
Supporting Information for:

Chirality-dependent dynamic evolution for

trions in monolayer WS2

Baixu Xiang,†,‡,△ Renqi Wang,†,△ Yuzhong Chen,‡ Yubin Wang,†,‡ Tingxiao

Qin,‡ Mengdi Zhang,‡ Kenji Watanabe,¶ Takashi Taniguchi,¶ Wenhui

Duan,†,§,∥ Peizhe Tang,⊥,# Haiyun Liu,‡ and Qihua Xiong†,‡,∥,@

†State Key Laboratory of Low-Dimensional Quantum Physics and Department of Physics,

Tsinghua University, Beijing,100084, P. R. China.

‡Beijing Academy of Quantum Information Sciences, Beijing 100193, P. R. China.

¶Advanced Materials Laboratory, National Institute for Materials Science, 1-1 Namiki, Tsukuba,

305-0044, Japan.

§Institute for Advanced Study, Tsinghua University, Beijing 100084, People’s Republic of China.

∥Frontier Science Center for Quantum Information, Beijing, 100084, P. R. China.

⊥Materials Science and Engineering, Beihang University, Beijing 100191, P. R. China.

#Centerfor Free-Electron Laser Science, Max Planck Institute for the Structure and Dynamics of

Matter, Hamburg 22761, Germany.

@Collaborative Innovation Center of Quantum Matter, Beijing, 100084, P.R. China.

△These authors contributed equally to this work.

E-mail:

qihua_xiong@tsinghua.edu.cn.;peizhet@buaa.edu.cn; liuhy@baqis.ac.cn;

1



This PDF file includes:

Supplementary Note 1 to 11

Figure S1 to S15

Table S1,S2

2



Supporting Information Note 1: Sample preparation

Monolayer WS2 and hexagonal boron nitride (h-BN) were mechanically exfoliated from bulk

crystals using blue tape (Nitto) and scotch tape, respectively. The mechanically exfoliated mono-

layer WS2 was identified by optical microscopy and characterized by Raman and PL spectroscopy.

h-BN/WS2/h-BN heterostructures were stacked on a fused quartz substrate using polyvinyl alco-

hol (PVA)-assisted transfer method. The samples were annealed after the transfer process under a

vacuum (around 10−5 hPa) at 180°C for three hours and were placed in a liquid-helium cryostat

for temperature-dependent experiments.

Figure S1: Optical microscope images of the samples 1 (a) and 2 (b). The black (white) dashed
lines indicate the contours of the WS2 layer of sample 1 (2). Scale bar, 20 µ m.
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Supporting Information Note 2: Helicity-resolved ultrafast tran-

sient transmission spectroscopy and Dual-chopper methods

Helicity-resolved ultrafast transient transmission spectroscopy

The pump-probe experiments were performed in a transient absorption/transmission spectrom-

eter (Helios fire from Ultrafast system). The infrared pulses (800 nm, 35 fs) were provided by a Ti:

Sapphire amplifier (Coherent Inc.) working at 1 kHz repetition rate and split into two beams. One

beam was sent into an optical parametric amplifier (OPA) to generate pump pulses with tunable

photon energies, allowing resonant/near-resonant excitation of the samples. A set of long- and

short-pass filters were used to cut the pump spectra with a full width at half maximum (FWHM)

of about 40 meV. The probe pulses were white light continuum generated by focusing the other

800 nm laser beam into a sapphire plate and were delayed by a motorized delay line. The pump

and probe beams were focused and overlapped on the sample surface, with 200 and 6 um spot

sizes in diameter, respectively. A spectrometer equipped with a back-thinned CCD linear detec-

tor was used to detect the transmitted probe pulses. The pump-induced change ∆T
T
=

Ton−Toff

Toff
was

measured, where Ton and Toff represent the probe signals with the pump pulses on and off, re-

spectively. We used two choppers to modulate the pump and probe lights separately to subtract

scattered pump pulses, producing high data quality when the trion and exciton were resonantly

excited. Besides, the polarization of each beam was independently controlled using broadband

quarter-waveplates and linear polarizers.

Dual-chopper method

We use a dual-chopper on the path of the pump and probe beams to minimize the affection

of the scattered pump light. As shown in Figure S1, pump and probe beams are triggered and

choppered at half (500 Hz) and quarter frequency (250 Hz) of the laser repetition rate (1 kHz),

respectively. In this configuration, the detection frequency is running at 1 kHz as well, acquiring

four kinds of signals: Ton,on, Toff,on, Ton,off , and Toff,off . The first on(off) represents the state of

the pump and the second one is the state of the probe light. Therefore, one obtains pure pump-on
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signal Ton = Ton,on−Ton,off by substracting the scattered pump (Ton,off ), and pure pump-off signal

Toff = Toff,on − Toff,off , in which Toff,off is the ambient light.Then the differential transmission

signals can be expressed by the following:

∆T

T
=
Ton − Toff

Toff

Thus, the scattered light of the pump light and the ambient light are effectively removed, allowing

data collection under resonant conditions.

