zu=zu (opo- 3T we)3T

(we ) 3uTpT=2U

T o306 (0°8T°Tu)3T

(tul ’Tue‘uws ) uswmats=ue
opo=®

0=€Uu

opo=(5)12 (0P0-3T-(S)T3)3T
(1ol ‘Tua‘sa)uawaTs=(g)1®
(tel’Tus ‘es)uswata=(p) 1>
(1d( ‘Tua‘de)usmaTs=(¢) 12
(1T(’Tua’Ta)uswata=(z) 1°
(16 ’Tua’ba)uswats=(1)T°
/Z-PZST6TESYL T'0PSBS6LTLOESBIERZ 9/ap2’Tdp  EaEp
ul/rel/tal/yrC 1L Td Tut
rgqes’aulp’(ylue’(z)ea’(z)as’(z) T3’ (g)ba’(g)ds Juule/uocumos
(9‘001)TEP’(8/001) TR /T®/ucumod

(g)aed’(9)x‘(6) 1™ uoTSUaWTP

938 gyle@joeaeyd

(z-o’y-e)gsTeax 3TOTTdUT

- (sjuewsT® TE3ITIO UT pasn JT)Iaqumu 3ITIO-fU
(pex)spnatiel jo jusunbie-n
+£3To0TeA puE S83RUTPICOD 33T[T23es8 Jo Kexre-x:jndino
{pex)ATewoue oTIjusdOa-(6) 1
(peindwos jou)-(g) 1@
(pea)L1ewoue anx3-()1°
(pea) ATerwoue ueswm-(9)T°
(-)K3ToTI3U=d0a-(G5) 19
(uy) stxe zo(ewTwes-(p)Ta
(pex)sabtaad jo jusunbre-(g)Te
(pex)uorjeuriour-(z) 1°
(pex)spou Hutpuaose-(1)T1a
:1gjueweTe JO seniea Tenide jo KLeare:zlaaod 103 3ndinc
2a7de ‘uawaTa’ ZTaa00 ‘yjue/ aTbue: ssurnoaqns
T9/uUnTa :uoCUNmoD
Tep Aexze uoTjeqinizad Joj Xapur-u
pepnTout axe °3zad Tezsssay ‘0 3B IT-Y
1pepnIouT 30u axe od 03
(pspnTout axe -3aad oTpoTredizoys‘g-batzo-g-aT3T)
*(L-1)s3juawala jJo adha-T
(skep)yoods woxz =auty posdera-Tua:indut
sut3 pesdefs uaaTh I0J Sa83EUTPICOD DTIJuU300ab Jo uorzezndwon

v

vuVUVvVULUDUUDOUDUDLDUOUDULOLODUODOLODDU

(gu’n’x‘u’y‘T’Tud)zoTscd aurinozqns
pue

urnlex

(u)T=367

((e)3uTpT’1)OXPUW=U

(p-q3®) s0PZ="
(3)0160TP+0PS" Z- (1) 0T5OTP+0PS=P
(opT+e2)s0PS°0=3

1/ (82ydz+8LxdL+8Xedx)=vD
(dz’dK‘dx)3o09a=1

(g)3sx+d2=dz
Byox(z)asx+byss (1) 3sx+dL=dX
byss(z)3sx-5yos (1) 3sx+dx=dx
uIngax

{o1)T=26T

ZPI-=%

T o3 ob (opoLe9-3b-(e)urspyr) 3IT
T o3 o6 (opo-®T°e2)3T
{eo)sooep=e

1/ (824d2+8&xdL+8X4dx)=eD
(dz*dK*dx)oaa=1

(¢)ax-=dz

(Z)ax-=d&

(1) Ax-=dx

agye=82

s0se=8K

(1e)ursp=e

(19)soop=8x

/o 28 .00 6 470 8 ' L4y 900 ST

. € 4% T .'. 1 ./T'/OPTEELIE°0‘OPSB6LEE-0/30'28 eBlEp
(o1)T‘(ZT)38x’(9)Aax uoTsuawrp
(z-o‘y-e)gsTeax 3TOTTAUT

