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Abstract: We combine theoretical and experimental tools to study elastic properties of Fe-Al-Ti
superalloys. Focusing on samples with chemical composition Fe71 Al22 Ti7 , we use transmission
electron microscopy (TEM) to detect their two-phase superalloy nano-structure (consisting of cuboids
embedded into a matrix). The chemical composition of both phases, Fe66.2 Al23.3 Ti10.5 for cuboids and
Fe81 Al19 (with about 1% or less of Ti) for the matrix, was determined from an Energy-Dispersive X-ray
Spectroscopy (EDS) analysis. The phase of cuboids is found to be a rather strongly off-stoichiometric
(Fe-rich and Ti-poor) variant of Heusler Fe2 TiAl intermetallic compound with the L21 structure.
The phase of the matrix is a solid solution of Al atoms in a ferromagnetic body-centered cubic (bcc)
Fe. Quantum-mechanical calculations were employed to obtain an insight into elastic properties
of the two phases. Three distributions of chemical species were simulated for the phase of cuboids
(A2, B2 and L21 ) in order to determine a sublattice preference of the excess Fe atoms. The lowest
formation energy was obtained when the excess Fe atoms form a solid solution with the Ti atoms at the
Ti-sublattice within the Heusler L21 phase (L21 variant). Similarly, three configurations of Al atoms in
the phase of the matrix with different level of order (A2, B2 and D03 ) were simulated. The computed
formation energy is the lowest when all the 1st and 2nd nearest-neighbor Al-Al pairs are eliminated
(the D03 variant). Next, the elastic tensors of all phases were calculated. The maximum Young’s
modulus is found to increase with increasing chemical order. Further we simulated an anti-phase
boundary (APB) in the L21 phase of cuboids and observed an elastic softening (as another effect
of the APB, we also predict a significant increase of the total magnetic moment by 140% when
compared with the APB-free material). Finally, to validate these predicted trends, a nano-scale
dynamical mechanical analysis (nanoDMA) was used to probe elasticity of phases. Consistent with
the prediction, the cuboids were found stiffer.
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1. Introduction
Fe-Al-based alloys possess great potential for high-temperature applications [1–6] as well as for
other functional and structural use [7–15]. A detailed review can be found, e.g., in Ref. [16]. A subset
of these materials is represented by two-phase Fe-Al-Ti superalloys in which sub-micron cuboids of
an Fe-Al-Ti intermetallic phase are coherently embedded into an Fe-Al matrix (see, e.g., Refs. [2,17–21]).
The phase of cuboids is a variant of Fe2 TiAl which crystallizes in the Heusler L21 -structure.
Material properties of stoichiometric Fe2 TiAl were intensively studied by quantum-mechanical
calculations including thermodynamic and magnetic properties [22,23], electronic properties [24,25],
and elastic properties under ambient conditions [26] or under hydrostatic pressures [23]. The theoretical
predictions related to the level of spin-polarization were confirmed by experiments by Kourov and
co-workers [27]. Interestingly, there is a long-lasting discrepancy related to the low-temperature
magnetic moment of Fe2 TiAl which was theoretically predicted nearly an order of magnitude higher
than the experimental value. Density functional theory (DFT) calculations resulted in 0.9 µB per
4-atom formula unit (abbreviated as f.u.) in Refs. [24,28] in contrast to experimental values, 0.1 µB /f.u.
reported in Ref. [25] or 0.11 µB /f.u. in Ref. [29] for T = 4.2 K. Our recent study [30], which was focused
on this discrepancy, indicates that off-stoichiometric Fe-rich and Ti-poor states of Fe2 TiAl, which were
not considered in previous theoretical studies, play a very important role. Our calculations of the
off-stoichiometric Fe2 TiAl predicted low magnetic moments comparable with the experimental values.
The phase of the matrix appearing in Fe-Al-Ti superalloys is a disordered Fe-Al solid solution
of about 19 at.% Al in a body-centered cubic (bcc) ferromagnetic (FM) iron, α-Fe. This phase was
also intensively studied both experimentally (e.g., in Refs. [21,31]) and theoretically. Regarding
theoretical calculations, the electronic structure and energetics of the dissolution of Al in bcc Fe and
the interaction between Al atoms and vacancies were investigated by ab initio calculations in Ref. [32].
The stability of complexes containing Al and vacancies was found to be driven by strong Al-vacancy
attractions and an Al-Al repulsion. The vibrational entropy of chemically disordered and ordered
Fe-Al compounds were calculated in Ref. [33]. Further, the electronic structure of disordered bcc
Fex Al1− x (0.4 < x < 0.75) alloys around the equiatomic stoichiometry was computed in Ref. [34].
In particular, the disordered phases were studied by the coherent potential approximation (CPA) and
the intermetallic compounds by the tight-binding linear muffin-tin orbital (TB-LMTO) method. Large
local magnetic moments were found in the case of transition metal antisite defect in FeAl when studying
magnetism in Fe-Al (in agreement with the experimental findings). In another theoretical study [35],
a series of quantum-mechanical calculations for a large set of different Fe-Al compositions and local
atomic arrangements was performed to explain the anomalous volume-composition dependence
in Fe-Al alloys. It was found that the spin-polarized calculations of Fe-rich compounds resulted
in an anomalous lattice-constant behavior in qualitative agreement with experiments. However,
the nonmagnetic and fixed-spin-moment calculations of Fe-Al states provided only linear trends
without any anomaly. These studies clearly identified the change in magnetism of iron atoms caused by
an increasing number of Al atoms in the first coordination sphere of the Fe atoms as the decisive driving
