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To understand the removal of particles from surfaces by water drops, we used an inverted laser
scanning confocal microscope to image the collision between a water drop and a particle on a flat
polydimethylsiloxane (PDMS) surface. The dynamic drop–particle contact line was monitored by fixing
the drop directly above the objective lens while moving the sample stage at well-defined speeds (10–500 mm s1).
The lateral force acting on the drop during the collision was measured as a function of speed, using a force sensor
mounted on the microscope. Depending on the collision speed, the particle either stays attached at the rear of
the drop or detaches from it. We propose a criterion to determine whether the particle remains attached to the
drop based on the capillary and resistive forces acting on the particle during the collision. The forces measured
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when the particle crosses the air–water interface are compared to existing models. We adapted these to account
for rolling of the particle. By comparing our experimental measurements with an analytical model for the capillary
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torque acting on a particle rolling at an interface, we provide detailed insights on the origins of the resistive force
acting on the particle when it is pushed or pulled by the drop. A low friction force between the surface and the
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particle increases the likelihood of particle removal.

1 Introduction
Dust particles adhere to surfaces, such as windows, leaves and
solar panels. Outdoors, there is a chance that these surfaces get
cleaned when dew, fog or raindrops move over the surface and
collide with the particles.1–5 But how and when does a drop remove
a particle? The mechanism is still poorly understood. In particular,
it is unclear which forces are involved when a moving drop hits
a single particle and how the drop deforms during the collision.
A better understanding of this process is not only of fundamental
interest but also guides the design of self-cleaning surfaces.
The collision of liquid–air interfaces with a large number of
particles has been monitored on various surfaces, using optical
or fluorescence microscopy.6–11 On superhydrophobic surfaces,
particles are lifted and removed at the receding side of the rolling
drop.12 However, in all previous studies, the focus was on using a
large number of particles and on describing averages. Results
were expressed in terms of the removal efficiency or the average
friction force due to multiple particles. There are no studies that
focus on an individual particle. Therefore, it is not clear why
some particles are usually left behind, despite having similar
sizes and surface chemistry as the ones that are removed. To
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study this problem, we used an inverted laser scanning confocal
microscope to image the process with microscopic resolution
(1 mm or better) and to measure lateral forces (resolution E200 nN)
in situ [Fig. 1(a)]. Measuring the forces acting on a particle allows us
to test existing models quantitatively. We performed force measurements by using a force sensor to fix the drop above the
objective lens whilst moving the sample stage at well-defined
speeds. This method allows us to dynamically monitor the collision
between a drop and a particle. The technique can also be used to
study a wide range of problems where the combination of microscopic imaging with lateral force measurements is desirable.
A particle in contact with a surface experiences adhesion
forces such as the van der Waals force,13,14 and capillary forces
when in a humid environment.15–17 Due to the finite elasticity
of materials, these adhesion forces deform the contacting
bodies.18 The normal adhesion force and the resulting deformation
influence the lateral friction force when the particle moves relative
to the surface.19,20 Furthermore, the friction force depends on
whether the particle rolls or slides. All these forces must be
considered together with the capillary force between drop and
particle to predict particle removal. Providing a general prediction
for whether a particular liquid can remove a specific type of particle
is a complex problem combining expertise in tribology, surface
forces, and capillary interactions. For example, a hydrophilic
particle is more strongly attracted to water compared to a hydrophobic particle. However, this property alone is insufficient to
predict which particle is more likely to be removed by a drop since
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Fig. 1 Experimental setup and possible collision outcomes. (a) Experimental setup to image the collision and to measure lateral forces using a confocal
microscope. The surface moves to the right, while the drop’s (blue) position is fixed by the blade (grey). (b) Possible outcomes of a head-on collision (bottom
view). The red arrows indicate the direction of motion of the particle. Fpush
(Fpull
g
g ) is the maximum capillary force that the air–water interface exerts on the
particle when the latter is to the left (right) of the drop. Fpush
(Fpull
R
R ) is the resistive force acting on the particle when it is pushed (pulled) by the drop.

the shape and hydrophobicity of the particle also influences the
adhesion force between the particle and the surface. Here, we focus
on a system comprising of a flat polydimethylsiloxane (PDMS)
surface, a spherical glass particle, and water.
Although PDMS is a widely used material, it should be noted
that crosslinked PDMS contains a small fraction of uncrosslinked
chains (E5% for Sylgard 184).21 When a water drop moves on a
PDMS surface, the air–water interface accumulates uncrosslinked
PDMS to minimise its surface tension.22 When drops are covered
by a thin layer of an immiscible liquid, they are referred to as being
‘cloaked’. Since surface tension influences the capillary force that a
drop exerts on a particle, we quantified the surface tension of a
cloaked drop by performing a pendant drop experiment directly on
a PDMS substrate.
The possible outcomes of a head-on collision between a particle
moving to the right and a stationary drop, both lying on a PDMS
surface, are summarised in [Fig. 1(b)]. When the particle hits the air–
water interface, it either remains attached to it or enters the drop. If
it enters, it moves through the drop, reaching the rear side. There, it
either stays attached to the interface or exits the drop. We observed
that the particle rolled when pulled by the drop. We discuss the
implications of rolling on the capillary and friction forces. Due to
contact angle hysteresis, the maximum capillary force acting on a
rolling particle is lower than on a sliding particle. Analytical expressions for the maximum capillary forces acting on a rolling particle
when it crosses the interface are provided and compared with
experimental results. The experimentally measured forces were
around 50% lower than the forces predicted by existing models6
(ignoring rolling) and our proposed model. When a particle rolls at
an interface, it experiences a resistive capillary torque. We derived an
expression to estimate the magnitude of this resistive torque and
show that it is a significant contribution to the resistive force
experienced by a particle when it is pushed or pulled by a water drop.