Figure S2: Schematic diagram of the dual-chopper modulation technique.
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Supporting Information Note 3: Linear-response regime analy-

sis for sample 1 and sample 2
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Figure S3: Pump fluence dependent of peak signals of trions for sample 1 and sample 2 at 290,
180, 78, and 12 K, respectively. The dashed lines are a guide to the eye to highlight the linear
regime (F < 60 µJ/cm2) below saturation. Sample 1 and 2 were excited with a fluence at F = 12
and 30 µJ/cm2, respectively, as marked by black arrows. Thus, we can conclude that the pump
fluence below 30 µJ/cm2 is in the linear-response regime for sample 1. The signals deviate from
each other due to sample quality, optimizing conditions, etc.
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Supporting Information Note 4: Time traces of ∆T
T extracted at

the exciton resonance induced by different energy excitation
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Figure S4: Dynamics integrated within a [-10, 10 meV] window around A-exciton, under different
pump energies with the same pump fluence. EP − EA = −0.06 and 0 eV correspond to resonant
excitations of trion and A-exciton, respectively. Obviously, the resonant excitation of A-exciton
is most efficient to generate A-exciton bleaching signal (red curve), which reaches its maximum
around time-zero (marked by the dashed line) right after the pump excitation.

7



Supporting Information Note 5: Population recombination dy-

namics for sample 1 when resonantly pumping the A-exciton at

room temperature
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Figure S5: The decay dynamics of A-exciton(EA = 2.00 eV) exhibit a bi-exponential response.
we attribute the fast decay τ1 (2.7 ps) to the intrinsic radiative lifetime of A-exciton, while the
slow decay τ2 (49.3 ps) to the non-radiative lifetime, resulting from exciton-exciton scattering and
exciton-phonon intra-valley scattering.1
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Supporting Information Note 6: Spectroscopic characterization

of monolayer WS2(sample 2)
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Figure S6: Raman and PL spectra of monolayer WS2 (Sample 2). (a) Raman spectrum of h-
BN/WS2/h-BN sample 2 at room temperature, with an excitation laser wavelength of 514 nm and
a power of 3 mW. In Raman spectroscopy, the A1g and E2g modes locate at 419 cm−1 (52 meV)
and 359 cm−1(44 meV), respectively (indicated by the dashed lines). The monolayer WS2 can be
determined from the Raman shift difference between the A1g and E2g lines. The strongest Raman
peak at 352 cm−1 is ascribed to the second-order Raman mode 2 LA. (b) Polarization resolved
Raman spectra with an excitation laser wavelength of 532 nm, the first order A1g mode is only
visible in the SCP configuration, while the E2g mode is only observed in the OCP configuration.
(c) Temperature evolution of PL spectra at a constant excitation power of 10 µW. At 290 and
180 K, the A-exciton (X) and trion (T ) are well observed. As temperature decreases, the exciton
and trion lines shift to higher energies (blue shift), and the relative peak strength of A-exciton
decreases. At 78 and 12 K, the localized excitons (L) emerge, while the A-exciton disappears.
These spectral features are consistent with previous results.2,3
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Supporting Information Note 7: Pump spectra turned at trion

resonance for each temperature in our measurements (sample 2)
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Figure S7: Pump spectra (red curves), together with differential transmission spectra of the h-
BN/WS2/h-BN sample2 for ∆t = 1 ps at (a) 290 (b) 180 (c) 78 and (d) 12 K.
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Supporting Information Note 8: Transient differential transmis-

sion spectra

Figure S7 shows the transient transmission spectra of monolayer WS2 at the time delay of 1 ps

in the SCP and OCP configurations. At 290 K, two significant ground state bleaching (GSB) fea-

tures corresponding to trions and excitons dominate. The additional red-side negative differential

transmission signal is attributed to the weak pump-induced absorption (PIA) features (∆T/T < 0),

which stem from the formation of biexcitons.4 In addition, with the temperature decreasing, the

negative signals appearing between the trion and A-exciton in both SCP and OCP spectra at 78 K

and 12 K may come from the energy blueshift of the trion, which is attributed to the inter-trion

repulsive interaction.5,6 It should be noted that trion triplets and singlets in our sample are pumped

together due to their slight energy difference (about 15 meV illustrated in the PL spectrum in Fig-

ure S5 (c)), and they cannot be spectrally resolved in the transmission spectra. Nevertheless, our

focus lies on the dynamics of trions and two types of trions resonantly created by pump light are

natural in our sample.
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Figure S8: Transient transmission spectra of monolayer WS2 at a time delay of 1 ps. PIA and GSB
peaks are marked by black arrows in SCP (red lines) and OCP (black lines) spectra.
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Supporting Information Note 9: Normalized decay curves of tri-

ons as a function of pump-probe delay time at different temper-

atures

We decompose the trion and exciton signals from the raw differential transmission spectra at

different delay times. The spectral weight (i.e., the integrated area, I), which represents the popu-

lation of excitons/trions, can be extracted by multiplying the peak amplitude (A) by the peak width

