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ABSTRACT: Controlling molecular binding at the level of single atoms is one of the holy grails of quantum chemistry. Rydberg
macrodimers�bound states between highly excited Rydberg atoms�provide a novel perspective in this direction. Resulting from
binding potentials formed by the strong, long-range interactions of Rydberg states, Rydberg macrodimers feature bond lengths in the
micrometer regime, exceeding those of conventional molecules by orders of magnitude. Using single-atom control in quantum gas
microscopes, the unique properties of these exotic states can be studied with unprecedented control, including the response to
magnetic fields or the polarization of light in their photoassociation. The high accuracy achieved in spectroscopic studies of
macrodimers makes them an ideal testbed to benchmark Rydberg interactions, with direct relevance to quantum computing and
information protocols where these are employed. This review provides a historic overview and summarizes the recent findings in the
field of Rydberg macrodimers. Furthermore, it presents new data on interactions between macrodimers, leading to a phenomenon
analogous to Rydberg blockade at the level of molecules, opening the path toward studying many-body systems of ultralong-range
Rydberg molecules.

1. INTRODUCTION
Strong interactions between Rydberg atoms enabled numerous
groundbreaking experiments in quantum sciences and
technologies. Rydberg macrodimers1−4 provide the most
precise platform to study these interactions and enable
observations of basic properties of molecules at an exceptional
level of control. Experimental studies of molecules are
challenging due to their small size and typically random
orientation within experimental samples.5−8 Furthermore, ab
initio calculations are difficult and require sophisticated
computational methods, even for diatomic molecules9−13 and
in particular, if they consist of many-electron atoms. Experi-
ments at ultracold temperatures enabled studies of molecules
at a new level of precision.14−18 The high level of control and
the low energy scales in cold atom systems also provided the

experimental ground for the observation of Rydberg macro-
dimers.2,3 The large bond lengths and the small binding
energies of macrodimers enable microscopic access to the
atoms forming the molecule and studying and shaping their
electronic structure.19 Because mainly two highly excited
electrons,20 separated well from the remaining atomic
constituents, are involved in the binding, their theoretical
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description inherits the simplicity of Rydberg atoms and their
vibrational and electronic structure can be calculated at high
precision. In reverse, resolving their vibrational structure with
high resolution reveals new details about Rydberg atoms and
their interactions, such as the presence of hyperfine
interactions in Rydberg pair potentials19 or nonadiabatic
motional transitions between different Born−Oppenheimer
potentials.4

1.1. Structure of the Review. The Review first introduces
Rydberg macrodimers and compares their properties with
other molecules. Afterward, their theoretical description is
discussed in more technical detail. The third section provides
an overview over their first experimental observations. In the
fourth section, nonadiabatic couplings between different
Born−Oppenheimer potentials are discussed. The fifth section
summarizes studies of the electronic structure of macrodimers
using quantum gas microscopy. This includes the dependence
of photoassociation rates and the response to external fields on
the molecular orientation as well as the presence of hyperfine
interactions. The last section focuses on applications of
macrodimers for quantum science and provides new
experimental data on Rydberg blockade between pairs of
macrodimers.

1.2. Classification. Rydberg macrodimers belong to the
class of purely long-range molecules (PLRM) which have been
first predicted in the 1970s.21 These are molecules where the
overlap of electronic orbitals vanishes over the full extension of
the binding potential.22 This differs from conventional deeply
bound molecules where electrons occupy hybridized orbitals
delocalized over the whole system.23 Even for other long-range
molecules such as weakly bound complexes of noble gases24−26

where chemical bonds do not form, Feshbach molecules27

close to the dissociation limit, or shelf states,28 orbital overlap
becomes relevant for the repulsive potential barrier at short
distances.29,30 PLRM typically form at avoided crossings

between different asymptotic pair states in the large-distance
limit.31 They have been first observed at lower principal
quantum numbers in the 1990s.32−35 As for macrodimers,
binding potentials can be calculated with high accuracy.32 This
enabled precision tests between theory and experiment and led
to the observation of retardation on the binding potentials.36

Macrodimers can be further classified as ultralong-range
Rydberg molecules (ULRM) .37 The class summarizes molecules
where the presence of Rydberg atoms leads to bond lengths
orders of magnitude larger than usually. In addition to
macrodimers, the class contains bound states between ground
state atoms and a single Rydberg atom, which were predicted
in 200038 and observed later.39 Here, scattering between
ground state atoms and the Rydberg electron leads to binding
at the length scale of the Rydberg wave function.40,41 The field
of ULRM has recently been extended by bound states between
a Rydberg atom and an ion.42−45

1.3. Properties of Macrodimers. The micrometer-sized
bond lengths of macrodimers, as large as small bacteria or the
wavelength of visible light, are the largest among all types of
electrically neutral diatomic molecules. Compared to most
other molecules, the absence of overlapping electron orbitals
significantly simplifies calculations of the pair potentials ab
initio from atomic properties.4,19 Besides the absence of explicit
electron correlations, macrodimers have key signatures of
molecules, such as vibrational and rotational degrees of
freedom or conserved quantities of the electronic state related
to the symmetries of their point group.23

Their large size originates from the large dipole moment of
Rydberg atoms, which can easily reach the kilodebye regime, as
well as the small energy separation between neighboring
Rydberg states.46 Furthermore, the large polarizability of
Rydberg states provides large tunability using external fields.
The depth of the binding potentials is typically a few hundred
megahertz, while the vibrational splittings are on the order of a

Figure 1. Overview over Rydberg macrodimers. (a) Macrodimers are electrostatically bound highly excited Rydberg atom pairs. The binding is
mediated by the exceptionally large dipole moments of Rydberg atoms and occurs at interatomic distances R = |R| where the orbitals of both
Rydberg electrons (blue), located at distances r1 and r2 from both ionic cores (red dots), do not overlap. Their micrometer-large bond length makes
them the largest existing electrically neutral diatomic molecules. (b) Binding potentials typically form because of avoided crossings between
Rydberg pair potentials. In the shown example for 87Rb pairs excited to Rydberg P-states, the two crossing potentials | and | are coupled by the
dipole−dipole interaction Hamiltonian H R( )int . The blue (red) color indicates the R-dependent admixture of the pair state | ( )| of the
potential. In the asymptotic limit of large distances, the interactions are typically of van der Waals type. Due to the symmetry of the interaction
Hamiltonian, the pair potentials decouple into different branches g u/| |± which are labeled by their angular momentum projection Ω on the
interatomic axis as well as their reflection (superindex) and inversion symmetry (subindex). Adapted with permission from ref 4. Copyright 2019
AAAS.
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few megahertz.47 Close to the potential minimum, the binding
potentials can be usually well approximated by a harmonic
oscillator potential. The total number of vibrational modes is
similar to conventional deeply bound molecules close to the
electronic ground state. The lifetime of macrodimers is
fundamentally limited by the radiative decay of the constituent
Rydberg atoms. Because the time scale of a molecular rotation
typically exceeds the lifetime, macrodimers keep their spatial
orientation until they decay.
The symmetries of macrodimers are the same as for any

diatomic molecule.48 For homonuclear macrodimer states in
the absence of external fields, the relevant point group is D∞h.
Macrodimers are best described by Hund’s case (c), where the
molecular states are labeled by |Ωg/u

± |.20,49−51 The total
electronic angular momentum projection Ω = Λ + Σ on the
interatomic axis R is conserved because of the symmetry of the
two-atom system. The superscript (subscript) specifies the
reflection (inversion) symmetry of the molecular state. In
contrast to many deeply bound molecules, falling in other
Hund’s cases where the binding depends critically on the
orbital angular momentum projection Λ, the total spin
projection Σ and also Λ are not conserved. Furthermore, the
rotational energies of macrodimers are negligibly small, and the
rotational angular momentum remains uncoupled from the
other contributing angular momenta.

2. THEORETICAL DESCRIPTION
Macrodimers were theoretically predicted in 2002 .1 Their
binding potentials are calculated at interatomic distances R ≫
RLR larger than the so-called Le Roy radius RLR of the atom
pair where the spatial overlap of both electron orbitals
vanishes.52 The binding occurs at distances about ten times
larger than the extension of the Rydberg orbits. The absence of
electron exchange greatly simplifies the calculations. When two
Rydberg atoms approach each other, the Hamiltonian
consisting of the two individual atoms gets perturbed by
their interaction. The interaction Hamiltonian between the
two Rydberg atoms

R
R r r R R r

R r

H e
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1 1 1
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contains four Coulomb interaction terms;20 see Figure 1.
These represent the attraction between the first (second)
Rydberg electron and the positively charged second (first)
ionic core and the repulsion between both Rydberg electrons
and both ionic cores. At large distances where orbitals do not
overlap, RH ( )int can be efficiently expressed in a multipole
expansion20,53−56
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The different multipole terms H r r1 21 2
1 2 depend on the

radial coordinate r1/2 as well as spherical harmonics accounting
for the angular coordinates of the two individual Rydberg
atoms. Because Rydberg wave functions |ri⟩ can be calculated
with high accuracy using quantum defect theory, also the
matrix elements of the multipole expansion terms can be

evaluated with high precision. Truncating the sum in eq 2 after
accounting for sufficiently many terms and diagonalizing the
Hamiltonian for varying distances R provides the relevant
Born−Oppenheimer potentials V(R). For alkali atoms, precise
calculations can be performed using available open-source
software.20,51

At large distances, the potentials are typically described by
van der Waals potentials V(R) = C6/R6.

55 In this regime,
interactions arise from the lowest-order multipole term

RH R( )int
(3) 3 of eq 2 in second-order perturbation theory.