force for the anomalous behavior. In a further study, Fähnle et al. [36] applied a cluster-expansion
method to predict the phase diagram for the system Ni-Fe-Al including binary Fe-Al states.
The present study focuses on elastic properties of nano-phases appearing in Fe-Al-Ti superalloys.
A particular attention was paid to the impact of atomic order on elasticity, which has been commonly
neglected in previous studies. We employ quantum-mechanical calculations in order to examine the
elasticity of both phases. As a complement to our calculations, we also probe the elastic properties
experimentally by nano-scale dynamical mechanical analysis.
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2. Materials and Methods
Fe-Al-Ti samples were prepared from high-purity elements Fe (99.95%), Ti (99.8%), and Al (99.95%)
and button-type ingots were produced by arc melting using a MAM-1 furnace (Edmund Bühler GmbH,
Bodelshausen, Germany). In order to achieve a good chemical homogeneity each ingot was melted
four times. Then the ingots were cut using spark erosion in deionized water into discs of about 500 µm
thick and 18 mm in diameter. The surface of these disc-samples was firstly grinded and polished
to remove oxides. Subsequently the samples were polished by Vibromet for 24 h using colloidal
silica suspension (grain size 0.05 µm) from LECO Corporation to guarantee the best possible surface
smoothness. The samples were treated at 1273 K for 168 h in Ar atmosphere, then the heating was
switched off and the samples were furnace-cooled under Ar to room temperature (approx. 2–3 h).
A TESCAN LYRA 3XMU FEG/SEM scanning electron microscope with an accelerating voltage of
20 kV equipped with an XMax80 Oxford Instruments detector for energy dispersive X-ray analysis
(EDS) and focused ion beam (FIB) column was used to follow the chemical composition. Prior to these
SEM observations, sample cross sections were shortly chemically etched in Nital. A transmission
electron microscope (TEM) Jeol JEM 2100F HRTEM with a Schottky cathode operating at 200 kV was
used to study microstructural details. The TEM lamella was taken using a FIB milling method from
appropriately oriented grain (i.e., approximately perpendicular to the supposed [001] orientation).
For the phases identified by electron microscopy we also performed quantum-mechanical
calculations. They were based on density functional theory [37,38] as implemented in the Vienna Ab
initio Simulation Package (VASP) [39,40] using projector augmented wave pseudopotentials [41,42].
The generalized gradient approximation (GGA) was used for the exchange and correlation energy
according to the parametrization by Perdew and Wang [43] employing the Vosko-Wilk-Nusair
correction [44]. The used plane-wave energy cut-off was equal to 350 eV and the reciprocal space was
sampled by a 10 × 10 × 6 Monkhorst-Pack
√
√ k-point mesh. The two studied phases were modeled by
32-atom supercells which were 2 × 2 × 1 multiples of cubic-shape 16-atom supercells based on
2 × 2 × 2 elementary bcc cells (see Figure 1). To illustrate relations between the 16-atom and 32-atom
supercells, Figure 1 visualizes them in the case of the stoichiometric Fe2 TiAl with the Heusler L21
structure. The stoichiometric Fe2 TiAl is chosen as an example so as to show crystallographic relations
without considering any disorder (which is important for the studied phases). All atomic positions and
supercell shape and volume were relaxed. Atomic positions were relaxed so as to reduce the residual
forces acting upon atoms under 0.001 eV/Å. All magnetic states were initially ferromagnetic but the
magnetic degrees of freedom were also allowed to change when searching for minimum-energy states
(but limited to either collinear or anti-collinear arrangement of local magnetic moments of atoms).
To complement our theoretical analysis, hardness and elastic modulus were measured and
evaluated by depth sensing nanoindentation technique performed on a Hysitron TI950 Triboindenter
equipped with a cube corner tip. The tip diameter was approximately 40 nm. The nanoscale measuring
head with resolution of 1 nN and load noise floor less than 30 nN was used for this study. The samples
were tested in the range of indentation loads from 0.01 to 10 mN. The quasistatic indentation tests
were carried out in a load controlled regime using a constant loading rate of 0.2 mN/s. Moreover,
the dynamic modulus mapping method was used to study the response of the sample to dynamic
loading in the range from 200 to 300 Hz. During this measurement, the nanoindentation tip scanned
the sample surface in a raster mode in order to image the sample topography. Simultaneously, the tip
oscillated during the surface scanning. Because the tip oscillation was much faster than the feedback
response of the piezoscanner, the in-situ image was not affected by the oscillations. The phase and
amplitude signals were analysed in order to get the stiffness and damping data. In order to calculate the
storage and loss moduli from these data, the projected contact area between the tip and the sample was
measured at the same indentation depths which were used for the modulus mapping tests. In order to
determine the correct contact area a special area function was applied using tip calibration with low
indentation loads [45]. The dynamic load amplitude was in the range from 0.5 to 3 µN, whereas the
static contact load was in the range from 2 to 6 µN. The lateral resolution of the modulus mapping
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method depends on mechanical properties of the measured material, the nanoindenter tip shape and
the settings of the lock-in amplifier which is used to process the displacement signal [45]. The lateral
resolution of modulus mapping can be approximated by the size of the contact radius calculated on
the basis of Hertz’s contact theory [45,46]. In the case of the presented results the estimated lateral
resolution was around 5 nm.