(W). The populations of trions in the SCP configuration were normalized at the maximum value

(Figure S6). Thus, the corresponding temporal evolutions of the trions and excitons populations

are depicted in Figure 3e-h.
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Figure S9: The temporal evolutions of trion population are normalized to the maximum value.
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Supporting Information Note 10: Time traces of A-excitons and

trions in the SCP and OCP configurations

As Figure S9 shows, the evolution behavior of XA in the OCP configuration is similar to that

of XA at the pumped valley in the SCP configuration. Once XT is initially pumped in one valley

by CPL, two relaxation channels play the role of the emergency of XA in the opposite unpumped

valley. One is combined by the scattering processes 1⃝ and 2⃝ with a scattering time τ1 (see Figure

1b in the main text), the pumped XT transit to XA at the same valley first, then relax to XA at

the opposite valley. This channel is much more efficient because the large population for XA at

the pumped valley has been observed in the SCP configuration (see Figure 2 and 3 in the main

text). The other relaxation channel is combined by the scattering processes 3⃝ and 4⃝ with the

scattering time τ2 as shown in Figure 1b. The depolarization process for XT between K and –K

valleys occurs firstly, then the upconversion process changes the XT at the unpumped valley to be

XA within the same valley. These two scattering channels are in parallel, thus the build-up time τ

for the XA observed in the OCP configuration should be τ=τ1τ2/(τ1 + τ2), which is shorter than

both τ1 and τ2 and is close to the build-up time of XA at the pumped valley observed in the SCP

configuration.
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Figure S10: Due to off-resonance excitation for A-excitons, the exciton valley depolarization oc-
curs rapidly compared to the trions.
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Figure S11: The population of trions in the SCP reaches equivalent at approximately 1 ps, and
prolongs to longer time with the temperature decreasing, owing to the phonon-assisted intervalley
scattering mechanism.
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Supporting Information Note 11: Theoretical calculation

We present a Boltzmann equation model that comprehensively incorporates trion-exciton scat-

tering2,7 and intervalley depolarization processes, primarily driven by Coulomb exchange interac-

tions8,9 and dark-exciton mediated exciton-phonon scattering,10,11 as illustrated in the main text.

This model aims to accurately replicate the fundamental characteristics observed in OCP and SCP

configurations in the pump-probe experiments conducted at different temperatures.

The investigation of the temporal evolution of trions and excitons employed semiconductor

Bloch equations (SBEs).12 SBEs are widely recognized for their applicability in describing both

coherent and non-coherent quantum kinetics. The simulation results presented in the main text pre-

dominantly focus on non-coherent processes and were computed through the Boltzmann equations

derived from SBEs.

The phonon-induced interplay between trions and excitons, crucial within the framework of the

Boltzmann equations, can be formally expressed as ⟨Ttr|Ĥe−ph|X⟩ according to Fermi’s golden

rule. Here, the el-ph Hamiltonian, as well as the trion and exciton wavefunctions, are required. To

calculate the exciton and trion wavefunctions, we utilize electron and hole wavefunctions obtained

from the k ·p model for transition metal dichalcogenides (TMDs)13,14 as the basis. The parameters

for the model were fitted from first-principle calculations of the monolayer WS2 band structure,

carried out using the Vienna Ab initio Simulation Package (VASP).15–17 While sophisticated tech-

niques such as diffusion Monte Carlo (DMC)17 and the Stochastic Variational Method18 have been

developed to determine the ground state binding energy and wavefunctions for trions and excitons,

this study employs effective mass approximations and a variational method with the variational

form proposed in prior research.19–21 We calculated the phonon dispersion and electron-phonon

coupling strength using the Quantum Espresso package22 and EPW.23 These results provide the

electron-phonon interaction Hamiltonian and justify considering only the A1g phonon in the trion-

exciton scattering channel.

In addition to the intravalley trion-exciton channel, we also consider the intervalley channel.

However, the scattering rates for the intervalley depolarization of excitons and trions are introduced
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as phenomenological parameters in the model, and these can be compared with experiments and

previous theoretical work.11,24–30

Comprehensive details are presented following for reference, providing nuanced insights into

our numerical methodology.