Because van der Waals coefficients of Rydberg atoms are
extraordinarily large and the energy spacing between
neighboring Rydberg states is small, different van der Waals
potentials eventually cross at shorter distances. In the presence
of a finite coupling between the crossing potentials, the upper
part of the avoided crossing realizes a binding potential if the
gap is dominating over the vibrational energy scale. The
electronic structure of macrodimers can be expressed by
decomposing the electronic wave function corresponding the
binding potential into noninteracting Rydberg pair states |rirj⟩
via19

R c R rr( ) ( )
ij

ij i jel| = |
(3)

The vibrational energies are obtained by calculating the
motional eigenenergies within the binding potential. Macro-
dimer states can be expressed as

R R( ) ( )Mol el| = | (4)

with Φν(R) the vibrational states.
4 As discussed later, the

vibrational energies as well as the electronic structure can be
experimentally probed.
In the presence of electric or magnetic fields, the coupling

terms to the field are added to eq 2 before diagonalization. For
field components perpendicular to R, where the rotational
symmetry is broken and Ω not conserved, the number of
required basis states is significantly larger.
Previous studies and also this review covers homonuclear

macrodimers of alkali atoms. Recently, there is increasing
interest in Rydberg states of atoms with more than one
electron in the outer orbital, such as Sr,57,58 Yb,59,60 or Er.61

Here, Rydberg transitions depend on the coupled spin state
between the Rydberg-excited electron and the electrons in
lower orbitals. One finds different Rydberg series for the
different multiplets, whose finite coupling can be described by
multichannel quantum defect theory. This leads to a higher
density of pair potentials with richer substructure, in particular
in the presence of hyperfine interactions such as for 87Sr62 or
external fields where this coupling becomes larger.63 For these
cases, vibrationally resolved studies of macrodimers will be
helpful to test recently developed theoretical frameworks.62,64

2.1. Scaling Laws. Many properties of Rydberg atoms can
be calculated using their characteristic dependence on the
effective principal quantum number n* = n − δ(n, L, J).46
Here, n is the principal quantum number of the Rydberg state,
L (J) the orbital (total electronic) angular momentum.
Furthermore, δ(n, L, J) are the mainly L-dependent quantum
defects which are obtained from Rydberg spectroscopy.46,51

Similar approximate scaling laws exist for macrodimers.47,65

Precise calculations of macrodimers again require detailed
knowledge of δ(n, L, J) because they determine the properties
of the contributing Rydberg levels. The binding energies of
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macrodimers and their vibrational frequencies typically scale as
U n( )b

3* . For increasing n, the bond length R n( )b
8/3*

increases faster than the separation of the Rydberg electron
from the ionic core which scales as n( )2* . Assuming a rigid
rotor, the rotational energy is given by E hB ( 1)r r= + , with
the rotational quantum number. Because of the large bond
lengths, the rotational constant B R/(4 )r b

2= is typically
below a kilohertz,19 lower than the expected decay rate.
Because macrodimers are bound at a distance where electrons
do not overlap, autoionization rates are small. In many cases,
their lifetime is limited by the lifetime of the contributing
Rydberg states,1,66 typically a few tens of microseconds. In
addition to a radiative decay n( )dec

3* to the ground state,
Rydberg atoms can also be transferred to other nearby
Rydberg states by absorbing thermal photons. These black-
body transition rates decrease as n( )bb

2* .
In the presence of nonadiabatic motional couplings between

different Born−Oppenheimer potentials, the macrodimer
lifetime can be shorter, see also section 4.2. In particular for
couplings to attractive potentials, the Rydberg pairs might
eventually reach distances below the Le Roy radius where
autoionization occurs.67−70

3. FIRST OBSERVATIONS
Because of their small binding energies and short lifetimes,
macrodimers can only be studied in isolated environments
such as in cold atomic samples prepared in vacuum chambers
and manipulated using laser beams. A first step toward the
observation of macrodimers is to measure the presence of
interactions between Rydberg atoms. Rydberg interactions
were first observed in the late 1980s as a broadening
mechanism in Rydberg spectroscopy.71−76 A second step is
to probe the interactions in the nonperturbative regime at
shorter distances, larger interaction shifts, and interaction-
induced mixing of the electronic structure. In 2003, researchers
observed spectroscopic signatures several gigahertz detuned
from the single-photon UV transition from the ground state |g⟩
= |5S1/2⟩ to Rydberg states |nP3/2⟩ for 85Rb atoms trapped in a
magneto-optical trap (MOT).49,50,77 The frequency agreed
with the energy of asymptotic pair states |(n − 1)D, nS⟩ which
were inaccessible by the UV laser due to dipolar selection rules.
However, dipole−dipole interactions admixed accessible
Rydberg pair states at the avoided crossing point with a
second van der Waals potential asymptotically connected to |
nP3/2, nP3/2⟩.78 This observation agrees with more recent
studies3 where excitation rates into pair potentials at avoided
crossings are generally enhanced. Here, because the pair
potentials reach a local extremum, the motional-state overlap
between the initial state and the excited Rydberg pairs is larger.
Similar studies at higher spectral resolution in 133Cs also
observed avoided crossings originating from weaker dipole−
quadrupole interactions.79 While these experiments demon-
strated the presence of Rydberg interactions, they did not
prove the presence of molecular-bound states.

3.1. Kinetic Energy of Ionized Rydberg Atoms. The
first observation of macrodimers was reported in 20092 for
133Cs by studying two-photon resonances between excited
pa i r s |6P 3 / 2 , 6P 3 / 2 ⟩ and Rydbe rg pa i r s t a t e s

n n( 1)D , ( 1)D )J J| + in a MOT;66 see Figure 2. The
atoms were excited into the short-lived states |6P3/2⟩ by the

MOT light. The Rydberg pair states were energetically isolated
and well separated from other single-atom Rydberg states. Pair
potential calculations close to the asymptotic pair-state
energies showed the presence of stable binding potentials.
The applied electric field strength49,54,80 and the principal
quantum number n ≈ 65 were chosen such that the potentials
were accessible from the initial distance distribution. After
excitation, the Rydberg atoms were ionized using pulsed-field
ionization (PFI). The kinetic energy Eionk of the detected ions
carries information about their distance before ionization due
to their electrostatic repulsion. At the pair-state resonance, Eionk
was independent of the waiting time tw between the excitation
and ionization, showing the absence of forces that affect the
interatomic distance. The data instead indicated the presence
of a force that stabilizes the interatomic distance�such as for a
binding potential. In contrast, tuning the laser to a dissociating
pair state, Eionk decreased with tw.

2,81 The temporal spread of
the ion signal from where Eionk was extracted also showed first
indications of an alignment of the excited Rydberg pairs.

3.2. Identification of Binding Potentials. The second
observation was reported in 2016, also for 133Cs.3 This time,
pair states energetically close to the asymptotic state |nP3/2, (n
+ 1)S1/2⟩ with n ≈ 45 were excited in a sequential process; see
Figure 3. A first “seed” pulse excited atoms in an optical dipole
trap from the ground state |6S1/2⟩ into |(n + 1)S1/2⟩ on a two-
photon transition. A second pulse drove the single-photon UV
transition |6S1/2⟩ → |nP3/2⟩ at a detuning Δ/(2π) = U that

Figure 2. Observation via time-dependent distance distribution. (a)
Ground state atom pairs were laser-excited into Rydberg pair states |
(n − 1)DJ, (n + 1)DJ⟩ and detected as ions after ionization. (b) For
pair states where calculations indicated the presence of macrodimer
potentials, the kinetic energy of the ions was independent of the
waiting time between Rydberg excitation and ionization (red)�as
expected for bound objects. In the absence of a binding potential, the
energy of the ions decreases because the interactions of the Rydberg
pairs before ionization increases the distance of the created ions
(black). Figure adapted with permission from ref 2. Copyright 2009
Springer Nature.
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compensates for the energy shift U between the asymptotic
state and the binding potential. The presence of a seed atom at
the right distance then “facilitated” the excitation of the
macrodimer state. The presence of Rydberg atoms was again
verified by detecting the ions after ionization.
Macrodimers were distinguished from single-atom Rydberg

excitations because they were found to spontaneously ionize,
without applying PFI. The underlying process might have been
autoionization,69,70 possibly triggered by nonadiabatic tran-
sitions from the macrodimer state to attractive pair
potentials,67,68 or by the presence of other nearby Rydberg
atoms.84−86 The detunings Δ at which spontaneous ionization
was observed agreed with the calculated energies U of the
minima and maxima of the pair potentials.55 Further studies
discussed different PA schemes and compared signatures
between interacting Rydberg pair states and Rydberg−ground-
state molecules which were observed under similar con-
ditions.82−84,87

3.3. Vibrationally Resolved Spectroscopy. A detailed
spectroscopic study of the quantized vibrational states in 2019
for 87Rb provided compelling evidence of vibrationally bound
macrodimer modes.4 Similar to some of the first studies,2,77,83

macrodimers were excited in a two-photon transition
gg Mol| | in the pair-state basis using UV light; see
Figure 4. The macrodimer states excited by a single-frequency
narrow-linewidth UV laser become two-photon resonant at
detunings Δν/(2π) = Uν/2, half as large as the interaction
energy Uν of the macrodimer states relative to the asymptotic
state. The initially prepared ground state atoms were arranged
in a two-dimensional optical square array where each site was
typically occupied by one atom. The diagonal distance in the

array approximately coincided with the minimum of the
binding potential. The enhanced motional-state overlap fν
increased the macrodimer signal while reducing signatures
related to Rydberg interactions at other distances. Such a study
was possible because the large macrodimer bond length Rν was
comparable to the wavelength of the laser light used to create
the array. Contrary to the ion signal used in previous
experiments, excited Rydberg states were detected in a
quantum gas microscope with single-atom sensitivity and
microscopic resolution.88,89 Excited macrodimers were ob-
served as atom loss because they are repelled by the light field
creating the array and because of the kinetic energy released in
their decay.90

The vibrational spectra were observed in the spectroscopic
region between the two single-photon resonances from the
ground state |g⟩ = |F = 2, mF = 0⟩ into the two fine-structure
states |35P1/2⟩ and |35P3/2⟩. One of the observed spectra is
shown in Figure 5. The excitation rates were strongest for the
lowest vibrational mode ν = 0 and decreased for higher even ν.
Coupling rates into odd vibrational states were typically weaker
and slightly increase with ν. This is expected from the Franck−
Condon factor fν. For ground state atoms occupying motional
ground states Φg(Ri) of sites i of the array, it can be estimated
via

f R R R( ) ( ) d
R

g
rel

*
(5)

with Φrel
g (R) the relative wave function of two atoms after

separating the center of mass motion. The large bond length Rν
and the small width of the vibrational mode justifies a one-
dimensional treatment.

3.4. Precision Test of Rydberg Interactions. Vibrational
spectroscopy of macrodimer modes is the so far most precise
experimental test of Rydberg interactions because it provides
sharp spectroscopic signatures and probes the nonperturbative

Figure 3. Spectroscopic identification of individual binding potentials.
(a, b) Calculations predict binding potentials close to the pair-state
energy of the asymptotic state |44S1/2, 43P3/2⟩. (c) At the
corresponding laser detunings, the excited macrodimers were detected
by their spontaneous ionization rate. Macrodimers were identified by
the unambiguous assignment of the spectroscopic signals to
theoretically predicted binding potentials. The same group also
found binding potentials at different principal quantum numbers
n.82,83 Figure adapted with permission from ref 3. Copyright 2016
American Physical Society.