Figure 1. A schematics showing relations between a 16-atom cubic-shape supercell of stoichiometric
Fe2 TiAl with the Heusler L21 structure (a) and a 32-atom supercell (b) of the type which we used for
our study. The dashed lines in the part (b) show the 45◦ -rotated 16-atom cell exhibited in part (a).

3. Results and Discussion
3.1. Transmission Electron Microscopy of Fe-Al-Ti Phases
Our TEM analysis of the samples with the overall composition Fe71 Al22 Ti7 revealed a two-phase
superalloy microstructure (see Figure 2a). The subsequent EDS study (Figure 2b–d) and line-scans
(Figure 2e,f) provided the chemical composition of both phases. The chemical composition agreed
on average with the published thermodymanical assessment of the Fe-Al-Ti system [16]. In this
assessment the composition Fe71 Al22 Ti7 is located in a two-phase region within the ternary Fe-Al-Ti
phase diagram. The phase Fe66.2 Al23.3 Ti10.5 of cuboid precipitates is Fe-rich and the Ti-poor variant of
the Fe2 TiAl Heusler L21 -structure. The composition of the matrix was estimated to be Fe80 Al19 Ti1 .

Figure 2. A transmission electron microscope (TEM) micrograph (a) showing the superalloy
nano-structure in our Fe71 Al22 Ti7 sample. The corresponding chemical composition (b–d) as detected
by the Energy-Dispersive X-ray (EDS) spectroscopy in the same spot of our TEM lamellae. The analysis
is accompanied by one of our line-scans (e) together with the corresponding chemical profile (f).
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3.2. Theoretical Calculations of Thermodynamic and Elastic Properties
In order to determine the nano-scale elastic properties of the two phases identified by electron
microscopy (see Figure 2), we have employed quantum-mechanical calculations. Starting with
the phase of cuboids, we used three 32-atom periodically repeated supercells with composition
Fe62.5 Al25 Ti12.5 (20 atoms of Fe, 8 atoms of Al and 4 atoms of Ti) as an approximant of the
above-discussed chemical composition (Fe66.2 Al23.3 Ti10.5 ). While we know the overall composition,
which is different from the stoichiometric Fe2 TiAl Heusler compound, we do not know where the
additional Fe atoms are located. Therefore, we have considered three different supercells which differ
in the distribution of atoms. As the first polymorph we consider a completely disordered solid solution
(A2). It is modeled using the general special quasi-random structure (SQS) concept [47] and generated
by the USPEX code [48–50] (see Figure 3a). The second variant consists of an ordered sublattice of
regular Fe atoms in the Heusler L21 structure (see yellow dashed lines in Figure 3b). However, Al, Ti
as well as excess Fe atoms form a solid-solution (modeled by another SQS) on the Al and Ti sublattices
of the L21 structure (the B2 case). The third polymorph consists of regular Fe atoms and Al atoms that
occupy their corresponding sublattices within the L21 structure (see yellow and blue dashed lines in
Figure 3c). The excess Fe atoms and Ti atoms form a random solid solution (an SQS) at the Ti sublattice
(the L21 variant). Let us remind that the three above-described variants (which we call A2, B2 and L21 )
have the same composition Fe62.5 Al25 Ti12.5 and, for example, the L21 case is thus an off-stoichiometric
variant of the stoichiometric Heusler compound with the L21 structure.

Figure 3. (Upper row) Schematic visualization of the employed 32-atom computational supercells
with the chemical composition Fe62.5 Al25 Ti12.5 (20 atoms of Fe, 8 atoms of Al and 4 atoms of Ti). These
structures are used for modeling the phase of cuboids for which the equilibrium composition was
determined to be Fe66.2 Al23.3 Ti10.5 . The supercells differ in the distribution of atoms (see text). Yellow
and blue dashed lines indicate ordered sublattices as in stoichiometric Heusler structure. (Lower row)
Visualization of the anisotropic elastic properties for each atomic distribution in the form of directional
dependences of the Young’s modulus (using the SC-EMA software [51,52], scema.mpie.de).