Exciton and trion wavefunctions

The effective k · p model for WX2 (W = Mo, W andX = S, Se) near the K and -K points,

accounting for the effects of spin-orbit coupling (SOC),12,13 can be formulated as:

Ĥ = ℏv(τkxσ̂x + kyσ̂y) +
Ebg

2
σ̂z −∆V Bτ

σ̂z − 1

2
ŝz (1)

where v is the Fermi velocity, Ebg stands for the band gap between the conduction and valence

bands at the K and -K points, τ represents the valley degree of freedom, and σ̂ and ŝz correspond

to the Pauli matrices linked with the orbital and spin degrees of freedom, respectively. The spin

splitting in the valence band, represented by ∆V B, is a result of spin-orbit coupling (SOC). These

parameters in the model Hamiltonian are typically determined through fitting with results from the

first-principles calculations. As an example, 2∆V B = 0.43 eV and ℏv = 4.38 eV·Å are obtained

for WS2.15–17

Then, we calculate the electronic band structure based on the effective k · p model to get

eigenstates for conduction band (CB) edge and valence band (VB) edge ϵτ,c(v)(k) and their Bloch

wavefunctions near different valleys (τ = ±K), which can serve as the basis to construct wave-

functions for excitons and trions. Furthermore, given the parabolic band dispersion near the band

edge, we get the effective masses for electrons (me) in CB and for holes (mh) in VB, and the

masses for the exciton and negatively charged trion, denoted as MX and MT respectively, are the

sum of the electron and hole effective masses, expressed as me +mh and 2me +mh.

To accurately describe bound states like excitons and trions and obtain their binding energy,

the Coulomb interactions between electron-hole (e-h) are taken into account in the Bethe-Salpeter
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equation (BSE)31–33 which typically encompasses both the Hartree and exchange terms. However,

for simplicity, we will consider only the Hartree term initially, which primarily contributes to the

binding of electrons and holes. We first express the creation operators for excitons in valley τ with

momentum QX in the basis of Bloch wavefunctions of the electron and hole at the band edges,34

then we have:

X̂†
τ,QX

=
1√
A

∑
k

ψτ,QX
(k)ĉ†τ,k+λeQX ,s(τ)b̂τ,k−λhQX ,s(τ) (2)

Herein ψτ,QX
(k) is the exciton wavefunction which will be used for the calculation of the scattering

strength discussed in the following. ĉτ,k and b̂τ,k represents electron annihilation operators with

wave vector k in CB and VB near τ valley. A is the quantized area and λe(h) =
me(h)

MX
=

me(h)

me+mh
.

After a basis transformation of the exciton wavefunctions for the electron Bloch wavefunctions

near K(-K) points ψτ,QX
(k) = ϕτ,QX

(k) exp(i(τφk+λeQX
+τφk−λhQX

)/2) (where φk is the phase

of wave vector k), we could further simplify the form factor ⟨uck+q|uck⟩⟨uvk′−q|uvk′⟩ within the

BSE and obtain the Wannier equations.34,35

[ϵτ,c(k+ λeQX)− ϵτ,v(k− λhQX)]ϕτ,QX
(k)− 1

A

∑
q

V2D(q)ϕτ,QX
(k− q)

= Eτ,X(QX)ϕτ,QX
(k)

(3)

Herein, ετ,c(k) and ετ,v(k) in the left-hand represent eigen-energy for CB and VB edges obtained

from k · p model. V2D(q) = e2

ε
2π

q(1+qr0)
is the Rytova-Keldysh potential which is widely used

in 2D materials considering the Coulomb screening.36–38 In this equation, ε denotes the average

permittivity of the environment, and r0 is the screening length. Its real space form can be obtained

through Fourier transformation as V2D(r) = πe2

εr0
[H0(

r
r0
)−Y0( r

r0
)], withH0 representing the Struve

function and Y0 as the second kind Bessel function.36,38,39

Accordingly, we do the Fourier transformation for the exciton wavefunctions to real space

ΨX,τ,QX
(R, r) =

1√
A
e−iQX ·Rϕτ,QX

(r) =
1√
A
e−iQX ·R 1

(2π)2

∫
dkϕτ,QX

(k)eik·r
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and obtain the hydrogen-like Schrödinger equations within the effective mass approximation39

[
−ℏ2∇2

R

2MX

− ℏ2∇2
r

2µ
− V2D(r)

]
ΨX,τ,QX

(R, r) =

(
h2Q2

X

2MX

− Eb,X

)
ΨX,τ,QX

(R, r) (4)

where the Eb,X represents the exciton binding energy, and it is related to Eτ,X(QX) in Eq. 3 by

Eτ,X(QX) = Ebg − Eb,τ,X +
h2Q2

X

2MX
.