(oor-=e’s*ba 36T 3T)3abT 3O anTea pspunox jou-e
wnutxew ueyy *bw p-37°sT ssauaybrag 1-bsc3iby
unwrxew ueyy -Buw p-e7-8T sssulybraq z-ba-aby
unurxew ueyy -buw ¢+ a7°sT sssuaybriq p-ba-31b1
unwrxew ueylz -buw z-a7°sT ssauzybraq 9-ba-3iby
umurxew ueyy bw [-a7°sT ssauzybriq g-bs-31bT
mopeys ur sT 93T[Te3es s-ba*367 : andano
31D89a :saur3lnoIqns
UOTJEUTUTND 3B 33T[[93es ay3 Jo spnitubeu-q3s
(up{)uotTaye3s I3TI[23es aduelsTp-ex
(pe1) uns 8y jo spnatbuol-T@
by awr3 TeaiapTs jo snursod -Hyo
by swty Teazeprs jo snurs-bys
(uny) s@3euTpIOOD UOT3E3s JO Aexze-3sx
(s /() £3T00T2A pue
(uy{) s@3eUTPIOcOD 83TTTP3e8 5TI3uas0sb jo Keize-ax :3ndur
SUOTITPUOD UOTFRUTUMTTT 9yl 3Jo uoTieiznduwod

(e’3b1’qas‘ex’Ta‘byo’/bys‘asx‘ax)eseyd aurinoaqus
pua

uInlex

(, s)aewzog

(e1z'99)33TaIm

(,(uaAaTh 8T uoTiow Tepou uesw), ‘xZ(’, ,)3ewio]
(zrz‘99)®3tam (g be-T)3T

(9°pIPZ’9°1T32’, : wouem, ‘xz’, ,)3emrod
(TwlT=’ (3)wa)(11Z/99)83TIN

(9-vIPZ’€°TTIIZ’, : STXes, ‘xz‘, ,)3euwzog
(telC’/t=x’(x)e=)(012‘99)°3TIM

(9°y1PZ’9-113Z‘, ¢ uso0a,’xZ’, ,)3euroy

(13l /1=x'(2)@=)(60Z*99)°3TIn

166T 92312 LT o€ dos uow ¥ godxtd

€1

tA &4

Itz

o1e

602

VVULUUVDULVDLLUDULUDUODOLDOLOUD



T4

(@9)3abep=3»

09, 09-° =08

(a)soop=ad

(a)utop=as

(L)1e=a

(9)1o=we

((g)1®)soop=a0

21/(p)To=ee

(g)T9=wo

(g)1°=02
\NlﬂNmNmNmmvh.ﬁ~ovmwmmhﬁhonmmﬁnwm.w\NVU.ﬂmosv ejep
/OPE°T0986€ ‘€PYIBLE"9/TWP 2T ®©3Ep

/9-P0OT1Z° 0~ *
19-p6r9°T-’9-pPobs - Z-‘€-P6£9Z80°T/(g) (e’ (y)Le’(g)le’(z) e e3ep
(1z)Ce’(g) 1> uoTsusutp

(z-0’y-e) gsTeax 3ToTTduT

(pea)spou Butpuesse sy3 Jo uoT3zeqiniIad-up
(pex)epn3T3el 3o 3jusumbie ay3 3o uot3jeqanjzad-1p
(pex)uoT3euTToUT 9Yy3 3Jo uotieqanizad-Tp
0 (up{)3o@A~- snTpEl BY3} IO uoT3eqanized-1p :3ndano
: a1bue : sauTinoiqns
-usweT@® uorjouny Aq peindwoo’sjusweTad jo Kezxe-Ta:andur
(9y1-d‘T/198 998) eTnuioj
s,Tezoy Aq suoTieqanizad orporaad 3x0ys Y3 3o uot3eindwos

(Te‘up ‘1P’ TP‘IpP)3IOYS IUTINOAQNS
pus

uIniax

T+pox=poy ((r)ewbrs-37°(z)ewbrs)3T
(((1-u)3eor3Ips(u)aeor3p) /18)32bsp=uz
AgA4+TS=T8