Figure 4. Two-photon photoassociation (PA) with enhanced
motional overlap. (a) For the rest of the article, ground state atom
pairs are photoassociated in a two-photon process from |gg⟩ via
intermediate states |ge⟩ and |eg⟩ detuned by a laser detuning Δinto the
doubly excited macrodimer states. (b) The atoms (black) are
arranged in a two-dimensional square array with lattice constant alat
= 532 nm. This enhances the PA rates of macrodimers whose bond
length is close to the lattice diagonal direction (orange). The atoms
are prepared in the motional ground state Φg(Ri) of the traps of the
array. (c) The initial relative wave function Φrel

g (R) is typically
significantly broader than the narrow vibrational mode of the
macrodimers Φν(R). Figure adapted with permission from ref 4.
Copyright 2019 AAAS.
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regime at short distances. In the presented studies, the
spectroscopic resolution was limited to a few hundred
kilohertz.90 For alkali atoms, where quantum defects are
well-known and calculations less challenging, the vibrational
energies can be calculated at a similarly high precision;20,51 see
also section 2. This requires expanding eq 2 in several
thousands of basis states while also exploiting the symmetry of
the molecular state. Furthermore, higher orders in the
multipole expansion must be included. Approaching the
experimental precision in the calculations required to consider
at least terms up to octupole−octupole interactions and other
terms scaling as RH R( )int

(6) 6. The high spectroscopic
precision will be further illustrated in the next section where
small perturbations in the potentials are discussed.

4. NONADIABATIC MOTIONAL COUPLINGS
The Born−Oppenheimer approximation is one of the
cornerstones of molecular physics. However, nonadiabatic
transitions between different Born−Oppenheimer potentials,
where the approximation breaks down, also play an important
role in nature. Such nonradiative decay channels between
different potential surfaces were observed in photochemis-
try91,92 and possibly contribute to photobiological processes
such as photosynthesis.93,94 They also occur in macrodimers,95

where they can be studied with a high level of control.
4.1. Higher-Order Multipole Terms. This is illustrated

by performing additional precision scans of the lower
vibrational modes of the potential discussed in Figure 5; see
Figure 6. Instead of the initially expected regular harmonic
oscillator spectrum, one finds a set of broadened resonances at
irregular spacings and further unresolved substructure.4 A
closer look into the calculated pair potential reveals an
additional 0g+ binding potential asymptotically connected to the
noninteracting pair state |32D3/2, 37P3/2⟩ which crosses the
pair potential in the relevant frequency region. The crossing
induces an additional gap that is energetically comparable to
the vibrational energy splitting in the binding potential.
As a consequence, the interatomic motion cannot be

restricted to a single Born−Oppenheimer potential. However,

the vibronic eigenstates can still be expanded in a Born−
Oppenheimer expansion96,97

R R( ) ( ) .
j

j
j

Mol el| = |
(6)

They are now a superposition of different electronic wave
functions R( )j

el| with spatially dependent amplitudes R( )j .
In the limit of a single potential where the Born−Oppenheimer

Figure 5. Vibrationally resolved macrodimer spectroscopy in an atomic array. (a) At negative detunings, the single-photon 35P1/2 Rydberg
resonance is interaction broadened due to the presence of attractive van der Waals potentials. At positive detunings Δ/(2π) > 180 MHz, one
observes a series of narrow 0g+ macrodimer resonances excited in a two-photon process from ground-state atom pairs. For Δ/(2π) > 370 MHz,
another binding potential becomes two-photon resonant. (b) The observed individual lines correspond to spectroscopically resolved vibrational
modes ν. The observations agree with the calculated line positions for even (solid) and odd (dashed) modes ν. (c) The observed resonance profile
of the lowest vibrational mode has a full width at half-maximum of 139 ± 5 kHz. Figure reprinted with permission from ref 4. Copyright 2019
AAAS.

Figure 6. Breakdown of the Born−Oppenheimer approximation. (a)
Further spectroscopy scans at different magnetic fields of the
vibrational series presented in Figure 5 at low vibrational quantum
numbers reveals a deviation from the coarse structure as well as an
additional unresolved substructure. For a negligible field amplitude B
= 0.43G, most of the observed lines are theoretically predicted
(orange lines). For B = 28.6G where calculations were too
challenging, the calculated eigenenergies without accounting for the
additional gap are shown. (b) These observations originate from the
coupling between two sets of vibrational modes hosted by two
crossing pair potentials. Figure adapted with permission from ref 4.
Copyright 2019 AAAS.
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approximation holds, R( )j are the motional states hosted by
this potential.
Because of the large density of Rydberg pair states, such

crossings between pair potentials occur frequently. The
coupling between crossing pair potentials depends on the
involved multipole term in eq 2 and can generally also depend
on external fields and their orientation relative to the

interatomic axis. Dipole−dipole interactions RH ( )int
(3)

typically
induce large gaps where the motion follows the avoided
crossings at the gap adiabatically. In the case discussed here,
the coupling is induced by the dipole−quadrupole interaction
term RH ( )int

(4)
. For smaller gaps induced by even high-order

multipole terms, the vibrating molecule typically does not
recognize the gap and follows the crossing diabatically.
For small magnetic fields, the observed line structure can be

calculated by accounting for the nonadiabatic motional
couplings. To first-order, both 0g+ potentials and the gap are
insensitive to B. At higher fields, the vibrational energies
experience a small second-order shift. This affects the vibronic
structure in the combined potential because it depends on the
exact location of the crossing relative to the potential
minimum.

4.2. Magnetic Field Induced Predissociation. Exper-
imental signatures related to a breakdown of the Born−
Oppenheimer approximation depend on the binding or
nonbinding character of the potentials involved. So-called
predissociation emerges when bound vibrational modes are
coupled to a continuum of unbound states that reduce their
lifetime below the radiative lifetime of both contributing
Rydberg states.98

This paragraph discusses macrodimer predissociation
controlled by magnetic fields.19 A vibrational spectrum of 0u−
macrodimers in the vicinity of a crossing repulsive 1u potential
is shown in Figure 7. In the absence of external field
components perpendicular to the interatomic axis R, both
potentials are uncoupled because the angular momentum
projection Ω is conserved. However, if a field breaks the
cylindrical symmetry of the molecule, a coupling becomes
possible. In contrast to the discussion of Figure 6, the gap now
strongly depends on the field amplitude. The coupling to the
motional continuum and the reduced lifetime of the macro-
dimer states leads to a broadening of some of the vibrational
levels. Similar effects have been observed for more deeply
bound molecules.99−101 At very high magnetic fields, the
broadening disappears. Now, the vibrational motion follows
the avoided crossing adiabatically.

5. ELECTRONIC STRUCTURE TOMOGRAPHY
The vibrational spectra not only contain information about the
binding energies but also about the electronic quantum
numbers |Ω|g/u±. Dependent on the angular momentum
projection of the hyperfine ground state, some molecular
potentials can be coupled while others remain uncoupled.4,19

An even more detailed study of the electronic structure
becomes possible using the spatial arrangement introduced in
Figure 4. The relative orientation of all atom pairs is well-
defined. The wave function of the relative orientation can be
expanded into spherical harmonics c mm mor| = | , with
coefficients c m that depend on the individual traps in the array.
As discussed in section 2.1, the rotational states are effectively
degenerate. Because the couplings to rotational states from the

ground state are proportional to the amplitudes c m, the excited
macrodimers will be in a superposition of rotational states that
preserves the orientation. The interatomic axis which serves as
a quantization axis for the electronic structure is therefore
aligned in the laboratory frame.
Furthermore, because of their large distance, the photo-

associated atoms can be microscopically resolved.4,19 This has
been realized using the site-resolved fluorescence imaging of
the quantum gas microscope mentioned in section 3.3. An
exemplary image and the reconstructed atom occupations are
shown in Figure 8a. The microscopically resolved excitation
rates can be quantified by evaluating correlations

G h h h h

h h h h

( )

( ( )( ) )

R R R R R R R R

R R R R R R R

(2) = + +

+ + (7)

between empty sites at distance δR in the reconstructed
images. Here, ( )R• denotes averaging over all sites R′ of the
array and ⟨•⟩ averaging over experimental realizations. The
projector hR provides 1 (0) for an empty (occupied) site at
position R′.

5.1. Identifying Molecular Symmetries. This combina-
tion of molecular alignment and microscopic access enables PA
studies, where the molecular orientation relative to external
fields, the light polarization, and the initial atomic state are
fully controlled. This paragraph discusses the dependence of
PA on the angle β between an applied field B and the
interatomic axis R. If the initially unbound atoms have a well-
defined angular momentum projection relative to B, the
Clebsch−Gordan coefficients contributing to the optical
coupling provide characteristic dependencies for different

Figure 7. Potential engineering and controlled predissociation. (a) At
zero field, the observed spectrum agrees with the calculated
vibrational energies in the 0u− potential (gray lines). (b) A finite
magnetic field B pointing out of the atomic plane is perpendicular to
the interatomic axis of all atom pairs. This orthogonal configuration
induces a coupling between the bound vibrational modes in the 0u−
potential (dark gray) and the continuum modes hosted by a crossing
repulsive 1u potential (light gray) that is proportional to B. The
combined potential can be calculated using degenerate perturbation
theory (orange). (c) For B = 4.5 G, the coupling to the 1u potential
broadens some of the vibrational lines. For even stronger B = 12 G,
the broadening vanishes. Now, the observed larger vibrational spacing
(orange) indicates an adiabatic motion in the combined potential
where both pair potentials 0u− and 1u are mixed. Figure reprinted with
permission from ref 19. Copyright 2021 American Physical Society.
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molecular states g u/| |± . This was studied at a 0u− potential
observed blue-detuned from the UV transition |g⟩ → |36P1/2⟩
in 87Rb.19 The laser was resonant with the lowest vibrational
mode. After photoassociating a few molecules from the atoms
prepared in the hyperfine ground state |F = 2, mF = −2⟩, the
remaining atoms in the array were imaged. Two exemplary
correlations for two orthogonal orientations of the magnetic
field B are shown in Figure 8b. In both cases, the molecular
signal reveals an alignment perpendicular to B. A more
rigorous measurement of the PA rate for a varying angle β
shows different functional dependencies for initial states |F,
mF⟩. The characteristic curves follow the theoretical expect-
ations for 0u− potentials−assuming the excitation of 87Rb pairs
using the scheme introduced in Figure 4a. For other potentials
Ωg/u

± , other characteristic curves are expected.
The observations presented in Figure 8 also indicate sligthly

stronger excitation rates for light polarizations ε⊥R compared
to ε∥R. This is in agreement with the calculated two-photon
excitation rates accounting for the contributing pair states in eq
3 for this specific 0u− potential.