2 Materials and methods
2.1

Substrate

Glass slides (thickness 270 mm) were coated with polydimethylsiloxane (PDMS) (thickness E 50 mm). We prepared the PDMS
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layer by mixing Sylgard 184 (10 parts base to 1 part crosslinker)
in a glass vial and degassed the mixture under vacuum for
10 minutes. Meanwhile, glass slides were cleaned with ethanol,
dried in a nitrogen stream, and placed in an oxygen plasma
oven (300 W, 0.4 bar) for 5 minutes. Then, the Sylgard 184 mixture
was spin-coated onto the glass slides at 1000 rpm for 60 s. The coated
surfaces were cured in an oven at 60 1C for 15 hours. The contact
angle of water on the resulting surfaces was between 801 and 1201.21
2.2

Particles

Glass particles (Polysciences Europe GmbH) with radii between
115 mm and 182 mm were used. The particles were spherical, with
some having occasional defects. The contact angle of water on the
particle was imaged using laser scanning confocal microscopy.
2.3

Drops

We used ultra-pure (Milli-Q) water with volumes between 3 mL
and 10 mL. The drop volume was chosen such that the force
exerted by the particle on the drop during the collision was
clearly visible when plotted on the same scale as the force
required to push the drop alone.
2.4

Laser scanning confocal microscope

The drop–particle collisions were imaged with an inverted laser
scanning confocal microscope (Leica TCS SP8) using a Leica HC
PL APO CS 10/0.40 objective lens. To image the drop in
fluorescence mode, we used water containing a fluorescent dye
(ATTO 488). The focus was in a horizontal plane going across the
centre of the particle, and imaging was done in transmission,
fluorescent and reflection modes simultaneously. The final
image was constructed by overlaying all three channels. The
collision of the drop with the particle was initiated by moving the
surface to the right at a constant speed while keeping the drop’s
position fixed by the blade [Fig. 1(a)]. To control the motion of
the sample stage, a program was written in LabVIEW. Since the
objective lens is fixed and has a limited field of view, moving the
surface instead of the drop is advantageous as it allows us to
continuously image the drop throughout the collision over a
range of speeds (10 to 500 mm s1).
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We measured lateral forces on the same setup by mounting
a metal blade on the microscope. The metal blade (Orion
stainless steel feeler gauge tape, E3 mm wide, 40–70 mm thick,
5–10 cm long) was clamped at the top and the focal plane was
set at the lower edge of the blade. A laser beam was incident on
lower edge, and the reflected light was captured by the objective
lens. When a drop presses against the blade with a timedependent force F(t), the resulting deflection Dx(t) is given by
Hooke’s law F(t) = kDx(t), where k is the spring constant of the
blade. The spring constant was determined by gently deflecting
the blade, releasing it, and measuring the natural angular
frequency of the resulting oscillations, o. The angular frequency
was then inserted into the relation k = 0.243mo2, where m is the
mass of the freely hanging blade.23 The pre-factor accounts for
the uniform mass distribution of the blade. The blade dimensions were chosen such that the deflection could be clearly
imaged while staying within the maximum measurable range
at all times. The noise level due to ambient vibrations was below
200 nN, which was negligible compared to fluctuations due to
surface inhomogeneities (E2 mN) (ESI,† Fig. S1). The time
resolution was 5 ms or better. The main difference between
our setup and previous ones24–26 is that we measure the deflection using a commercial laser scanning confocal microscope
rather than using a separate camera25,26 or a home-built laser
system.24 Performing the force measurements directly on the
microscope enables us to image the drop with micrometre
resolution and to measure the corresponding forces along the
same track on the surface.

2.5

Imaging cloaked drops

A drop (diameter E 500 mm) was placed on fluorescent PDMS and
imaged using laser scanning confocal microscopy. Fluorescent dye
(absorption wavelength 663 nm, emission wavelength 712 nm)
was added to the PDMS when mixing the Sylgard 184 mixture. The
drop consisted of 57% water (containing ATTO 488) and 43%
glycerol. Glycerol was added to suppress evaporation and to match
the refractive index between the drop (1.41) and PDMS (1.41). The
image was taken 30 minutes after placing the drop on the surface.
Evaporation was insignificant over the waiting period.