(T)T9p-e3T3pP=2

( (de-(7)uw)soopa((T)Y)soopazse+((T)Y)urspszo)ursep=(T)13p
(((1)1ep)soop/{ (T)y)soops(de-(T)e)ursp-)ursep=(T)eubTs
u’‘T=T €T Op

opo=19%

(dz)soop=22

(dz)utsp=28

(v ‘¢ )d+de=de

(y’z)d+dz=dz

(p‘1)d+e3Tep=e3T=p

(W«

(bqs weibozdpod) yokTsTaez euresury nodnors ,‘zT’,yoTusad ,)3ewroy 109

((109’99)a3txa (o-au-f)3IT
(C’p’ev /g 'd)yezTay TTED

(g’z)d=(z'¢)d

(g’1)d=(1'¢)d

(z'1)d=(1*2)d

pro+(p’eld=(p‘c)d

oxo+{g’g)d=(g’e)d

Pra+(p’z)d=(v‘2)d

oxq+(g’2)d=(g*2)d

qeq+lz’z)d=(2'2)d

p+{p 1)d=(p’1)d

o+(g’1)d=(g’1)d

q+{z‘1)d=(z*1)d

(T)19p-®319pP=P
((1)Tep)soop/(de-(T)e)ursps((T)y)soopszs-=D
((T)1ep)soop/((de-(1)e)s00ps ((T)y)soopaszo-{(T)y)urspszs)=q
u‘l=T ZT op

(u)3eor3zp=(1‘1)d

opo=((‘1)d

v‘1=C TT op

€T

vovbuvovbovuLvoLOLLD

¥l

€'T=T IT ©P
OTUAOX YOSTUIWWIOU TUessI 2

(u)3e0TIP/T8="ITSP

(T)1op+18=18 €
((de-(T)e)80ops ((T)Y)s00psz8+((T)y)urspszo) ursep=(T) TP
u‘1=T € Op
0pPo=T%
(dz)soop=2o
(dz)utrsp=2zs

(dzb3o‘opt ) zZue3ep=dz p
dzb3o-=dzb30
(tdsopz ‘ Td+de ) poup=de
p o3 ob (opo-eb+dzb3o)3T
1zeb/(de)soopatzaq-1zeb/(de)urspsizie-=dzb30
(Tx’zx) zuejep=de
Teeby1zog-TZebTERq=2X
1zebateTR-TERDATZTE=TX
o3-((u)y)ursp=Tceb
q3-((u)e)soop«({u)y)soop=T€aq
e3-((u)e)urspa((u)y)soop=1cTe
o3-((su)y)ursp=1zeb
q3-((su)e)soops({su)y)eoop=1Zaq
e3-((su)e)urspas((su)y)soop=Tz1®
1+Z/u=su
((1)q)utrsp=03
((1)e)soops((1)Y)soop=q3
((1)e)urspa((1)y)8oop=23
uxnysx (pe3T u)3T

opo=(T)eumbts T
oT=poy (opvzo-0°36°((T)yoka)sqep)3T
u‘t=T 1 op
0=pPoy
opo=ux
0P0O=®3Top
opo=dz
opo=de
/0PYZE6LEBSESITESTYT £/Td B3ep

(06)ToP’ (T)yokz’(T)ewbTs‘(T)y‘(1)e‘(1)se2’(p‘c)d uorsuautp

(z-o’y-e)gyTeaz 37oTTdUT
* t=]
yezTD{seanpacoad eujznu 2

easTOop aTYoAI [I=poy easfop nyfewod T =poy o
eaexdop atyoLka or=poy eaeadop nyewod o =po(pT) *°° poY

Kso +¢ Tusaeiseu arod(gx a7od) - ewbrs
e3Tsp Tua2oin eqAys Tupaiis(gz) - wx
Kkso “p ® +z’*1 Tusaezseu(gi) °*° e3Tep‘dz‘de:dniséa
(-oo28 ez Auetpex) 3sorysha(gi atod) - yoAz
yoska o1od(gx ayod) -°° y
njnutze ayod(ga arod) - e
nywoTz su3asa plu - nseo atod(gx syod) -° - sed o
npoq yoAuepez 3eood(pt) --° u: dn3ysa o
Kso *¢ waToy nqiyod TisoTyoKki’szejuem 380 § TUSAE]SEU 3900d&a o
o

vovbuvoboLvbuUvw

(poy ‘eubts ‘max‘e3tep’dz ‘de‘yokz‘y‘e’seo‘u)1bqs sutinoaqns
pua

urn3yal

(opT ‘plup)poup,164+1dps (0P ‘ Pos ) poup=pos

(0PS*6TOST-PLW ) x0P9Z606LELZO00+0PYET69LZ " 0=POS
(pfup)3utpT=plw

/0PLEVLBEDOE "9’ S-PLYTISTTZ6Z L/TBY‘bup e3ep
/T-PTST6ZESYL T’ OPS8S6LTLOES8TEBZ 9/ IPo'Tdp  B3ep
(z-0’y-e) gyTeax 3TOTTdWT