Similarly, the trion operator in valley τ with momentum QT can also be written in an electronic

basis. Taking the triplet trion defined in the main text as an example and defining ηe(h) =
me(h)

MT
=

me(h)

2me+mh
:

T̂ †
τ,QT

|FS⟩ =
1

A

∑
k1,k2

ψτ,QT
(k1,k2)ĉ

†
−τ,k1+ηeQT ,s(τ)c

†
τ,k2+ηeQT ,s(τ)b̂τ,k1+k2−ηhQT ,s(τ)ĉ−τ,QT ,s(τ)|FS⟩

(5)

Where the ψτ,QT
(k1,k2) is the trion wavefunctions in the reciprocal space, and |FS⟩ represents the

ground state with the VB fully occupied and the lowest CB partially occupied.34 The corresponding

equations of trion wavefunctions in the real space in the effective mass approximation have been

derived as

[−ℏ2∇2
R

2MT

−
ℏ2∇2

r1

2µ
−

ℏ2∇2
r2

2µ
− ℏ2∇r1 · ∇r2

2mh

− V2D(r1)− V2D(r2)

+ V2D(|r1 − r2|)]ΨT,τ,QT
(R, r1, r2) =

(
h2Q2

T

2MT

− Eb,T

)
ΨT,τ,QT

(R, r1, r2)

(6)

In this equation, the Eb,T is the trion binding energy with ET = Ebg − Eb,T +
h2Q2

T

2MT
and we have

used the relations

ΨT,τ,QT
(R, r1, r2) =

1√
A
e−iQT ·Rϕτ,QT

(r1, r2)

=
1√
A
e−iQT ·R 1

(2π)4

∫
dk1dk2ϕτ,QT

(k1,k2)e
ik1·r1+ik2·r2

ψτ,QT
(k1,k2) = ϕτ,QT

(k1,k2) exp(i(−τφk1+ηeQT
+ τφk2+ηeQT

+ τφk1+k2−ηhQT
)/2)

(7)
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.

We solve these equations mentioned above (Eqs. 3 and 6) numerically to obtain the binding

energies and wavefunctions of neutral and charged excitons. For trions, we utilize variational

methods to bypass the direct solution of these equations and separate wavefunctions into com-

ponents about center-of-mass motion and relative motion. Variational expressions, as previously

suggested in the literature [see details in Refs.19,21,40], are utilized to describe the relative motion

part of wavefunctions, where a, b, c are the variational parameters of the unit of length.

ϕτ,QX
(r; a) ∝ exp(−r/a)

ϕτ,QT
(r1, r2; {b, c}) ∝(exp(−r1/b− r2/c) + exp(−r1/c− r2/b)

(8)

Using the following parameters: me = mh = 0.32me, r0 = 38 Å and ε = ε0,41,42 the variational

parameters that minimize the exciton and trion energy functional are found to be a = 12.9 Å,

b = 12.8 Å, and c = 32.1 Å. The corresponding binding energies are Eb,X = 0.5 eV and Eb,T =

25 meV. These results are in quantitative agreement with experimental data and prior theoretical

predictions.41

The first-principle calculations of electron-phonon coupling

To investigate the phonon-assisted upconversion rate from intravalley trions to excitons, we

need to consider the electron-phonon (el-ph) coupling strength for the lowest CB near the K and

-K valleys assisted by the phonon mode with the energy of ℏων,Q, denoted as |gcc,ν(K,Q)|. In

this study, we employed the Quantum Espresso coupled with EPW code to compute the phonon

dispersion and el-ph coupling matrix.22,23,43 Based on the calculated phonon dispersion as shown

in Fig. S13(a), we find that the energies of A′
2 (ZO1), A1g (HP) and E′ (LO2,TO2) phonon modes

are similar to trion binding energy. Consequently, we focus on these phonon modes and reveal that

the el-ph coupling strength associated with the A1g (HP) mode near the band edge is significantly

larger compared to the other modes [see Fig. S13(b)].
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Figure S12: Electronic band structure calculations for WS2 were performed using first-principles
methods. The parameters for the k · p model can be derived from this band structure.

We calculate the el-ph coupling matrix linked to the A1g mode systemically as shown in

Fig. S13(c) and observe its maximum absolute value (approximately 350 meV·Å) at the Γ point

within the phonon Brillouin zone (BZ), consistent with previous findings.44 This absolute value

exhibits isotropic decay as the momentum increases. For simplicity, we approximate this isotropic

decay behavior fitted with a Gaussian function and use it in the following simulations.

The phonon-assisted upconversion rate

The el-ph interaction allows the coupling between excitons and negatively charged trions in the

K valley. The Hamiltonian considering el-ph interaction is shown in Eq. 9 near the -K valley, which

relates with the K valley by time-reversal symmetry. The operators ĉ†−K,k,↑ and âQ are electron and

phonon operators respectively. We represent the el-ph coupling strength as gQ which is a simplified

form of gcc,A1g(−K,Q) shown above.