The thermodynamic stability of the polymorphs was assessed from their computed energies E by
evaluating the formation energy Ef (Fex Aly Tiz ) = (E(Fex Aly Tiz ) − x · µFe − y · µAl − z · µTi )/(x + y + z)
where x, y, z are the numbers of Fe, Al and Ti atoms in the supercells and µ’s are their chemical
potentials, i.e., energies of elemental bcc ferromagnetic Fe, non-magnetic fcc Al and non-magnetic
hcp Ti. The formation energies are −0.183 eV/atom (Figure 3a, A2), −0.272 eV/atom (Figure 3b, B2)
and −0.318 eV/atom (Figure 3c, L21 ). The L21 polymorph (Figure 3c) is thus thermodynamically
the most stable one. The other two, A2 and B2, can be considered as models for non-equilibrium
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or high-temperature states. Considering our computational supercells as models for materials with
different levels of disorder, we also evaluate the ideal configurational entropy Sconf . As different
polymorphs have different numbers of ordered and disordered sublattices (with different number of
lattice sites), we use a generalized formula (see, e.g., Ref. [53]) derived for the sublattice model [54]
Sconf = − R ∑α aα ∑i f iα ln f iα where R is the universal gas constant, i runs over different chemical
species, α over different sublattices, aα is the ratio of lattice sites of a sublattice α with respect to the
total number of all lattice sites and f iα is the concentration of a chemical species i on a sublattice α. In our
case all studied variants have only one disordered “sublattice” which contains either all atomic sites (the
A2 variant), a half of them (the B2 variant) or one quarter of all lattice sites (the L21 variant). The ideal
configurational entropy is therefore Sconf = − Ra ∑i f i ln f i with the a coefficient equal to 1, 1/2 and
1/4 for the A2, B2 and L21 variant, respectively, and f i being the concentrations of chemical species on
the disordered (sub-)lattice. The configurational entropy of the three studied variants is (in units of R)
equal to 0.90026, 0.51986 and 0.17329 for the A2, B2 and L21 variant, respectively. The more ordered
variants are predicted to have lower formation energies but they have lower configurational entropies.
Consequently, depending on the actual values, order-to-disorder transitions are possible at elevated
temperatures. In order to address them we approximately evaluate the free energies of formation Ff for
each variant using the formula Ff = Ef − TS, where we put the entropy term S equal to Sconf discussed
above. A L21 -to-B2 transition is predicted at 1267 ◦ C while the other transition temperatures (L21 -to-A2
and B2-to-A2) are much higher than the considered temperature range, and thus the ordered phase
is certainly stable here. A direct comparison of the predicted and experimental L21 -to-B2 transition
temperature is, unfortunately, not possible because (i) the Fe-Al-Ti phase diagram [16] for 1200 ◦ C has
no two-phase region for compositions close to the overall composition of our samples (Fe71 Al22 Ti7 )
and (ii) it is uncertain whether phases with off-stoichiometric L21 structure exist at these temperatures
for compositions close to that which we simulate for the cuboids (the competing orderings are, in fact,
the simulated ones, i.e., the B2 and A2, see Ref. [16]). Regarding magnetic and structural properties of
the studied variants, their magnetic moments (in µB per 32 atoms) are 37.35 (A2), 14.88 (B2) and 9.94
(L21 ) and their volumes (in Å3 per atom) are 12.59 (A2), 11.84 (B2) and 11.78 (L21 ). The lower volumes
roughly correspond to lower magnetic moments.
For all three polymorphs (Figure 3a–c) we computed a complete set of elastic constants Cij using the
stress-strain method [55]. The calculated matrices of√elastic√constants were determined in the coordinate
system of these supercells. These are formed by 2 × 2 × 1 multiples of a cubic-shape 16-atom
supercell with the standard Cartesian coordination system of a cubic cell. Due to this construction,
the axes of the 32-atom supercells (Figure 3a–c) are pointing in the [110] and [110] directions of the
standard system (along the cube-cell edges of an elementary 2-atom bcc cell). Therefore, we first
rotate the computed elasticity matrices using our recently developed software tool MELASA (to be