5.2. Response to Magnetic Fields. Microscopic
detection via correlation measurements furthermore enables
studying macrodimers by their response to external fields. For
atoms, different angular momentum projections typically split
in the presence of an external field, which then acts as an
external quantization axis. For molecules, however, the
interatomic binding provides an internal quantization axis.
The response of the electronic wave function to external fields
now depends on its orientation relative to the field. This has
been studied for a 1u molecular potential which was again
located blue-detuned from the |g⟩ → |36P1/2⟩ resonance.19 In
contrast to molecular potentials with Ω = 0, one finds two pair
potentials Ω = ±1 that are degenerate at zero field, see Figure
9 (a). Applying a magnetic field along one diagonal direction of
the array shows a splitting of the vibrational resonances into
three lines, see Figure 9b. The recorded correlation signals
reveal that molecules excited at the two outer resonances are
oriented parallel to B while molecules at the central unshifted
line are oriented perpendicular. This agrees with a calculation

Figure 8. Photoassociation in the molecular frame of reference. (a) An exemplary image of the two-dimensional atomic array after a
photoassociation (PA) pulse. PA can be microscopically resolved by observing correlated atom loss at the lattice diagonal distance, close to the
macrodimer bond length. Figure reprinted with permission from ref 4. Copyright 2019 AAAS. (b) Two correlation signals GδR

(2) recorded after
exciting ground state atom pairs |F = 2, mF = −2⟩ into the lowest vibrational mode of a binding potential observed blue detuned from the 36P1/2
resonance for two magnetic field orientations. As expected, GδR

(2) peaks at the distances (1, ±1)alat. Furthermore, PA rates of molecules oriented
parallel to an applied magnetic field B vanish. (c) The dependence of G1,−1

(2) with R⊥ε and G1,+1
(2) with R∥ε for initial states |2, −2⟩ (red), |2, −1⟩

(orange), and |2, 0⟩ (blue) on the angle β between B and R is characteristic for 0u− potentials. The solid lines represent the theoretical expectation,
the overall signal strength was left as a fit parameter. Parts b and c reprinted with permission from ref 19. Copyright 2021 American Physical
Society.

Figure 9. Macrodimer Zeeman and hyperfine interaction. (a) At zero
field, the vibrational spectrum of the 1u binding potential agrees with
the calculation (gray lines). (b) High-resolution spectroscopy of the
lowest vibrational line for a magnetic field B = 1.0 G along one of the
diagonal directions reveals a splitting into three lines. The recorded
correlation signals reveal an molecular alignment R∥B at the outer
resonances and R⊥B at the central resonance. Scans for different
initial states |F = 2, mF = 0⟩ (blue), |2, −1⟩ (orange) and |2, −2⟩ (red)
and light polarizations ε∥B and ε⊥B show a small but significant
deviation from the calculated splitting accounting only for the
electronic macrodimer structure (vertical gray lines). After including
also the hyperfine interactions of the pair potentials, the observations
can be explained (colored bars). The bar height indicates the
calculated relative strength of the lines. Figure reprinted with
permission from ref 19. Copyright 2021 American Physical Society.
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in first-order perturbation theory which predicts an energy shift
between Ω = ±1 proportional to the field component parallel
to R.
This observation again relies on the alignment of the ground

state atoms and the excited macrodimers, provided by the
lattice: For randomly oriented macrodimers, one would
observe a broadening instead of a line-splitting. Both cases
differ from the Zeeman splitting of conventional molecules
occupying a low and well-defined rotational state. Here, one
again observes a set of quantized Zeeman lines because of the
limited amount of projections of the contributing coupled
angular momenta on the magnetic field axis.102−105

Measuring the line splittings for R∥B from the nonshifted
central reference line with R⊥B also enables a more
quantitative analysis. The calculated splitting obtained in
first-order perturbation theory using the electronic wave
function eq 3 provides reasonable agreement with the
experiments. The remaining deviation depends on the initial
hyperfine state |F = 2, mF⟩ as well as the light polarization,
which is a striking indication of hyperfine interactions in the
Rydberg manifold. Extending the calculation by the hyperfine
interaction of the Rydberg pair states contributing to the
macrodimer state explained the observations, showing once
more the relevance of macrodimer spectroscopy for bench-
marking Rydberg pair potentials. As expected, studies at lower
principal quantum numbers n revealed an even stronger
contribution of the hyperfine interaction.19,90

The line strengths of the outer resonances with R∥B can be
explained by the Clebsch−Gordan coefficients contributing to
the PA, which are larger for a light polarization perpendicular
to the interatomic axis ε⊥R compared to ε∥R. The coupling of
angular momentum states also correctly predicts the
asymmetry between both outer lines for ground states mF ≠ 0.

5.3. Spatially Varying Electronic Structure. As for any
molecule, the electronic structure of macrodimers depends on
the interatomic distance R because the admixtures cij(R) of
noninteracting pair states in eq 3 mediated by the interaction
Hamiltonian depend on R. Within the Born−Oppenheimer
framework, this means that the electronic wave function
depends parametrically on R.96 For the potential introduced in
Figure 1, the electronic wave function is periodically
transferred from | to | during the vibrational motion.
Because the previous discussion focused on the lowest and

spatially narrow vibrational levels ν = 0 of different binding
potentials, this effect has been neglected so far. More generally,
the distance-dependent electronic state decomposition has
implications for the photoassication process. Comparing the
correlation signals GδR

(2) at different vibrational modes ν of the
spectrum presented in Figure 5 provides an illustrative
example, see Figure 10. The polarization ε of the excitation
light was pointing along one lattice diagonal direction of the
array. The signal shows that the alignment of the excited
molecules was predominantly R∥ε at even modes ν, while it
was mainly R⊥ε at odd ν. Because the electronic
decomposition barely changes for different modes Φν(R),
this dependence on the vibrational state contradicts the picture
of a single Franck−Condon integral contributing as an overall
prefactor to the electronic coupling.
Instead, the coupling rate f f= + from the

ground state is a sum of two mixed contributions. The
electronic coupling terms and mediated by the light
field are weighted by independent spatial integrals

f R c R R dR( ) ( ) ( )
R

g
rel= * and f . At the sharp avoided

crossing, the coefficients c R( ) and c R( ) of the electronic
wave function R c R c R( ) ( ) ( )el| = | + | rapidly change
from the left to the right side of the potential, as indicated by
the colorcode of the 0g+ potential in Figure 1. Here, for a broad
motional ground state Φrel

g (R), the relative sign of f and f
equals the parity of the vibrational mode ν. Achieving
constructive interference between both terms contributing to
the coupling furthermore depends on the relative sign of
and , which turns out to be identical (opposite) for R∥ε
(R⊥ε). Rotating the polarization out of the plane, the system
becomes symmetric in the plane. Now, both molecular
orientations were excited at identical rates. For the measure-
ments described in this paragraph, the magnetic field was
pointing out of the plane and was irrelevant for the experiment.
The additional avoided crossing in the same binding potential
discussed in Figure 6 and the related nonadiabatic motional
couplings also had no relevant effect.

6. A RESOURCE FOR QUANTUM SCIENCE
During the past decade, Rydberg interactions triggered a
variety of applications in quantum science. These include the
realization of long-range interacting many-body Hamilto-
nians,106−110 quantum gates for quantum computation,111−115

as well as strong photon−photon interactions.116−119 Because
macrodimers consist of Rydberg atoms, similar phenomena are
expected to be present for macrodimers.
One example is Rydberg dressing where long-range

interactions between ground state atoms are realized by off-
resonantly coupling to Rydberg states using laser light.120−124

Similar schemes have recently been realized by off-resonantly
coupling to macrodimer binding potentials,125,126 see Figure
11. The admixed interactions inherit the orientation dependent
coupling rates discussed in section 5. Compared to the
excitation scheme presented in Figure 4, a new scheme using a
phase-modulated UV laser provided smaller and tunable
intermediate state detunings. In contrast to conventional
dressing schemes where interactions are present over a large
distance regime, the interactions are now only present within a

Figure 10. Molecular alignment via vibrational states. (a) The
correlation signal at the different vibratonal resonances discussed in
Figure 5 shows stronger PA rates for R∥ε (R⊥ε) for even (odd) ν.
This can be explained by accounting for the parametric R-dependence
of the electronic structure. The orientation of the excited molecules
can also be seen in the individual images. (b) Rotating the light
polarization ε out of the atomic plane, the excitation rate becomes
symmetric along both directions. Figure reprinted with permission
from ref 4. Copyright 2019 AAAS.
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narrow distance window where the Franck−Condon overlaps
with the vibrational macrodimer modes are non-negligible.
This dependence on the motional state overlap also requires
controlling the motional state of the ground state. In future
studies in optical tweezer arrays114 where evaporative cooling

techniques cannot be applied, this can be achieved by using
Raman sideband cooling.124

Another example is Rydberg blockade,127,128 where multiple
Rydberg excitations within a volume where interaction shifts
are larger than the optical coupling rate from the ground state
are suppressed. This has been tested using similar experimental
conditions as in Figure 11 where coupling rates reach a
maximum for orientations R∥ = (1, −1) alat. Now, however, the
laser was two-photon resonant to the lowest vibrational mode
ν = 0 where δ0 = 0. At the chosen parameters, macrodimers
were excited faster than the motional time scale on which they
leave their position or their expected lifetime τmol ≈ 20 μs.4 We
therefore recorded 21 095 images after illuminating the initial
atomic array for tuv = 2 μs. During this time we excited roughly
1.5 macrodimers in a region of interest of 11 × 11 sites. The
macrodimer−macrodimer blockade signal can be observed by
evaluating the connected four-hole correlation function

g
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with conventions being identical as in eq 7. Besides the
normalization by the overall hole densities, gδR

(4) is the natural
extension of eq 7 from two to four holes. In order to probe the
correlations between macrodimer pairs, two of the three
distances between the four holes were fixed to R∥ and only δR
was varied. The observed gδR

(4) signal presented in Figure 12
shows a suppression of simultaneously excited macrodimers at
distances below a blockade radius rb ≈ 3.5alat. This is
comparable to the conventional Rydberg blockade at similar
principal quantum numbers. A quantitative prediction will
require to account for three- and four-atom Rydberg
interactions affecting both macrodimers. Furthermore, the

Figure 11. Distance-selective interactions using macrodimers. (a)
Macrodimer excitation using one modulated sideband photon (light
blue) and one carrier photon (purple) provides tunable intermediate
state detunings Δto singly excited intermediate states |ge⟩ and |eg⟩
with |g⟩ = |F = 2, mF = −2⟩ and |e⟩ = |36P1/2, mJ = +1/2⟩. For the
chosen initial state |g⟩ and a σ+ polarized excitation field, the coupling
rates into the 1u macrodimers presented in Figure 9 reach a maximum
for orientations R∥ parallel to B, while R⊥ is suppressed. Strong
dressed interactions are realized for small intermediate state detunings
Δand two-photon detunings δν to macrodimer states Mol| . (b)
Time-dependent correlations for δR = R∥ observed in a Ramsey
sequence (red data points). For increasing dressing time tuv, the
interactions induce correlated spin flips between spin pairs at the
lattice diagonal distance which is close to the binding potential
minimum. The solid red line represents a fit from where the
experimental spin coupling was extracted, the red shaded area
indicates the theoretical expectation. The gray area shows the
background signal between spin pairs that are not coupled to
molecular states. Two exemplary images from the quantum gas
microscope are included. Figure reprinted with permission from ref
125. Copyright 2022 American Physical Society.