Ĥel−ph =
1√
A

∑
k,Q

gQĉ
†
−K,k+Q,↑ĉ−K,k,↑(âQ + â†−Q) (9)
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Figure S13: (a) The phonon dispersion of monolayer WS2. In the figure, each phonon mode
has been systematically labeled, wherein the nearly dispersionless ZO2 mode is the out-of-plane
vibration mode, also referred to as the homopolar (HP) or A1g mode.45 (b) The electron-phonon
coupling matrix for the lowest conduction band is obtained from first-principles calculations, con-
sidering each phonon mode with wave vectors Q = 0. The diagram is plotted in logarithmic
coordinates. (c) The electron-phonon coupling matrix for HP mode near the Γ point. Specific
details can be found in Supplementary Material (SM) Section 11.2.
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Specifically, excitons can capture an additional free electron from the conduction band to create

a trion while emitting a phonon to conserve energy and momentum. Conversely, lower-energy

trions can be scattered into excitons by absorbing a phonon, resulting in the excitation of a free

electron in the conduction band. Therefore, the coupling between trions |TQT
, 1⟩ = T †

QT
|FS⟩ ⊗

|1⟩ph (herein |n⟩ph is the Fock state with phonon number n and see the notion of |FS⟩ in Eq. 5) and

excitons with additional electrons in CB edge ĉ†k+q,↑ĉk,↑|XQX
, 0⟩ph = ĉ†k+q,↑ĉk,↑X

†
QX

|FS⟩ ⊗ |0⟩ph

can be calculated as follows:

⟨XQX
, 0|ĉ†k,↑ĉk+q,↑Ĥe−ph|TQt , 1⟩ =

1

A2

∑
k1

ψ∗(k1 + ηeQT − λeQX)gq+QX

ψ(k1, (1− ηe)QT −QX)
∑
k2

⟨FS|ĉ†k,↑ĉk+q,↑ĉ
†
k2+q+QX ,↑ĉk2,↑ĉ

†
QT−QX ,↑ĉQT ,↑|FS⟩

(10)

Herein, ψ(k) and ψ(k1,k2) are exciton and trion wavefunctions defined in the previous section,

with the subscript of valley index and center-of-mass being disregarded. In this work, we mainly

focus on the case with QX = QT = 0, the scattering rate of the phonon-assisted upconversion

process is approximated as follows:

Gk,q = ⟨X, 0|ĉ†k,↑ĉk+q,↑Ĥe−ph|T, 1⟩ =
1

A2

∑
k1

ψ∗(k1)gqψ(k1,0)fk(1− fk+q) (11)

where fk represents the Fermi-Dirac distribution of the electron state in the lowest conduction band

with wave vector k.

Boltzmann equation

We apply the Boltzmann equations to simulate the dynamic evolution of pumped trions and

compare it with the experimental results. Some approximations are used here, including the fac-

torization of N-electron density matrices14,46 and the Markov approximation.14,47 Once we have

determined the trion-exciton coupling strength discussed above, the related Hamiltonian in a sin-
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gle valley has the form as follows:

Ĥ0 =ET T̂
†T̂ + EXX̂

†X̂ +
∑
k

ϵkĉ
†
kĉk +

∑
q

ℏω0â
†
qâq

ĤLO =
∑
k,q

{GqX̂
†T̂ ĉ†k+qĉkâq +G∗

qâ
†
qĉ

†
kĉk+qT̂

†X̂}
(12)

Herein, T̂ and X̂ are trion and exciton operators with zero wave vectors and the ET and RX are

corresponding quasiparticle energies (we drop the momentum subscript index for brevity). The

third and fourth terms in the first line represent the electron and phonon Hamiltonian introduced

above. The second line ĤLO is the trion-exciton scattering Hamiltonian and Gq ≈ Gk,q is the

approximated trion-exciton coupling matrix (see Eq. 11). The evolution of the particle number of

trions and excitons can be described by semiconductor Bloch equations14

iℏ
d

dt
⟨T̂ †T̂ ⟩ =− iℏ

d

dt
⟨X̂†X̂⟩ = ⟨[T̂ †T̂ , Ĥ0 + ĤLO]⟩

=
∑
k,q

{−Gq⟨X̂†T̂ ĉ†k+qĉkâq⟩+G∗
q⟨â†qĉ

†
kĉk+qT̂

†X̂⟩}
(13)

iℏ
d

dt
⟨X̂†T̂ ĉ†k+qĉkâq⟩|0 =⟨[X̂†T̂ ĉ†k+qĉkâq, Ĥ0]⟩

=− (EX − ET + ϵk+q − ϵk − ℏω0)⟨X̂†T̂ ĉ†k+qĉkâq⟩
(14)

iℏ
d

dt
⟨X̂†T̂ ĉ†k+qĉkâq⟩|LO =⟨[X̂†T̂ ĉ†k+qĉkâq, ĤLO]⟩

=G∗
q{NX(1−NT )(1 +Nq)fk+q(1− fk)

− (1 +NX)NTNqfk(1− fk+q)}

(15)

The formal integration of ⟨X̂†T̂ ĉ†k+qĉkâq⟩ = ⟨X̂†T̂ ĉ†k+qĉkâq⟩|0 + ⟨X̂†T̂ ĉ†k+qĉkâq⟩|LO, so we
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have

⟨X̂†T̂ ĉ†k+qĉkâq⟩ = −
iG∗

q

ℏ

∫ t

−∞
dt′e

i
ℏ (EX−ET+ϵk+q−ϵk−ℏω0)(t−t′)