published, freely available at https://melasa.cerit-sc.cz/). Next, due to the SQS distribution of atoms,
the computed systems do not have a full cubic symmetry while a large-enough crystal of the studied
material has cubic-symmetry properties due to averaging over different spatial distributions of atoms in
different parts (and along different directions) of the crystal. Therefore, the calculated elastic constants
were projected onto a set of elastic constants possessing a cubic symmetry according to the rigorous
mathematical theory by Moakher and Norris [56]. Similar concepts are often used in the case of systems
with any form of disorder (see, e.g., Refs. [57–61]). The Appendix A contains an example of this
procedure in the case of the L21 polymorph of the phase of cuboids (Figure 3c).
The resulting cubic-symmetry elastic constants equal to C11 = 177 GPa, C12 = 125 GPa, C44 = 105 GPa
for the SQS where all atoms form a general solid solution (see Figure 3a, A2). Next, C11 = 226 GPa,
C12 = 91 GPa and C44 = 116 GPa for the SQS with the sublattice of regular Fe atoms ordered in the Heusler
L21 phase but the other atoms are randomly distributed over the remaining sublattices (see Figure 3b,
B2). Finally, C11 = 303 GPa, C12 = 135 GPa and C44 = 136 GPa for the SQS where the sublattices of
regular Fe and Al atoms are ordered and defect-free while the excess Fe atoms and Ti atoms form a solid
solution on the original Ti sublattice of the stoichiometric Heusler structure (see Figure 3c, the L21
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case). The elastic properties were then visualized in the form of directional dependences of the Young’s
modulus in the lower row of Figure 3. As can be seen, the overall stiffness grows with increasing
chemical ordering (from Figure 3a to Figure 3c) while the elastic anisotropy (expressed by the Zener
anistropy ratio 2C44 /(C11 –C12 )) is 4.04 (the A2 case), 1.72 (B2) and 1.62 (L21 ), respectively.
When studying the Fe-Al phase of the matrix, we have re-evaluated the Al-Al repulsion reported
in Ref. [32] using our own computational set-up. In particular, two Al atoms in 32-atom supercells with
the Fe atoms were located as 1st, 2nd, 3rd and 4th nearest neighbors (NN) pairs (see Figure 4). Indeed,
the energy decreases with Al atoms further apart. Locally, also non-equilibrium atomic configurations
can occur. We have therefore simulated three additional distributions representing different internal
distributions of atoms employing 32-atom supercells (see Figure 5a–c). Their composition was
Fe81.25 Al18.75 (26 atoms of Fe and 6 atoms of Al) as approximants for the above-discussed chemical
composition (Fe80 Al19 Ti1 , the minor amount, 1%, of Ti is neglected). The first polymorph corresponds
to a distribution where all atoms form a complete disordered solid solution (A2) modeled by a general
special quasi-random structure, SQS (Figure 5a). The second variant is a B2-type SQS with the Al
atoms on one of the two sublattices only, i.e., there are no 1st Al-Al NN pairs, Figure 5b, B2). The third
polymorph is a D03 -type SQS with Al atoms on only one of the three sublattices, i.e., there are no
1st and 2nd Al-Al nearest-neighbor pairs, Figure 5c, D03 ). We note that all the three variants of the
phase of the matrix have the same concentration of Al (18.75 at.%) and the B2 and D03 cases are thus
off-stoichiometric.
The corresponding formation energies are −0.119 eV/atom (Figure 5a, A2), −0.121 eV/atom
(Figure 5b, B2) and −0.144 eV/atom (Figure 5c, D03 ). The polymorph with the least disordered
distribution (Figure 5c) and Al atoms further apart is thus thermodynamically the most stable in
line with the discussed Al-Al repulsion as well as with experimental data obtained for the Fe-Al
binary system (this tendency is behind the formation of the Fe3 Al intermetallics with the D03
structure). The other two structures (A2 and B2) can be considered as models for non-equilibrium
or high-temperature states. Similarly as in the case of the cuboid phase, we can evaluate the ideal
configurational entropy for the three variants of the matrix phase. Their configurational entropies
(in units of R) are equal to 0.48258, 0.33078 and 0.14058 for the A2, B2 and D03 variant, respectively.