Figure 12. Evidence of a macrodimer blockade. (a) Pairs of ground state atoms are resonantly excited to macrodimer states Mol
0| with ν = 0. The

initial state, the magnetic field orientation, the light polarization, and the binding potential were identical with Figure 11. The intermediate state
detuning was set to Δ/(2π) = 3.6(1)MHz using again a sideband modulated to the UV laser. Additional Rydberg interactions U(R)

(n) , with n the
number of participating Rydberg states, are expected to suppress the excitation of both pairs at close distances. (b) Two excited macrodimers create
two pairs of empty sites in the initially unity-filled array. Their relative distance distribution can be probed via the four-hole correlator gδR

(4), with δR
the distance between both hole pairs. (c) As expected, the recorded gδR

(4) signal shows a reduction of the excitation rate at close distances. The signal
was excluded at distances where both pairs share one or two array sites (gray). Surprisingly, the signal also shows correlated events of four empty
sites aligned to the lattice diagonal direction R∥ where the macrodimers are excited. (d) Individual images also indicate the presence of such a loss
process. The underlying mechanism will be discussed in another publication, which is currently in preparation.
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intermediate state experiences interactions involving two and
three Rydberg states. At large distances where the additional
interactions only weakly shift the energy of both macrodimers,
the interaction might be calculated perturbatively. At short
distances, a full diagonalization of all Rydberg interactions will
be required.
Studying macrodimer blockade at higher macrodimer

density might allow for the observation of ordered structures
of several macrodimers, similar to those observed for Rydberg
atoms.128 This will be particularly interesting in a configuration
where macrodimers are excited at various orientations, also,
because their interaction will depend on their relative
orientation. The Rabi frequencies exciting macrodimers in
the blockaded regime are expected to be collectively
enhanced129 but the observation of Rabi oscillations might
be challenging because deexciting macrodimers can populate
other motional states than the one initially populated by the
electronic ground state. Solving these challenges, in principle,
also enables the realization of four-qubit gates using similar
schemes as realized for Rydberg atoms.113,130,131 This requires
replacing the couplings between two qubits and Rydberg states
with couplings between two pairs of qubits and macrodimers.
The blockade data set presented in Figure 12c shows also

enhanced losses of atoms aligned along the same lattice
diagonal direction where macrodimers are excited. We
attribute this loss to the delocalization of macrodimers which
are lost afterward. A detailed study supporting this hypothesis
goes beyond the scope of this manuscript and will be discussed
in a future publication.
Macrodimers might also enable other applications that are

qualitatively different from the capabilities of single-atom
Rydberg excitations. Macrodimer excitation creates atom pairs
whose motional relative wave function is more narrow than in
typical optical traps. It also realizes a distance-selective pair loss
which might be capable of engineering novel dissipative many-
body systems in optical lattices.65,132,133 Furthermore, macro-
dimers can be used to entangle distant nuclear spins.4,19 The
formalism describing macrodimer excitation19,78 also enables
one to estimate the significance of steep potentials at close
distances for quantum simulations and computations.134

7. CONCLUSION AND OUTLOOK
Macrodimers are weakly bound micrometer-sized diatomic
molecules consisting of highly excited atoms.1−3 Their main
conceptual difference from conventional molecules is the
absence of overlapping electron orbitals as well as the small
rotational splittings, which remains unresolved over their
radiative lifetime. Their large size and their comparatively
simple theoretical description enable microscopically resolved
studies of molecules that can be fully described using the
language of atomic physics. Their vibrational spectra provide
the so far most stringent tests of Rydberg interactions and even
reveal small perturbations−such as nonadiabatic motional
couplings between different Born−Oppenheimer potentials or
the hyperfine interaction of the Rydberg pair potentials.4,19

Future studies for non-alkali atoms with more complicated
interactions might become valuable to verify theoretical
models. Also, shaping macrodimer binding potentials by
microwave fields135,136 or by placing atom pairs close to
conducting surfaces might be possible.137 Furthermore,
Rydberg interaction potentials can also be extended to larger
atom numbers. In addition to the discussed interaction
between pairs of macrodimers, also Förster resonances of

three138−141 and four142 atoms as well as Rydberg
aggregates107,143−147 have already been observed. Finally, the
existence of macrotrimers148,149�bound states of three
Rydberg atoms�is predicted.
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(51) Šibalic,́ N.; Pritchard, J. D.; Adams, C. S.; Weatherill, K. J.
ARC: An open-source library for calculating properties of alkali
Rydberg atoms. Comput. Phys. Commun. 2017, 220, 319−331.
(52) Le Roy, R. J. Long-Range Potential Coefficients From RKR
Turning Points: C6 and C8 for B(3ΠOu

+)-State Cl2, Br2, and I2. Can. J.
Phys. 1974, 52, 246−256.
(53) Singer, K.; Stanojevic, J.; Weidemüller, M.; Côté, R. Long-range
interactions between alkali Rydberg atom pairs correlated to the ns-ns,
np−np and nd−nd asymptotes. J. Phys. B: At. Mol. Opt. Phys. 2005,
38, S295.
(54) Schwettmann, A.; Crawford, J.; Overstreet, K. R.; Shaffer, J. P.
Cold Cs Rydberg-gas interactions. Phys. Rev. A 2006, 74, 020701.
(55) Deiglmayr, J. Long-range interactions between Rydberg atoms.
Phys. Scr. 2016, 91, 104007.
(56) Flannery, M. R.; Vrinceanu, D.; Ostrovsky, V. N. Long-range
interaction between polar Rydberg atoms. J. Phys. B: At. Mol. Opt.
Phys. 2005, 38, S279.
(57) Ding, R.; Whalen, J. D.; Kanungo, S. K.; Killian, T. C.;
Dunning, F. B.; Yoshida, S.; Burgdörfer, J. Spectroscopy of 87Sr triplet
Rydberg states. Phys. Rev. A 2018, 98, 042505.
(58) Madjarov, I. S.; Covey, J. P.; Shaw, A. L.; Choi, J.; Kale, A.;
Cooper, A.; Pichler, H.; Schkolnik, V.; Williams, J. R.; Endres, M.
High-fidelity entanglement and detection of alkaline-earth Rydberg
atoms. Nat. Phys. 2020, 16, 857−861.
(59) Lehec, H.; Zuliani, A.; Maineult, W.; Luc-Koenig, E.; Pillet, P.;
Cheinet, P.; Niyaz, F.; Gallagher, T. F. Laser and microwave
spectroscopy of even-parity Rydberg states of neutral ytterbium and
multichannel-quantum-defect-theory analysis. Phys. Rev. A 2018, 98,
062506.
(60) Jenkins, A.; Lis, J. W.; Senoo, A.; McGrew, W. F.; Kaufman, A.
M. Ytterbium Nuclear-Spin Qubits in an Optical Tweezer Array. Phys.
Rev. X 2022, 12, 021027.
(61) Trautmann, A.; Mark, M. J.; Ilzhöfer, P.; Edri, H.; Arrach, A. E.;
Maloberti, J. G.; Greene, C. H.; Robicheaux, F.; Ferlaino, F.
Spectroscopy of Rydberg states in erbium using electromagnetically
induced transparency. Phys. Rev. Research 2021, 3, 033165.
(62) Robicheaux, F. Calculations of long range interactions for 87Sr
Rydberg states. J. Phys. B: At. Mol. Opt. Phys. 2019, 52, 244001.
(63) Vaillant, C. L.; Jones, M. P. A.; Potvliege, R. M. Long-range
Rydberg−Rydberg interactions in calcium, strontium and ytterbium. J.
Phys. B: At. Mol. Opt. Phys. 2012, 45, 135004.
(64) Vaillant, C. L.; Jones, M. P. A.; Potvliege, R. M. Multichannel
quantum defect theory of strontium bound Rydberg states. J. Phys. B:
At. Mol. Opt. Phys. 2014, 47, 155001.