× {NX(1−NT )(1 +Nq)fk+q(1− fk)− (1 +NX)NTNqfk(1− fk+q)}

=−
iG∗

q

ℏ
(iP 1

1
ℏ(EX − ET + ϵk+q − ϵk − ℏω0

+ πδ(
1

ℏ
(EX − ET + ϵk+q − ϵk − ℏω0))

× {NX(1−NT )(1 +Nq)fk+q(1− fk)− (1 +NX)NTNqfk(1− fk+q)}

(16)

At last, we derive the Boltzmann equations that encompass phonon-assisted trion-exciton scat-

tering processes.

dNT

dt
=− dNX

dt
=

d

dt
⟨T̂ †T̂ ⟩ = 1

iℏ
⟨[T̂ †T̂ , Ĥ0 + ĤLO]⟩

=
∑
k,q

2π|Gq|2

ℏ
δ(EX − ET + ϵk+q − ϵk − ℏω0)

× {NX(1−NT )(1 +Nq)fk+q(1− fk)− (1 +NX)NTNqfk(1− fk+q)}

(17)

By defining the trion-exciton upconversion (ΓTX) and downconversion (ΓXT ) rates which take

into consideration the energy conservation and the Fermi-Dirac distribution of the particles

ΓTX =
∑
k,q

2π|Gq|2

ℏ
δ(EX − ET + ϵk+q − ϵk − ℏω0)Nqfk(1− fk+q)

ΓXT =
∑
k,q

2π|Gq|2

ℏ
δ(EX − ET + ϵk+q − ϵk − ℏω0)(1 +Nq)fk+q(1− fk)

(18)

the Boltzmann equations, delineating the dynamics of trion and exciton populations at the same

valley due to phonon scattering within a single valley, can be expressed as:

dNT

dt
=− ΓTXNT + ΓXTNX

dNX

dt
=− ΓXTNX + ΓTXNT

(19)

Furthermore, incorporating the decay processes35,48,49 and intervalley depolarization processes
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between different valleys8–11,50–54 for excitons and trions, we can express the comprehensive Boltz-

mann equations used for simulating the experimental data discussed in the main text, herein ±

stands for the index of different valleys.

dN±,T

dt
=− (ΓTX + ΓTT + Γr,T )N±,T + ΓXTN±,X + ΓTTN∓,T

dN±,X

dt
=− (ΓXT + ΓXX + Γr,X)N±,X + ΓTXN±,T + ΓXXN∓,X

(20)

In these equations above, ΓTX and ΓXT are calculated directly from Eqs. 11 and 18, based on

results of trion and exciton binding energy and wavefunctions and the first-principles calculation

results for el-ph couplings. Γr,X(T ) represents the decay rate of excitons (trions), ΓXX(TT ) denotes

the intervalley depolarization rate of excitons (trions). The parameters used in the simulation are

fitted from the experimental results and are listed in the table below. These values are consistent

with results in previous studies as shown in Table 2.11,24,26,55–61

Table S1: Parameters used in the Boltzmann equation

T (K) ΓTX (ps−1) ΓXT (ps−1) ΓTT (ps−1) ΓXX (ps−1) Γr,T (ps−1) Γr,X (ps−1)

290 3.54 0.45 0.30 15.0 0.05 0.05

180 1.41 0.23 0.30 10.0 0.05 0.05

78 0.09 0.08 0.10 5.0 0.05 0.05

12 0.00 0.01 0.10 1.0 0.05 0.05

The influence of trion complexes to the dynamic process

The trion complexes include the singlet and triplet trions, strictly speaking, it is more accurate

to consider their scattering channels separately. When we focus on the scattering dynamics of the

singlet and triplet trions (see |+, Ts⟩ and |+, Ttr⟩ as shown in Fig. S14) respectively, we observe

that, for instance, when singlet trions in the K valley (see |+, Ts⟩ in Fig. S14) are excited, they

are mainly scattered to excitons in the same valley (K valley, see |+, X⟩ in Fig. S14) by absorbing
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Table S2: Parameters from references.

ΓTT (ps−1) ΓXX (ps−1) Γr,T (ps−1) Γr,X (ps−1)