Figure 4. Results of quantum-mechanical calculations of interactions of Al atoms in a ferromagnetic
body- centered-cubic (bcc) Fe. The calculated energies are shown as energy differences relative to the
lowest obtained energy (when the Al atoms are located mutually as the 4th nearest neighbors (NN)
pairs) which is set to be the energy zero (dash-dotted horizontal line).
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Figure 5. Upper row: Schematic visualization of the 32-atom computational supercells with chemical
composition Fe82.25 Al18.75 (26 atoms of Fe and 6 atoms of Al) used for modeling of the Fe-Al phase of
the matrix. The supercells differ in the distribution of atoms (see the text for details). The left variant
is a distribution when all atoms form a complete disordered solid solution modeled by a general
special quasi-random structure, the A2 case (a). The middle variant is a B2-type SQS with all the Al
atoms on only one of the two sublattices, i.e., there are no 1st NN Al-Al pairs (b). The right figure
shows a D03 -type SQS with the Al atoms on only one of the three sublattices—there are no 1st and
2nd Al-Al NN pairs (c). Lower row: Visualization of anisotropic elastic properties for each atomic
distribution in the form of directional dependences of the Young’s modulus (visualized by the SC-EMA
software [51,52]).

The higher configurational entropy of the A2 and B2 variants may (among other factors) prevent
the matrix from crystallizing in the D03 variant (which has the lowest formation energy) at non-zero
temperatures. The lowest formation energy obtained for the D03 variant is understandable as it reflects
the nature of the Fe-Al system where the Fe3 Al intermetallics with the D03 structure exists for 25 at.%
of Al. The reasons for this behavior include the Al-Al repulsion (see above). Regarding magnetic and
structural properties of the studied variants, their magnetic moments (in µB per 32 atoms) are 56.57
(A2), 56.31 (B2) and 55.49 (D03 ) and their volumes (in Å3 per atom) are 11.84 (A2), 11.57 (B2) and 11.76
(D03 ). The changes due to different atomic configurations are smaller than those in the variants of the
phase of cuboids.
Following just the same procedure as described above in the case of the three variants of the
phase of cuboids, we have determined elastic constants with a cubic symmetry. Their values are
C11 = 205 GPa, C12 = 135 GPa and C44 = 122 GPa for the A2 SQS when the Fe and Al atoms form
an ideal solid solution (Figure 5a), C11 = 195 GPa, C12 = 146 GPa and C44 = 124 GPa for the B2 SQS
without the 1st Al-Al NN pairs (Figure 5b) and C11 = 195 GPa, C12 = 149 GPa and C44 = 130 GPa for the
D03 SQS without the 1st and 2nd Al-Al NN pairs (see Figure 5c). These results agree quite well with
(close to T = 0 K) experimental data [62]: C11 = 188 GPa, C12 = 126 GPa and C44 = 130 GPa. The elastic
properties were then again visualized by the directional dependences of the Young’s modulus in the
lower row of Figure 5. The maximum value of the Young’s modulus (in the h111i family of directions)
grows with increasing ordering (from the A2, Figure 5a, to D03 , Figure 5c) while the elastic anisotropy
(the Zener anistropy ratio) increases from 3.49 to 5.06 and eventually to 5.65.
When comparing the elasticity of the thermodynamically most stable cuboid polymorph
(Figure 3c) with that of the phase of the matrix (Figure 5c), we find the phase of cuboids to be
elastically stiffer. The elasticity difference reaches its maximum for the h001i family of directions
when the phase of cuboids has the Young’s modulus equal to 220 GPa while the matrix exhibits
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only 98 GPa. These values are obtained applying the ELATE software [63] on our computed elastic
constants. The difference in the Young’s modulus of both phases becomes gradually smaller when
changing the direction from the h001i family towards the h111i family. Here, the difference is smallest
with the Young’s modulus equal to 330 GPa in the case of the phase of cuboids and 290 GPa in the case
of the Fe-Al matrix. The overall elasticity of the phase of cuboids is thus predicted to be stiffer than
that of the phase of the matrix.
3.3. Nano-Scale Dynamical Mechanical Analysis of Fe-Al-Ti Phases
To complement the quantum-mechanical predictions, a nano-scale dynamical mechanical analysis
(nanoDMA) was employed to determine elastic properties of both phases, see Figure 6. A characteristic
surface pattern, shown in Figure 6, allows to distinguish two elastically different phases—one (brighter
in Figure 6) surrounded by another darker one. The size of these features is very comparable
with that of our TEM analysis, see Figure 2, which we assigned to cuboids within the matrix.
The nanoDMA results suggest that the phase of cuboids is elastically stiffer than the matrix confirming
our computed trends.

Figure 6. Nano-scale elastic properties of the studied Fe-Al-Ti superalloy detected by Hysitron
nanoDMA (nano-scale dynamical mechanical analysis) detector.

Based on the above analysis we can conclude that (i) the elasticity of the phase of cuboids is
much more sensitive to the actual arrangement of atoms (i.e., the level of chemical order in the
different sublattices, see Figure 3) while (ii) the elastic properties of the Fe-Al matrix are less sensitive
(see Figure 5) and (iii) the variant of the phase of cuboids with the lowest formation energy is stiffer
in most crystallographic directions than the phase of the matrix. These theoretical conclusions can
be obtained directly from the results. However, interlinking them with the experimental nanoDMA
results (see Figure 6) is less straightforward since the calculations are based on certain approximations.
The calculations were performed for defect-free crystals with atoms in their equilibrium positions,
i.e., corresponding to very low temperature (close to T = 0 K), while the nanoDMA measurements
were performed at room temperature. Since the melting temperature of Fe-Al-Ti alloys is much higher
than room temperature, the impact of temperature is probably not crucial.
The defect-free nature of the computed crystals is more serious. In experimental samples, due to
cooling of the samples from the annealing temperature of 1000 ◦ C down to room temperature,
a microstructure with a complex internal structure of co-existing phases formed. The details of
the structure of phases is known to depend sensitively on the thermo-mechanical sample history,
see, e.g., Refs. [64–67]. Considering the equilibrium phase diagrams for different temperatures
published in Refs. [16,18], it is likely that the single-phase A2-type Fe71 Al22 Ti7 solid solution partly
orders upon cooling into the B2 phase (900–950 ◦ C). It may then (below 800 ◦ C) further decompose into
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a two-phase A2 + L21 composite material. Unfortunately, our experimental sample characterization
techniques do not allow to determine the actual level of order in the two co-existing phases.
Our quantum-mechanical calculations, which simulated different atomic arrangements with various
levels of ordering in each of the constituting phase, were, in fact, performed to compensate (at least
partly) for this lack of experimental data.
While the existence of differently ordered phases can be covered by our theoretical analysis
discussed above, there is another issue related to internal phase transformations: they lead to the
formation of anti-phase domains which crucially affect the mechanical properties. In order to estimate
the impact of anti-phase domains and, in particular, anti-phase boundaries (APBs) separating them,
on the elastic properties, we have determined the elasticity of an APB-containing phase of cuboids
(see Figure 7a). The variant of the phase of cuboids with the lowest formation energy, see Figure 3c,
was chosen because it has the most ordered sublattices and, therefore, it may be assumed that an impact
of antiphase boundaries will be the most significant. As detailed information related to the atomic-scale
structure of APBs in Fe-Al-Ti system is lacking, we simulate an APB by using the approach proposed
by Marcinkowski and Brown [68] in the case of ordered Fe3 Al with the D03 lattice. This choice is
motivated by the fact that the D03 lattice is a binary variant of the ternary L21 lattice, i.e., it has nearly
identical atomic configurations as that shown in Figure 3c except for the off-stoichiometry.