(65) Barbier, M.; Hollerith, S.; Hofstetter, W. Extended Bose-
Hubbard models with Rydberg macrodimer dressing. Phys. Rev. A
2021, 104, 053304.
(66) Schwettmann, A.; Overstreet, K. R.; Tallant, J.; Shaffer, J. P.
Analysis of long-range Cs Rydberg potential wells. J. Mod. Opt. 2007,
54, 2551−2562.
(67) Li, W.; Tanner, P. J.; Gallagher, T. F. Dipole-Dipole Excitation
and Ionization in an Ultracold Gas of Rydberg Atoms. Phys. Rev. Lett.
2005, 94, 173001.
(68) Amthor, T.; Reetz-Lamour, M.; Westermann, S.; Denskat, J.;
Weidemüller, M. Mechanical Effect of van der Waals Interactions
Observed in Real Time in an Ultracold Rydberg Gas. Phys. Rev. Lett.
2007, 98, 023004.
(69) Hahn, Y. Density Dependence of Molecular Autoionization in a
Cold Gas. J. Phys. B: At. Mol. Opt. Phys. 2000, 33, L655.
(70) Robicheaux, F. Ionization due to the interaction between two
Rydberg atoms. J. Phys. B: At. Mol. Opt. Phys. 2005, 38, S333.
(71) Raimond, J. M.; Vitrant, G.; Haroche, S. Spectral line
broadening due to the interaction between very excited atoms: ’the
dense Rydberg gas. J. Phys. B: At. Mol. Opt. Phys. 1981, 14, L655.
(72) Stoneman, R. C.; Adams, M. D.; Gallagher, T. F. Resonant-
collision spectroscopy of Rydberg atoms. Phys. Rev. Lett. 1987, 58,
1324.
(73) Anderson, W. R.; Veale, J. R.; Gallagher, T. F. Resonant Dipole-
Dipole Energy Transfer in a Nearly Frozen Rydberg Gas. Phys. Rev.
Lett. 1998, 80, 249−252.
(74) Mourachko, I.; Comparat, D.; De Tomasi, F.; Fioretti, A.;
Nosbaum, P.; Akulin, V. M.; Pillet, P. Many-Body Effects in a Frozen
Rydberg Gas. Phys. Rev. Lett. 1998, 80, 253.
(75) Tong, D.; Farooqi, S. M.; Stanojevic, J.; Krishnan, S.; Zhang, Y.
P.; Côté, R.; Eyler, E. E.; Gould, P. L. Local Blockade of Rydberg
Excitation in an Ultracold Gas. Phys. Rev. Lett. 2004, 93, 163001.
(76) Singer, K.; Reetz-Lamour, M.; Amthor, T.; Marcassa, L. G.;
Weidemüller, M. Suppression of Excitation and Spectral Broadening
Induced by Interactions in a Cold Gas of Rydberg Atoms. Phys. Rev.
Lett. 2004, 93, 163001.
(77) Farooqi, S. M.; Tong, D.; Krishnan, S.; Stanojevic, J.; Zhang, Y.
P.; Ensher, J. R.; Estrin, A. S.; Boisseau, C.; Côté, R.; Eyler, E. E.; et al.
Long-Range Molecular Resonances in a Cold Rydberg Gas. Phys. Rev.
Lett. 2003, 91, 183002.
(78) Samboy, N.; Stanojevic, J.; Côté, R. Formation and properties
of Rydberg macrodimers. Phys. Rev. A 2011, 83, 050501.
(79) Deiglmayr, J.; Saßmannshausen, H.; Pillet, P.; Merkt, F.
Observation of Dipole-Quadrupole Interaction in an Ultracold Gas of
Rydberg Atoms. Phys. Rev. Lett. 2014, 113, 193001.
(80) Cabral, J. S.; Kondo, J. M.; Gonçalves, L. F.; Nascimento, V. A.;
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(143) Wüster, S.; Rost, J.-M. Rydberg aggregates. J. Phys. B: At. Mol.
Opt. Phys. 2018, 51, 032001.
(144) Schempp, H.; Günter, G.; Robert-de Saint-Vincent, M.;
Hofmann, C. S.; Breyel, D.; Komnik, A.; Schönleber, D. W.; Gärttner,
M.; Evers, J.; Whitlock, S.; et al. Full Counting Statistics of Laser
Excited Rydberg Aggregates in a One-Dimensional Geometry. Phys.
Rev. Lett. 2014, 112, 013002.
(145) Gärttner, M.; Heeg, K. P.; Gasenzer, T.; Evers, J. Dynamic
formation of Rydberg aggregates at off-resonant excitation. Phys. Rev.
A 2013, 88, 043410.
(146) Urvoy, A.; Ripka, F.; Lesanovsky, I.; Booth, D.; Shaffer, J. P.;
Pfau, T.; Löw, R. Strongly Correlated Growth of Rydberg Aggregates
in a Vapor Cell. Phys. Rev. Lett. 2015, 114, 203002.
(147) Barredo, D.; Labuhn, H.; Ravets, S.; Lahaye, T.; Browaeys, A.;
Adams, C. S. Coherent Excitation Transfer in a Spin Chain of Three
Rydberg Atoms. Phys. Rev. Lett. 2015, 114, 113002.
(148) Kiffner, M.; Li, W.; Jaksch, D. Three-Body Bound States in
Dipole-Dipole Interacting Rydberg Atoms. Phys. Rev. Lett. 2013, 111,
233003.
(149) Samboy, N.; Côté, R. Rubidium Rydberg linear macrotrimers.
Phys. Rev. A 2013, 87, 032512.

The Journal of Physical Chemistry A pubs.acs.org/JPCA Review Article

https://doi.org/10.1021/acs.jpca.2c08454
J. Phys. Chem. A XXXX, XXX, XXX−XXX

O

 Recommended by ACS

Ultracold Sticky Collisions: Theoretical and Experimental
Status
Roman Bause, Xin-Yu Luo, et al.
JANUARY 09, 2023
THE JOURNAL OF PHYSICAL CHEMISTRY A READ 

Criteria for the Classification of System and Bath Variables
in Nonadiabatic Dynamics: Application to Pyrazine
Prachi Pandey and M. Durga Prasad
APRIL 06, 2023
THE JOURNAL OF PHYSICAL CHEMISTRY A READ 

Rydberg Atom-Enabled Spectroscopy of Polar Molecules via
Förster Resonance Energy Transfer
Sabrina Patsch, Christiane P. Koch, et al.
NOVEMBER 11, 2022
THE JOURNAL OF PHYSICAL CHEMISTRY LETTERS READ 

Symmetric Post-Transition State Bifurcation Reactions with
Berry Pseudomagnetic Fields
Zhen Tao, Joseph E. Subotnik, et al.
JANUARY 18, 2023
THE JOURNAL OF PHYSICAL CHEMISTRY LETTERS READ 