(pex)ueTpTasu yotmusaib ay3z je swry Tesrsprs-pos :3jndino o

1661 92:1Z:LT 0t des uonW 3-codx1d



75

T0=3T®
90T’T=u Z op
-0=Tsdp
- o=s8dspp
20e3nu
(<o1/(L)39s3)xT3T4+(L)00=(T)® T
(<01/(0)3ds3)xT3T+(L)od=(T)d
(C)ou=T
sT’1=( T op
nueTo YoATSTARZ SA08ED NIUITOTISOY jesodka
TdoAp.(0PT‘OPSOLILE8YLE "0+
+3P» (0PO6EVE0PZSS SZET+IPs (S-P6ESTY *Z+3IP»8-P6" b)) Jpowp=(5) TP
1daaps (0PT‘0P8YISZETEEE " 0+
+3P+ (0P9SS0ZIE LE6° 66+3P» (L-PZSP " V-IP+6-PE " 6-)) )poup=(¢)TP3
Td2APs (0PT ' OPL6E9BBO65Z "0+
+3Px (0P9V6Y9ZBLZZ ZVET+3P» (S-P6ZZ0°T-3P+6-PS°8) ) )poup=(€)TP3
TdeAp. (0PT ‘0P96TTZIELZE "0+
+3P+(OPYYYP LBOESE " 9EZT+IP+ (9-PLTE " §-IP»8-PS 1)) Jpoup=(Z)1P3
Tdoap« (OPT‘OPTS6BSYELYE “ O+
+uv.onmv~hoothn 5-1p»(9-pPZSL* S+3P+6-PZ*9)) Jpoup=(1)1P3
(yoexo030 A) T ‘TT ‘3 ‘p ‘ebauo = (1)TPZ2
p=1
*gzs9e/{s yysrs-Lup)=3p
0PSZ908° ¥9290Z=3A01P
0PBOES8TE8Z " 9=Tdaap