Figure 7. Schematic visualization of the Fe-Al-Ti phase of cuboids modeled by a double 64-atom
supercell without any anti-phase boundaries (a) and with an anti-phase boundary (APB) (b) together
with the corresponding ab initio calculated local magnetic moments (c,d) and elastic properties (e,f)
visualized in the form of a directional dependence of the Young’s modulus for both the APB-free and
the APB-containing case, respectively. The magnitude of the local magnetic moments is visualized by
the diameter of spheres representing the atoms (the scaling can be deduced from an example of one of
the Fe atoms for which its local atomic magnetic moment of 2.5 µB is listed). The change of the overall
magnetic moment is very significant: the APB-containing state (see part (b)) has the total magnetic
moment higher by 140% than the APB-free one (see a similar effect in, e.g., Ref. [69]). Red dashed
arrows in (a,b) indicate layering of Al atoms, which is altered due to the APB shift (full red arrow).
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Further, regarding our choice of the h100i type of APB, we are aware that this type may have
a lower impact on the properties but we expect also a lower energy of the interface for this type of APB
and thus a higher density of these defects (and, consequently, their higher importance). To model the
APB, we double the supercell shown in Figure 3c along the [001] crystallographic direction so that the
supercell contains 64 atoms (see Figure 7a). Then, we alter the layering of atoms in the upper half of
this doubled supercell with respect to the lower part (see Figure 7b). Using this approach we find the
minimum energy state by relaxing atomic positions, the volume as well as the shape of this supercell.
The corresponding local atomic moments of atoms are visualized in Figure 7c,d for both the APB-free
and the APB-containing case, respectively, and a significant impact of the studied APB on magnetism
is seen. Having optimized the studied APB, we employ the stress-strain method to determine the
elastic constants of the corresponding supercell (Figure 7b).
The calculated elastic properties of the APB-containing material are visualized in Figure 7f.
We can compare this directional dependence of the Young’s modulus (Figure 7f) with that of the
APB-free cuboid material, see Figure 3c—the elastic properties are visualized here again (see Figure 7e)
without the 45◦ rotation and higher-symmetry mapping. It becomes clear that the simulated APB
makes the phase of cuboids softer. In particular, the elastic constants of the APB-containing material,
C11 = 227 GPa, C12 = 117 GPa and C44 = 126 GPa, are lower than those obtained for the APB-free
crystal (C11 = 303 GPa, C12 = 135 GPa and C44 = 136 GPa discussed above). The simulated APB in
the phase of cuboids, as defects affecting the elastic properties, would thus make the elasticity of
the phase of cuboids more similar to that of the Fe-Al phase of the matrix. Nevertheless, it should
be stated that this softening is determined for our APB-containing supercell (Figure 7b) which has
an unrealistically high density of APBs (two per supercell). Therefore, the above-discussed softening is
predicted for an infinite stack of periodically repeated and ideally flat APBs of the simulated type. In
reality, the density of APBs would very likely be lower and the structure and the type of APBs would
be much more complex. Regarding the former aspects, i.e., the lower density of APBs, the impact of
APBs in reality is assumed to be smaller than the calculated one.
As another microstructural feature which can significantly impact the properties, we consider the
possibility of a finer sub-structure of individual cuboids, i.e., the other phases coherently co-existing
inside the larger cuboids. This has been observed for ferritic Fe-Al-Cr-Ni-Ti alloys [70]. Again,
our characterization techniques do not allow to test the existence of these phases. Considering
the fact that cuboids contain Fe, Al and Ti as constituting elements and assuming that the finer
phases would be binaries with close-to-equiatomic compositions (which are typically the same or
thermodynamically close to the most stable compounds), we examined FeAl, FeTi and TiAl with
the B2-structure. In particular, we have determined the lattice parameters of all these three binary
phases and compared them with the lattice parameter of the variant of the phase of cuboids with
the lowest formation energy (L21 parameter is equal to 2.866 Å). Our calculations show that the
B2-TiAl and B2-FeTi have lattice parameters that are way too large to form coherent particles, 3.181 and
2.944 Å, respectively. In contrast, B2-FeAl matches nearly perfectly the cuboid matrix with a lattice
parameter theoretically predicted to be 2.872 Å. Moreover, elemental iron with computed lattice
parameter of 2.829 Å would also structurally match the cuboid matrix very well. It should be noted
that the equilibrium higher-temperature Fe-Al-Ti phase diagrams do not contain any of the additional
coherently-coexisting phases which we considered in our analysis. However, the studied phases can
be off their equilibrium and, therefore, the sub-nanometer internal phases can exist due to a sluggish
diffusion as frozen-in metastable phases (or even unstable ones stabilized by surrounding material).
4. Conclusions