Get More Suggestions >

https://doi.org/10.1103/PhysRevX.5.031015
https://doi.org/10.1103/PhysRevX.5.031015
https://doi.org/10.1103/PhysRevLett.104.010503
https://doi.org/10.1103/PhysRevLett.104.010503
https://doi.org/10.1103/PhysRevLett.123.170503
https://doi.org/10.1103/PhysRevLett.123.170503
https://doi.org/10.1103/PhysRevLett.109.233003
https://doi.org/10.1103/PhysRevLett.109.233003
https://doi.org/10.1126/science.1155309
https://doi.org/10.1126/science.1155309
https://doi.org/10.1103/PhysRevA.91.023411
https://doi.org/10.1103/PhysRevA.91.023411
https://doi.org/10.1103/PhysRevLett.113.123003
https://doi.org/10.1103/PhysRevLett.113.123003
https://doi.org/10.1088/1367-2630/16/12/123036
https://doi.org/10.1088/1367-2630/16/12/123036
https://doi.org/10.1103/PhysRevA.100.062508
https://doi.org/10.1103/PhysRevA.100.062508
https://doi.org/10.1038/ncomms9173
https://doi.org/10.1103/PhysRevLett.119.173402
https://doi.org/10.1103/PhysRevLett.119.173402
https://doi.org/10.1103/PhysRevLett.119.173402
https://doi.org/10.1103/PhysRevA.98.052703
https://doi.org/10.1103/PhysRevA.98.052703
https://doi.org/10.1070/QEL17253
https://doi.org/10.1070/QEL17253
https://doi.org/10.1103/PhysRevLett.108.023005
https://doi.org/10.1103/PhysRevLett.108.023005
https://doi.org/10.1088/1361-6455/aa9967
https://doi.org/10.1103/PhysRevLett.112.013002
https://doi.org/10.1103/PhysRevLett.112.013002
https://doi.org/10.1103/PhysRevA.88.043410
https://doi.org/10.1103/PhysRevA.88.043410
https://doi.org/10.1103/PhysRevLett.114.203002
https://doi.org/10.1103/PhysRevLett.114.203002
https://doi.org/10.1103/PhysRevLett.114.113002
https://doi.org/10.1103/PhysRevLett.114.113002
https://doi.org/10.1103/PhysRevLett.111.233003
https://doi.org/10.1103/PhysRevLett.111.233003
https://doi.org/10.1103/PhysRevA.87.032512
pubs.acs.org/JPCA?ref=pdf
https://doi.org/10.1021/acs.jpca.2c08454?urlappend=%3Fref%3DPDF&jav=VoR&rel=cite-as
http://pubs.acs.org/doi/10.1021/acs.jpca.2c08095?utm_campaign=RRCC_jpcafh&utm_source=RRCC&utm_medium=pdf_stamp&originated=1683423902&referrer_DOI=10.1021%2Facs.jpca.2c08454
http://pubs.acs.org/doi/10.1021/acs.jpca.2c08095?utm_campaign=RRCC_jpcafh&utm_source=RRCC&utm_medium=pdf_stamp&originated=1683423902&referrer_DOI=10.1021%2Facs.jpca.2c08454
http://pubs.acs.org/doi/10.1021/acs.jpca.2c08095?utm_campaign=RRCC_jpcafh&utm_source=RRCC&utm_medium=pdf_stamp&originated=1683423902&referrer_DOI=10.1021%2Facs.jpca.2c08454
http://pubs.acs.org/doi/10.1021/acs.jpca.2c08095?utm_campaign=RRCC_jpcafh&utm_source=RRCC&utm_medium=pdf_stamp&originated=1683423902&referrer_DOI=10.1021%2Facs.jpca.2c08454
http://pubs.acs.org/doi/10.1021/acs.jpca.2c08095?utm_campaign=RRCC_jpcafh&utm_source=RRCC&utm_medium=pdf_stamp&originated=1683423902&referrer_DOI=10.1021%2Facs.jpca.2c08454
http://pubs.acs.org/doi/10.1021/acs.jpca.2c08095?utm_campaign=RRCC_jpcafh&utm_source=RRCC&utm_medium=pdf_stamp&originated=1683423902&referrer_DOI=10.1021%2Facs.jpca.2c08454
http://pubs.acs.org/doi/10.1021/acs.jpca.2c08095?utm_campaign=RRCC_jpcafh&utm_source=RRCC&utm_medium=pdf_stamp&originated=1683423902&referrer_DOI=10.1021%2Facs.jpca.2c08454
http://pubs.acs.org/doi/10.1021/acs.jpca.2c08095?utm_campaign=RRCC_jpcafh&utm_source=RRCC&utm_medium=pdf_stamp&originated=1683423902&referrer_DOI=10.1021%2Facs.jpca.2c08454
http://pubs.acs.org/doi/10.1021/acs.jpca.2c08095?utm_campaign=RRCC_jpcafh&utm_source=RRCC&utm_medium=pdf_stamp&originated=1683423902&referrer_DOI=10.1021%2Facs.jpca.2c08454
http://pubs.acs.org/doi/10.1021/acs.jpca.2c08095?utm_campaign=RRCC_jpcafh&utm_source=RRCC&utm_medium=pdf_stamp&originated=1683423902&referrer_DOI=10.1021%2Facs.jpca.2c08454
http://pubs.acs.org/doi/10.1021/acs.jpca.2c08095?utm_campaign=RRCC_jpcafh&utm_source=RRCC&utm_medium=pdf_stamp&originated=1683423902&referrer_DOI=10.1021%2Facs.jpca.2c08454
http://pubs.acs.org/doi/10.1021/acs.jpca.2c08095?utm_campaign=RRCC_jpcafh&utm_source=RRCC&utm_medium=pdf_stamp&originated=1683423902&referrer_DOI=10.1021%2Facs.jpca.2c08454
http://pubs.acs.org/doi/10.1021/acs.jpca.2c08095?utm_campaign=RRCC_jpcafh&utm_source=RRCC&utm_medium=pdf_stamp&originated=1683423902&referrer_DOI=10.1021%2Facs.jpca.2c08454
http://pubs.acs.org/doi/10.1021/acs.jpca.2c08095?utm_campaign=RRCC_jpcafh&utm_source=RRCC&utm_medium=pdf_stamp&originated=1683423902&referrer_DOI=10.1021%2Facs.jpca.2c08454
http://pubs.acs.org/doi/10.1021/acs.jpca.2c06155?utm_campaign=RRCC_jpcafh&utm_source=RRCC&utm_medium=pdf_stamp&originated=1683423902&referrer_DOI=10.1021%2Facs.jpca.2c08454
http://pubs.acs.org/doi/10.1021/acs.jpca.2c06155?utm_campaign=RRCC_jpcafh&utm_source=RRCC&utm_medium=pdf_stamp&originated=1683423902&referrer_DOI=10.1021%2Facs.jpca.2c08454
http://pubs.acs.org/doi/10.1021/acs.jpca.2c06155?utm_campaign=RRCC_jpcafh&utm_source=RRCC&utm_medium=pdf_stamp&originated=1683423902&referrer_DOI=10.1021%2Facs.jpca.2c08454
http://pubs.acs.org/doi/10.1021/acs.jpca.2c06155?utm_campaign=RRCC_jpcafh&utm_source=RRCC&utm_medium=pdf_stamp&originated=1683423902&referrer_DOI=10.1021%2Facs.jpca.2c08454
http://pubs.acs.org/doi/10.1021/acs.jpca.2c06155?utm_campaign=RRCC_jpcafh&utm_source=RRCC&utm_medium=pdf_stamp&originated=1683423902&referrer_DOI=10.1021%2Facs.jpca.2c08454
http://pubs.acs.org/doi/10.1021/acs.jpca.2c06155?utm_campaign=RRCC_jpcafh&utm_source=RRCC&utm_medium=pdf_stamp&originated=1683423902&referrer_DOI=10.1021%2Facs.jpca.2c08454
http://pubs.acs.org/doi/10.1021/acs.jpca.2c06155?utm_campaign=RRCC_jpcafh&utm_source=RRCC&utm_medium=pdf_stamp&originated=1683423902&referrer_DOI=10.1021%2Facs.jpca.2c08454
http://pubs.acs.org/doi/10.1021/acs.jpca.2c06155?utm_campaign=RRCC_jpcafh&utm_source=RRCC&utm_medium=pdf_stamp&originated=1683423902&referrer_DOI=10.1021%2Facs.jpca.2c08454
http://pubs.acs.org/doi/10.1021/acs.jpca.2c06155?utm_campaign=RRCC_jpcafh&utm_source=RRCC&utm_medium=pdf_stamp&originated=1683423902&referrer_DOI=10.1021%2Facs.jpca.2c08454
http://pubs.acs.org/doi/10.1021/acs.jpca.2c06155?utm_campaign=RRCC_jpcafh&utm_source=RRCC&utm_medium=pdf_stamp&originated=1683423902&referrer_DOI=10.1021%2Facs.jpca.2c08454
http://pubs.acs.org/doi/10.1021/acs.jpca.2c06155?utm_campaign=RRCC_jpcafh&utm_source=RRCC&utm_medium=pdf_stamp&originated=1683423902&referrer_DOI=10.1021%2Facs.jpca.2c08454
http://pubs.acs.org/doi/10.1021/acs.jpca.2c06155?utm_campaign=RRCC_jpcafh&utm_source=RRCC&utm_medium=pdf_stamp&originated=1683423902&referrer_DOI=10.1021%2Facs.jpca.2c08454
http://pubs.acs.org/doi/10.1021/acs.jpca.2c06155?utm_campaign=RRCC_jpcafh&utm_source=RRCC&utm_medium=pdf_stamp&originated=1683423902&referrer_DOI=10.1021%2Facs.jpca.2c08454
http://pubs.acs.org/doi/10.1021/acs.jpca.2c06155?utm_campaign=RRCC_jpcafh&utm_source=RRCC&utm_medium=pdf_stamp&originated=1683423902&referrer_DOI=10.1021%2Facs.jpca.2c08454
http://pubs.acs.org/doi/10.1021/acs.jpca.2c06155?utm_campaign=RRCC_jpcafh&utm_source=RRCC&utm_medium=pdf_stamp&originated=1683423902&referrer_DOI=10.1021%2Facs.jpca.2c08454
http://pubs.acs.org/doi/10.1021/acs.jpca.2c06155?utm_campaign=RRCC_jpcafh&utm_source=RRCC&utm_medium=pdf_stamp&originated=1683423902&referrer_DOI=10.1021%2Facs.jpca.2c08454
http://pubs.acs.org/doi/10.1021/acs.jpca.2c06155?utm_campaign=RRCC_jpcafh&utm_source=RRCC&utm_medium=pdf_stamp&originated=1683423902&referrer_DOI=10.1021%2Facs.jpca.2c08454
http://pubs.acs.org/doi/10.1021/acs.jpca.2c06155?utm_campaign=RRCC_jpcafh&utm_source=RRCC&utm_medium=pdf_stamp&originated=1683423902&referrer_DOI=10.1021%2Facs.jpca.2c08454
http://pubs.acs.org/doi/10.1021/acs.jpca.2c06155?utm_campaign=RRCC_jpcafh&utm_source=RRCC&utm_medium=pdf_stamp&originated=1683423902&referrer_DOI=10.1021%2Facs.jpca.2c08454
http://pubs.acs.org/doi/10.1021/acs.jpca.2c06155?utm_campaign=RRCC_jpcafh&utm_source=RRCC&utm_medium=pdf_stamp&originated=1683423902&referrer_DOI=10.1021%2Facs.jpca.2c08454
http://pubs.acs.org/doi/10.1021/acs.jpca.2c06155?utm_campaign=RRCC_jpcafh&utm_source=RRCC&utm_medium=pdf_stamp&originated=1683423902&referrer_DOI=10.1021%2Facs.jpca.2c08454
http://pubs.acs.org/doi/10.1021/acs.jpca.2c06155?utm_campaign=RRCC_jpcafh&utm_source=RRCC&utm_medium=pdf_stamp&originated=1683423902&referrer_DOI=10.1021%2Facs.jpca.2c08454
http://pubs.acs.org/doi/10.1021/acs.jpca.2c06155?utm_campaign=RRCC_jpcafh&utm_source=RRCC&utm_medium=pdf_stamp&originated=1683423902&referrer_DOI=10.1021%2Facs.jpca.2c08454
http://pubs.acs.org/doi/10.1021/acs.jpca.2c06155?utm_campaign=RRCC_jpcafh&utm_source=RRCC&utm_medium=pdf_stamp&originated=1683423902&referrer_DOI=10.1021%2Facs.jpca.2c08454
http://pubs.acs.org/doi/10.1021/acs.jpca.2c06155?utm_campaign=RRCC_jpcafh&utm_source=RRCC&utm_medium=pdf_stamp&originated=1683423902&referrer_DOI=10.1021%2Facs.jpca.2c08454