MoS2
5.0 (77 K)27 0.02 (300 K)57

MoSe2 0.3 (20 K)55
0.06 (7 K)58

0.21 (20 K)55

0.08 (4 K)62

0.33 (4 K)62

0.004 (10 K)63

WS2
4.76 (77 K)56

1.0 (4.5 K)64
0.01 (10 K)60

0.008 (5 K)65
0.26(5 K)65

0.01 (300 K)66

WSe2
0.25 (13 K)24

0.08 (4 K)59

15.15 (300 K)11

0.17 (4 K)67

0.67 (125 K)67
0.05 (4 K)59

0.05 (∼300 K)26

0.06 (10 K)61

phonons (relaxation process ① as shown in Fig. 1b of the main text) that satisfy the conservation

of energy and momentum, or to triplet trions in the other valley (-K valley, see |−, Ttr⟩ in Fig. S14)

mainly due to the electron-hole exchange interaction (relaxation process ③ as shown in Fig. 1b

of main text). Subsequently, the generated K valley excitons and -K valley triplet trions can expe-

rience intervalley depolarization and intravalley upconversion to evolve to the excitons in the -K

valley (relaxation process ② and ④ as shown in Fig. 1b of the main text). Similar to the singlet

trions in the K valley, when the triplet trions in the K valley are excited by pumping laser, they are

mainly scattered to excitons in the same valley (K valley) or the singlet trions in the other valley

(-K valley), followed by the scattering dynamics to the -K valley excitons. These two types of

trion complexes will undergo similar dynamical processes that strongly depend on the chirality of

related trions and excitons, allowing us to treat them as a unified entity.

Specifically, we made the approximation that triplet and singlet trions share a similar relaxation

rate to exciton with assistance of phonons, ΓTtr,X ∼ ΓTs,X ∼ ΓTX where ΓTtr,X and ΓTs,X are

the relaxation rate from to triplet and singlet trions to the exciton in the same valley respectively.

Correspondingly, the down conversion rates are also assumed to be the same for triplet (ΓX,T tr) and

singlet trions (ΓX,Ts), ΓX,T tr ∼ ΓX,Ts ∼ ΓXT . These approximations shown above are reasonable

to some extent since the trion wavefunction (Eqs. 7) of triplet and singlet trion only differs by
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Figure S14: The diagram of scattering channels between bright exciton, spin singlet and triplet
trion.
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a phase term originating from the form factor and in the long-wave limit the form factor can be

estimated to be close to 1. Consequently, in such approximations, the wavefunctions of singlet and

triplet states of trions become similar. These results in some observable quantities being close in

magnitude.

Furthermore, in the experiment, the difference of binding energies for these two trions is quite

small (∼ 7 meV),9,68 which is comparable to the band widening of pumping laser (see Fig. S7).

Thus, triplet and singlet trions are excited together in our pump-probe experiments. Additionally,

due to the limitation of energy resolution, we cannot distinguish the difference of scattering chan-

nels for triplet and singlet trions at higher temperatures. For the simplification of the discussion,

we combined them together.

The influence of dark excitons to the dynamic process

Numerous other potential scattering channels affect the population dynamics of excitons and

trions, such as those through spin-forbidden dark excitons and trions. Previous studies have in-

vestigated the temperature-dependent photoluminescence and absorption in excitons and trions in

tungsten- and molybdenum-based transition metal dichalcogenides (TMDs).69,70 These studies re-

veal that, due to different spin configurations, the ordering of bright and dark states differs in the

two types of TMDs, leading to varying temperature-dependent population ratios of bright and dark

states. These lower-energy dark states in tungsten-based transition metal dichalcogenides will play

a role in the steady-state photoluminescence. However, in time-resolved photoluminescence (TR-

PL) experiments, some of the scattering processes involving the dark states may occur with much

slower timescales than those considered in the Boltzmann equations or can be considered to pose

the modification on the parameters used in the equations. We can analyze these dark states and the

effects the dark states pose on the scattering dynamics one by one.

1. The intravalley spin-forbidden dark excitons consist of an electron and a hole in the same

valley (DX1 in Fig. S15) but cannot be optically excited because this is a spin-flip transition.

Consequently, they can couple to bright excitons and trions with a spin-flipping scattering
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event, whose scattering rate is very small corresponding to a long scattering time. This

process can be ignored in our simulations.

2. The dark trions with low energy (DT in Fig. S15), however, consist of the two electrons

from the lowest energy conduction band with opposite valley index and a hole, can couple

to the singlet trions without flipping the spin.

3. The momentum-forbidden lowest energy dark excitons (DX2 in Fig. S15) can couple to

bright excitons due to their identical spin alignment. Such scattering may be of the same

order of the relaxation channels we considered.

Figure S15: From left to right at the bottom are the lowest energy spin-forbidden dark exciton,
momentum-forbidden dark exciton and the dark trion. The momentum-forbidden dark exciton and
dark trion can couple to optical bright exciton and singlet trion without flipping the spin.

As shown above, the scattering channels involving dark trions and excitons can be considered

as additional decay pathways for bright trions and excitons, having a similar influence to recom-

bination processes for the sake of simplicity. Therefore, the contributions of these dark states are

partly considered, which have been included in Γr,T and Γr,X . Herein, Γr,T and Γr,X stand for de-

cay rate of trions and excitons. Especially at the low temperature, we can see that these processes

that involves absorbing phonons are suppressed. The excited trions can only depolarize to the other
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valley or decay through emission, or to the low-energy dark states. The existence of the dark states

at the low temperature merely enhances the decay rate of bright trions.
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