/0‘0‘T-‘0'0’S-‘0‘0‘0'c‘9-'T-'1€-"5‘68/ 3I® ®IEP
JT='T0p- T Z-‘T'T-“T‘s-'21 'pe-‘9T-'2 2vLT-/3d e3ep
(.10000°0) Ausuz sa0sed
/ZEEE-'6CT 00T L-"LL6 L 0’0L-"S6-"VZZ VS’ IELS'S68-520Z6/0° ©IED
/85-'€9'T0€~-“98E-‘2TL +
PLZZ-'9T-‘LT 62T LTZ LTS-'9ZVT LBIET-"2902‘966TLT-/0d eaep
/6€'8E'PEEE'ZETE ‘BT 9T ET ZT‘TT 0T 62 T/0U ©3eP
(.1000°0) nueTo yoATstaez 2a08ED AJUaTOTF=20y e AxapuT
/0xLT'T-'0'0'E
TT/T-‘0‘T T-‘0°'T-"T-‘0 ‘T 'I-‘T'T-'T«S‘0xS‘E’0 E‘E-"E'E'E~"T
0'E‘E‘E-"0'C L 8= 0T~ T-"ET 2ZT-"T-*9T'L2’92 042 C-'ES-T~'T
0xb’0+L°Z-'Z-‘€’€‘90°6°0°0 T 0+5'0'T 0T 0VZ-"0'0/° ®=3EP
(.1000°0) NuoTYs @A 2oe3nu AJusToTIa0Y
JTT=T = T-'T-‘T-‘T-“1-‘T-'T‘T‘1-‘T'T‘1~-‘1-‘TT1‘1’"p
T='T='T'1-‘Z-'T‘T='T'T'¢'z-‘¢’z-"Z'e-’e-"'T-‘e-‘e-"e‘e~"v-"'v’¢c
p='S-'G'6-‘9'(~'9="9'9'g-"[-'L'L-"0OT-'€T-/9T'TZ 92 'TE~‘62'T
6Z'BE-'TS-‘65-'0+Z €9'EZT 8ST~0ub ' T-'T/T/T-‘T T 'P="V'P’T
G-49-'ZT-'0'ST-‘0'2Z-'8%‘0+5 'T“Z-’€-‘€~‘TT’9¥’0’0/d ©3ep
(.1000°0) @o79p A @oejnu AJuaToTIL0Y
/59595’ L6L5S SLSSL SLESI*9ES99 96 LPS SEESISLS9S‘A
LPLSS‘9GESS 9LSYY ' IGLIG SELSY LELSB  LEESS ILGGI ' LLLSL ®
9ELGL 'SESYI’ LS6Sh/ L6LSEILLSY  LELIYSTSSL L6LSY LLLSE G
GTSS9°LSSSY* L9LSS S55S8  LGSS9‘9GGSL 9ELSY LSL99  LLLYS S
LSLS8‘9SSSE LLLYY LSLYPI ' SGLG9° 5559969656 GGES9 SESIS L
95.GL“SSSY9“9ESSS IELSIILLGS 9LSSS LELSLGLSSI LLLS9 D
LSLVSLSL95*SES99 ILLSP 9EGGI ' 9LGGY 9GLSY SSLSS  LSLSL’S
(ELS9'SSSSL  LLLSS 9SLSO LLLSY 955GV 95659 GLGGS  LSLSP Y
GEGS9‘LGI59'95L65 56669/ LGLGS  SELIG 99SSY LSSIS SLEIS E
9LESS‘SESIL SVSS9 IE LIS IESSL 9ELYS ILGSEISSVS LELLS T
9569G6'55GL 6 GELSS SESSL 9E LSS  LELYS  LELIS SSS9S LELSS T
9GESL‘9ELES SPSPO’ LSLSE‘SSESL 9SLSE L5555 /95655/b1e eaep
Kjusumbae
sdap‘ Tedp ‘sdepp ‘ TUP ‘ TWP /NU/ UCWHOD
(st)ou’(sr)a9’(s1)oa’(g1)ad (gr)od’ (901)e’(901)d* (90T )bae xabazur
(s)Tp3 TeES®2
(p)gs1e@1 TOTTdUT

AytadrTye uorys A3Tzuedyo - sdep

=]

2

o

eoTep ® nuoTis @a aowinu - Tsdp ‘sdepp
(sdep)uts,tedp=Tup ‘(sdep)soo,redp=Twp :dn3sia
fup tzweyo KysueTin( AueaoyryTpom oi1d exyes eTpod Toeanu ejtood

vououLvuo

((wp)gge3nu suT3noaqns
pua
uInlsx
yap=c8byap
yap+Tdeap=yapr (0P0O° 3T YIP)3T
(tdeap’ 1zP+£8bYIP+OPYETEBOLB6 "OSLET/
/{0PTYEYS 0TTPZ+IP»(0P998ZT8" PETOVIB+UIP) ) ) poup=y3p
3+ (Z-9V0TE° 6+329-97°9-)=4IP
TdaApsT2P+ (OPSE606LELZ00° T+(3x(TT-39006°S+3+ST-36*5-) ) 31qP) =TZP
Ip=3
+6zs9e/(s ppSIS-T2zP-(up)=a3p
(0PI / {up) poup=T2p
OP96LTLOESBTEBZ " 9=Td=ap T
-0=€85yap
(Cup)uby3p Lz3us
T o3ob
Tup=£86YyIp
(Cup)ggeanu TTed
(r)p’ Tup /nU/UcCmOD
(p)g+Teaz 3TOTTAUT

(Toeanu e3tood) ggeanu eanpasoad eujznu
seo Kupzaay Tupezls e3jrosed - wbyap L13us
fup yTzweyo oxd seo Aupzaay -musaab Laead e3rood

vooVvoLoL

(Cup) ggbyap uoT3ounjy uorstosad ayqnop
pus

uanialx

(2+2+K5K+%xXx) 32bsp=3003a

z*K*x s3jusuoduod
Y3TA I0309A 243 3Jo ybusy

Vv oo

2K’'X gaTesx

(z*£A'X) gs3Daa uoTIOUNI TESI

pua

uInlaz

(ZY-((*€/€n84N8) 4094 2ZND) x50 ) n004 [d=up
(ZYs(-2-2825°2) +{a957ds7ds00+A0,88,(39-"T) ) x £/2B-((-€/€ENBAT
(1-78)4085(*T-Z8x"€/°5))209+Z004 (" T=292°9/" L) )x5°0) +[d=TP
(Tdom3~‘ABy094+me-Aa) aTbue=2Yy