http://pubs.acs.org/doi/10.1021/acs.jpca.2c06155?utm_campaign=RRCC_jpcafh&utm_source=RRCC&utm_medium=pdf_stamp&originated=1683423902&referrer_DOI=10.1021%2Facs.jpca.2c08454
http://pubs.acs.org/doi/10.1021/acs.jpca.2c06155?utm_campaign=RRCC_jpcafh&utm_source=RRCC&utm_medium=pdf_stamp&originated=1683423902&referrer_DOI=10.1021%2Facs.jpca.2c08454
http://pubs.acs.org/doi/10.1021/acs.jpca.2c06155?utm_campaign=RRCC_jpcafh&utm_source=RRCC&utm_medium=pdf_stamp&originated=1683423902&referrer_DOI=10.1021%2Facs.jpca.2c08454
http://pubs.acs.org/doi/10.1021/acs.jpca.2c06155?utm_campaign=RRCC_jpcafh&utm_source=RRCC&utm_medium=pdf_stamp&originated=1683423902&referrer_DOI=10.1021%2Facs.jpca.2c08454
http://pubs.acs.org/doi/10.1021/acs.jpca.2c06155?utm_campaign=RRCC_jpcafh&utm_source=RRCC&utm_medium=pdf_stamp&originated=1683423902&referrer_DOI=10.1021%2Facs.jpca.2c08454
http://pubs.acs.org/doi/10.1021/acs.jpclett.2c02521?utm_campaign=RRCC_jpcafh&utm_source=RRCC&utm_medium=pdf_stamp&originated=1683423902&referrer_DOI=10.1021%2Facs.jpca.2c08454
http://pubs.acs.org/doi/10.1021/acs.jpclett.2c02521?utm_campaign=RRCC_jpcafh&utm_source=RRCC&utm_medium=pdf_stamp&originated=1683423902&referrer_DOI=10.1021%2Facs.jpca.2c08454
http://pubs.acs.org/doi/10.1021/acs.jpclett.2c02521?utm_campaign=RRCC_jpcafh&utm_source=RRCC&utm_medium=pdf_stamp&originated=1683423902&referrer_DOI=10.1021%2Facs.jpca.2c08454
http://pubs.acs.org/doi/10.1021/acs.jpclett.2c02521?utm_campaign=RRCC_jpcafh&utm_source=RRCC&utm_medium=pdf_stamp&originated=1683423902&referrer_DOI=10.1021%2Facs.jpca.2c08454
http://pubs.acs.org/doi/10.1021/acs.jpclett.2c02521?utm_campaign=RRCC_jpcafh&utm_source=RRCC&utm_medium=pdf_stamp&originated=1683423902&referrer_DOI=10.1021%2Facs.jpca.2c08454
http://pubs.acs.org/doi/10.1021/acs.jpclett.2c02521?utm_campaign=RRCC_jpcafh&utm_source=RRCC&utm_medium=pdf_stamp&originated=1683423902&referrer_DOI=10.1021%2Facs.jpca.2c08454
http://pubs.acs.org/doi/10.1021/acs.jpclett.2c02521?utm_campaign=RRCC_jpcafh&utm_source=RRCC&utm_medium=pdf_stamp&originated=1683423902&referrer_DOI=10.1021%2Facs.jpca.2c08454
http://pubs.acs.org/doi/10.1021/acs.jpclett.2c02521?utm_campaign=RRCC_jpcafh&utm_source=RRCC&utm_medium=pdf_stamp&originated=1683423902&referrer_DOI=10.1021%2Facs.jpca.2c08454
http://pubs.acs.org/doi/10.1021/acs.jpclett.2c02521?utm_campaign=RRCC_jpcafh&utm_source=RRCC&utm_medium=pdf_stamp&originated=1683423902&referrer_DOI=10.1021%2Facs.jpca.2c08454
http://pubs.acs.org/doi/10.1021/acs.jpclett.2c02521?utm_campaign=RRCC_jpcafh&utm_source=RRCC&utm_medium=pdf_stamp&originated=1683423902&referrer_DOI=10.1021%2Facs.jpca.2c08454
http://pubs.acs.org/doi/10.1021/acs.jpclett.2c02521?utm_campaign=RRCC_jpcafh&utm_source=RRCC&utm_medium=pdf_stamp&originated=1683423902&referrer_DOI=10.1021%2Facs.jpca.2c08454
http://pubs.acs.org/doi/10.1021/acs.jpclett.2c02521?utm_campaign=RRCC_jpcafh&utm_source=RRCC&utm_medium=pdf_stamp&originated=1683423902&referrer_DOI=10.1021%2Facs.jpca.2c08454
http://pubs.acs.org/doi/10.1021/acs.jpclett.2c02521?utm_campaign=RRCC_jpcafh&utm_source=RRCC&utm_medium=pdf_stamp&originated=1683423902&referrer_DOI=10.1021%2Facs.jpca.2c08454
http://pubs.acs.org/doi/10.1021/acs.jpclett.2c02521?utm_campaign=RRCC_jpcafh&utm_source=RRCC&utm_medium=pdf_stamp&originated=1683423902&referrer_DOI=10.1021%2Facs.jpca.2c08454
http://pubs.acs.org/doi/10.1021/acs.jpclett.2c02521?utm_campaign=RRCC_jpcafh&utm_source=RRCC&utm_medium=pdf_stamp&originated=1683423902&referrer_DOI=10.1021%2Facs.jpca.2c08454
http://pubs.acs.org/doi/10.1021/acs.jpclett.2c02521?utm_campaign=RRCC_jpcafh&utm_source=RRCC&utm_medium=pdf_stamp&originated=1683423902&referrer_DOI=10.1021%2Facs.jpca.2c08454
http://pubs.acs.org/doi/10.1021/acs.jpclett.2c02521?utm_campaign=RRCC_jpcafh&utm_source=RRCC&utm_medium=pdf_stamp&originated=1683423902&referrer_DOI=10.1021%2Facs.jpca.2c08454
http://pubs.acs.org/doi/10.1021/acs.jpclett.2c02521?utm_campaign=RRCC_jpcafh&utm_source=RRCC&utm_medium=pdf_stamp&originated=1683423902&referrer_DOI=10.1021%2Facs.jpca.2c08454
http://pubs.acs.org/doi/10.1021/acs.jpclett.2c02521?utm_campaign=RRCC_jpcafh&utm_source=RRCC&utm_medium=pdf_stamp&originated=1683423902&referrer_DOI=10.1021%2Facs.jpca.2c08454
http://pubs.acs.org/doi/10.1021/acs.jpclett.2c02521?utm_campaign=RRCC_jpcafh&utm_source=RRCC&utm_medium=pdf_stamp&originated=1683423902&referrer_DOI=10.1021%2Facs.jpca.2c08454
http://pubs.acs.org/doi/10.1021/acs.jpclett.2c02521?utm_campaign=RRCC_jpcafh&utm_source=RRCC&utm_medium=pdf_stamp&originated=1683423902&referrer_DOI=10.1021%2Facs.jpca.2c08454
http://pubs.acs.org/doi/10.1021/acs.jpclett.2c02521?utm_campaign=RRCC_jpcafh&utm_source=RRCC&utm_medium=pdf_stamp&originated=1683423902&referrer_DOI=10.1021%2Facs.jpca.2c08454
http://pubs.acs.org/doi/10.1021/acs.jpclett.2c02521?utm_campaign=RRCC_jpcafh&utm_source=RRCC&utm_medium=pdf_stamp&originated=1683423902&referrer_DOI=10.1021%2Facs.jpca.2c08454
http://pubs.acs.org/doi/10.1021/acs.jpclett.2c02521?utm_campaign=RRCC_jpcafh&utm_source=RRCC&utm_medium=pdf_stamp&originated=1683423902&referrer_DOI=10.1021%2Facs.jpca.2c08454
http://pubs.acs.org/doi/10.1021/acs.jpclett.2c02668?utm_campaign=RRCC_jpcafh&utm_source=RRCC&utm_medium=pdf_stamp&originated=1683423902&referrer_DOI=10.1021%2Facs.jpca.2c08454
http://pubs.acs.org/doi/10.1021/acs.jpclett.2c02668?utm_campaign=RRCC_jpcafh&utm_source=RRCC&utm_medium=pdf_stamp&originated=1683423902&referrer_DOI=10.1021%2Facs.jpca.2c08454
http://pubs.acs.org/doi/10.1021/acs.jpclett.2c02668?utm_campaign=RRCC_jpcafh&utm_source=RRCC&utm_medium=pdf_stamp&originated=1683423902&referrer_DOI=10.1021%2Facs.jpca.2c08454
http://pubs.acs.org/doi/10.1021/acs.jpclett.2c02668?utm_campaign=RRCC_jpcafh&utm_source=RRCC&utm_medium=pdf_stamp&originated=1683423902&referrer_DOI=10.1021%2Facs.jpca.2c08454
http://pubs.acs.org/doi/10.1021/acs.jpclett.2c02668?utm_campaign=RRCC_jpcafh&utm_source=RRCC&utm_medium=pdf_stamp&originated=1683423902&referrer_DOI=10.1021%2Facs.jpca.2c08454
http://pubs.acs.org/doi/10.1021/acs.jpclett.2c02668?utm_campaign=RRCC_jpcafh&utm_source=RRCC&utm_medium=pdf_stamp&originated=1683423902&referrer_DOI=10.1021%2Facs.jpca.2c08454
http://pubs.acs.org/doi/10.1021/acs.jpclett.2c02668?utm_campaign=RRCC_jpcafh&utm_source=RRCC&utm_medium=pdf_stamp&originated=1683423902&referrer_DOI=10.1021%2Facs.jpca.2c08454
http://pubs.acs.org/doi/10.1021/acs.jpclett.2c02668?utm_campaign=RRCC_jpcafh&utm_source=RRCC&utm_medium=pdf_stamp&originated=1683423902&referrer_DOI=10.1021%2Facs.jpca.2c08454
http://pubs.acs.org/doi/10.1021/acs.jpclett.2c02668?utm_campaign=RRCC_jpcafh&utm_source=RRCC&utm_medium=pdf_stamp&originated=1683423902&referrer_DOI=10.1021%2Facs.jpca.2c08454
http://pubs.acs.org/doi/10.1021/acs.jpclett.2c02668?utm_campaign=RRCC_jpcafh&utm_source=RRCC&utm_medium=pdf_stamp&originated=1683423902&referrer_DOI=10.1021%2Facs.jpca.2c08454
http://pubs.acs.org/doi/10.1021/acs.jpclett.2c02668?utm_campaign=RRCC_jpcafh&utm_source=RRCC&utm_medium=pdf_stamp&originated=1683423902&referrer_DOI=10.1021%2Facs.jpca.2c08454
http://pubs.acs.org/doi/10.1021/acs.jpclett.2c02668?utm_campaign=RRCC_jpcafh&utm_source=RRCC&utm_medium=pdf_stamp&originated=1683423902&referrer_DOI=10.1021%2Facs.jpca.2c08454
http://pubs.acs.org/doi/10.1021/acs.jpclett.2c02668?utm_campaign=RRCC_jpcafh&utm_source=RRCC&utm_medium=pdf_stamp&originated=1683423902&referrer_DOI=10.1021%2Facs.jpca.2c08454
http://pubs.acs.org/doi/10.1021/acs.jpclett.2c02668?utm_campaign=RRCC_jpcafh&utm_source=RRCC&utm_medium=pdf_stamp&originated=1683423902&referrer_DOI=10.1021%2Facs.jpca.2c08454
http://pubs.acs.org/doi/10.1021/acs.jpclett.2c02668?utm_campaign=RRCC_jpcafh&utm_source=RRCC&utm_medium=pdf_stamp&originated=1683423902&referrer_DOI=10.1021%2Facs.jpca.2c08454
http://pubs.acs.org/doi/10.1021/acs.jpclett.2c02668?utm_campaign=RRCC_jpcafh&utm_source=RRCC&utm_medium=pdf_stamp&originated=1683423902&referrer_DOI=10.1021%2Facs.jpca.2c08454
http://pubs.acs.org/doi/10.1021/acs.jpclett.2c02668?utm_campaign=RRCC_jpcafh&utm_source=RRCC&utm_medium=pdf_stamp&originated=1683423902&referrer_DOI=10.1021%2Facs.jpca.2c08454
http://pubs.acs.org/doi/10.1021/acs.jpclett.2c02668?utm_campaign=RRCC_jpcafh&utm_source=RRCC&utm_medium=pdf_stamp&originated=1683423902&referrer_DOI=10.1021%2Facs.jpca.2c08454
http://pubs.acs.org/doi/10.1021/acs.jpclett.2c02668?utm_campaign=RRCC_jpcafh&utm_source=RRCC&utm_medium=pdf_stamp&originated=1683423902&referrer_DOI=10.1021%2Facs.jpca.2c08454
http://pubs.acs.org/doi/10.1021/acs.jpclett.2c02668?utm_campaign=RRCC_jpcafh&utm_source=RRCC&utm_medium=pdf_stamp&originated=1683423902&referrer_DOI=10.1021%2Facs.jpca.2c08454
https://preferences.acs.org/ai_alert?follow=1