We have combined theoretical and experimental techniques to study nano-scale elastic properties
of Fe-Al-Ti superalloys with the composition Fe71 Al22 Ti7 . After confirming a two-phase sub-micron
superalloy nano-structure (cuboids of one phase coherently embedded into a matrix of another phase)
by TEM, we have determined the chemical composition of both phases by EDS data as well as those
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from a previous thermodynamic assessment (see, e.g., Ref. [16]). The phase of cuboids is observed to
be a strongly off-stoichiometric (Fe-rich and Ti-poor) Fe66.2 Al23.3 Ti10.5 variant of the Heusler Fe2 TiAl
intermetallic compound with the L21 structure. The phase of the matrix is a solid solution of Al
atoms in a ferromagnetic body-centered cubic (bcc) Fe with composition Fe81 Al19 . Not having detailed
information about the atomic distributions in the studied nano-phases from experiments, we have
computed and compared properties of three different types of distributions of Al atoms in the phase of
the matrix and three different distributions of atoms in the phase of cuboids employing the special
quasi-random structure (SQS) concept. In particular, three different distributions of chemical species
(A2, B2 and L21 ) were simulated for the phase of cuboids in order to determine the preference of
the excess Fe atoms for the various sublattices. Our calculations predict the lowest formation energy
(and so the highest termodynamic stability) for a solid solution of excess Fe atoms and Ti atoms at the
Ti-sublattice within the Heusler L21 phase (the L21 phase). Similarly, the studied polymorphs of the
phase of the matrix include a general randomly distributed variant (A2) as well as B2 and D03 cases
when the 1st or the 1st and 2nd nearest-neighbor (NN) Al-Al pairs are eliminated (the B2 and D03
variants, respectively). In agreement with the reported repulsion of Al atoms and the experimental data
for the Fe-Al binary system, the SQS without the 1st and 2nd NN Al-Al pairs (the D03 variant) turned
out to have the lowest formation energy. It should be noted that our assessment of the thermodynamic
stability of different atomic configurations was based only on the evaluation of formation energies of
static lattices and partly also of the configurational entropy (an analysis of other effects/terms, such as
those related to phonons or magnons, we suggest as a topic for future studies).
After computing complete tensors of elastic constants of all studied phases, we observe clear
trends: First, an increasing order in the sublattices typically leads to a higher stiffness and a lower
(higher) elastic anisotropy in the case of the cuboid (matrix) phase. Second, the cuboid L21 phase is
found to be elastically stiffer than the phase of the matrix. Notably, the Young’s modulus of 220 GPa is
more than twice higher than that of 98 GPa in the case of the h001i family of directions. On the other
hand, the stiffness of both phases is nearly equal along the h111i family of directions.
To complement the ab initio calculations, a nano-scale dynamical mechanical analysis (nanoDMA)
was used to determine elastic properties of both phases. The phase of cuboids was found elastically
stiffer than the phase of the matrix. While the nanoDMA data qualitatively agree with the theoretical
results, a direct quantitative comparison is difficult due to the structural complexity of the experimental
samples (compositional variations, structural defects, anti-phase boundaries, nano-scale coherently
co-existing phases, etc.). In order to qualitatively estimate the impact of structural defects, we have
simulated an APB in the L21 phase of cuboids. The studied APB is shown to soften the phase of
cuboids. A quantitative estimate would, however, require more information related to the APB-affected
material. As another impact of APBs, we predict a significant increase of the magnetic moment.
Finally, considering the fact that anisotropic elastic properties of both the matrix and cuboids
have a significant impact on the morphology of superalloy microstructure (see, e.g., Ref. [71]), which
in turn is crucial for their high-temperature strength and creep resistance, we hope that our study will
provide input values for these coarse-grained approaches (as in Ref. [71]) that can shed a new light on
intricate structure-property relations in these materials.
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Appendix A
As an example of our computational procedure related to elastic constants we consider the case
of the L21 phase of cuboids (Figure 3c). The ab initio calculated elastic constants are










354.96
85.64
129.93
−0.01
−0.40
−0.51

85.64 129.93
355.34 129.94
129.94 314.30
−0.21 −0.16
−0.54
0.03
−0.73
0.33


−0.01 −0.40 −0.51
−0.21 −0.54 −0.73 

−0.16
0.03
0.33 

.
136.94 0.63
0.38 

0.63 136.93 −0.10 
0.38
−0.10 76.58

When rotating the coordinate system by 45◦ around the z-axis by the MELASA tool, we obtain:
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Finally, after neglecting all values with absolute value smaller than 1 GPa, i.e., clearly smaller than
our computational errors, and projecting the elastic constants onto a set of elastic constants possessing
a cubic symmetry [56], we have the above-listed values C11 = 303 GPa, C12 = 135 GPa, C44 = 136 GPa.
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