(gn)ursp=¢ns

{n)ursp=ns

(zn)ursp=zno

(((gn)80opa £ /" T+(Nn)800P) 403+ZN0) 2004 [dsTE4G* 0=TP
od/(d=(d

ZX4IP=IP

(29220026 0+(A047d+30/2U-"T)x26) s ¢ /(d=ap
(zn)soop=zn>

A+ZN=EN0

Afn=Z0

A4UWO4 " Z=N

(194°1) Joa=zd

od/(z)Ce.ops-1=Cd

"T-Z8+6°T=26

aoy09-"T=2Y4

saee=0d

T8aT8=ZS

((2)19)soop=00

((z)18)uTsp=T8

St 166T 9Z:1Z:LT 0 das uonW 3 godxtd



76

pua
uIn}ax
(/s°013‘,: wp  ,/S°0T3%
‘yt 8P  ,/S°0T3',: TP ./5°0T3‘,: Bp  ,/s°013’.,: dp .%
/.3 (Kfuo ¢() swmzaz -zadbuot ,)aemwxo3 zoT
00, T6d ' pozso8sThdy
‘pOI14084T£d ‘POIy0D,TZd ' POT005TTd (Z0T’99)93Tan
1dp/0P09E=PO
005 T5d+(T)wa=(1)we
os.Tpd+(T)99=(T)22
osx1ed+(T)TO=(1)T™
ooxTzd+(T)ba=(1)b>
00, 11d+(1)de=(1)d>
(ebswo)ursp=08
(ebawo) soop=0>
2/1dp/gese3028.L2xT3=Td
Tpdes/oxZrseI®/o-=1¢d
(Zrxe39s8-) nLaaTa=Tpd
(9/9-948/040) 4 [I4TI+DaTZd-=T1d
(9s8/0-)xL2aTA=T2d
ee,d/zla/gla=Cx
Zesvlage=d
(2+2~0p1) 3abs=e30
(1) B800P=>
(T1)utrsp=s
0Ps°0=T3
3TPUS
uinlsx
(,1 0 = oo@ ‘pepniour jou aie suwia’l °aadbuor ,)3ewxo3 10T
(tor’99)e3Tan
usyy (opo-be-2)3T

(tel’ua‘es)usuets= e
(1ef‘ua‘’sa)usmee= )
(tT(/ue’Ta)usmare= TII1

(1d( ‘ua ‘de) usmaa=ebauo
0PZ+(0PT~-‘0pP0) Zuere=Tdp
/OPLET"BLEY ‘9-PZES T~ '9-P9Z9-Z80T/?e’cL2/Z[x e3ep
ol /rel/taf T/ 160 1dC Tuy
‘a3es‘aulp’/(plua’(z)ea’(z)9a’(z)T1e’(g)ba’(g)ds /umps/ucumoo
(z-o’y-e) gsTeex 3ToTTdWT
/UNTS/UCUWOD UT SjUSWST?@ O3 ppe ale swiay Bur3iTnsar o
uaiaulp ayosods 103 swray °xodbuot 3o uorzeanduwod o
(ua)¢g[buol sut3inoaqus
pus
urniyel
(sdsp)utspsTedp=Tup
{ sdep)s0opsTedp=Tup
sdapp++
3002p/ (OP8YY " TBEVB+3IP (OPST8 9V =(3+(p=96"5-3+£-2€T18" 1) ) o1qp) )=8dsp
yPI/3n01p/Tedp =Tedp
vP1 /3a01p/sdepp=sdepp
(37e)utrss((u)d)3eorzp+Todp=18dp
(31e)s004 ((u)9)3eoryp+adepp=sdspp
0T/T=T €
(s-(oT’T)pom) 4 (L) TPI+ITE=3T"
s‘1=C ¢ op
(u)bae=T

971 1661 9Z:1Z:LT 0f dos TOH ¥-godxtd



Appendix 4

Programme PIXPO 4 for Calculation of Pixel Coordinates
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