Paper
2.6

Measurement of the interfacial tension of cloaked drops

Holes of diameter 2 mm were drilled into a glass slide, which
was then coated with PDMS. We added 25% of PDMS lubricant
(tri-methylsiloxyl terminated, molecular weight 14 000 g mol-1,
density 970 kg m3) to the Sylgard 184 PDMS when stirring the
base and the crosslinker in order to speed up the cloaking
process. The surface was positioned with the PDMS-coated side
facing down. The following steps were automated using on a
Krüss Drop Shape Analyzer (DSA100). A syringe tip (outer
diameter 1.8 mm) was lowered into the hole until it was a few
millimetres below the PDMS surface. A 25 mL drop of ultra-pure
water (Milli-Q) was dosed and held by the syringe tip. After
waiting for 10 s for vibrations from the dosing process to
subside, the syringe was moved upwards until the drop came
into contact with the surface and the three-phase contact line
was pinned by the hole. Then, the surface tension measurement was initiated and the drop volume was increased to 38 mL
at 5 mL s1. The drop volume was increased to 38 mL since larger
drops lead to more precise surface tension measurements
using the pendant drop method.

3 Results and discussion
To characterise the PDMS surface, we measured the force
required to move a water drop (volume 3 mL) relative to the
surface at 500 mm s1 (without a particle). The force needed to
repeatedly move the drop along the same track was highly
reproducible, demonstrating that the noise level was negligible.
Fluctuations due to surface inhomogeneities were around 5%
(ESI,† Fig. S1). As the drop moved over the surface, the air–
water interface accumulated uncrosslinked PDMS chains.22 We
confirmed the presence of a PDMS layer around the drop by
imaging the drop–air interface using confocal microscopy
[Fig. 2(a)]. A fluorescent glycerol–water drop (cyan) was placed
on a PDMS substrate containing a different fluorescent dye
(yellow). Glycerol was added to the drop to match the refractive
index between PDMS and the drop, and to suppress evaporation. The drop’s apex was imaged after 30 minutes, and a PDMS
layer was observed around the drop. To measure the surface

Fig. 2 Cloaking. (a) PDMS cloak (yellow) covering a drop (cyan, 57% water, 43% glycerol). Flourescent dye was added to Sylgard 184 PDMS mixture prior
to cross-linking. The three-dimensional image above the schematic was taken with confocal microscopy 30 minutes after the drop was placed on the
substrate. Only the top part of the drop is shown, as highlighted by the white dotted rectangle in the schematic. (b) Change in the surface tension of a
water drop suspended from a PDMS surface as shown the inset. To speed up cloaking, 25% of PDMS lubricant was added to the Sylgard 184 mixture, prior
to cross-linking.
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tension, g, of water cloaked with PDMS, we suspended a pure
water drop from a PDMS surface [Fig. 2(b)]. Initially, the surface
tension was 72 mN m1, which corresponds to the value
expected for pure water. Then, the surface tension decreased
and plateaued at 64 mN m1 after around 200 s. Thus, the
surface tension of a cloaked drop is 64 mN m1. To speed up
the cloaking process, PDMS lubricant was added to the Sylgard
184 mixture prior to cross-linking. Without added lubricant,
cloaking takes longer than 25 minutes and drop evaporation
becomes significant. However, the drop should eventually have
the same final surface tension (64 mN m1) due to the
uncrosslinked PDMS chains. A moving drop, however, accumulates PDMS much faster22 than a suspended drop as it rolls into
contact with the surface. In all the experiments described
below, PDMS surfaces without added lubricant were used. All
drops were rolled on the surface for a few millimetres before
the collision to ensure that their surface tension was constant
during the collision. Therefore, throughout this paper, we use
g = 64 mN m1 as the surface tension of the drop–air interface.
Next, we describe the drop–particle collision experiments.
A particle (radius 115 mm) was placed a few millimetres in front
of the drop on the substrate. Then, the substrate was moved
while keeping the drop fixed. We first consider the case when the
particle stayed attached to the drop–air interface [50 mm s1,
Fig. 3(a), Video 1, ESI†]. Before the collision, the force increased
until it reached a steady value at E 30 s [Fig. 3(b)]. The plateau
between 30 s and 55 s corresponds to the friction force between
the drop and the surface.24,27 At E55 s the particle (dark red)
made contact with the drop (cyan) and a water meniscus formed
around the particle. The action of capillary force acting at the
three-phase contact line is seen as a small dip, labelled ‘contact’.
Subsequently, the force increased due to resistive forces (FRpush =
10  1 mN) acting on the particle when it was in front of the drop.
The plateau between contact and t2 corresponds to the force

required to push the particle [Fig. 3, t1]. However, this configuration is unstable due to the convex curvature of the meniscus
around the particle. Any deviation from a head-on collision axis
will result in an asymmetry in the capillary force, causing the
particle to move sideways. Experimentally, even when a perfect
head-on collision is achieved, an asymmetry arises when the
particle moves over a surface inhomogeneity. Therefore, the
particle moved around the drop’s base. At t2, the particle was
at the lateral side of the drop. The force decreased to the same
value as before the collision since, in this position, the capillary
force has no component acting along the x-axis [defined in
Fig. 1(a)]. After t2, the particle was at the rear side of the drop.
The particle stayed attached to the drop, while the surface
continued to move at 50 mm s1 [Fig. 3, t3]. The force required
to pull the particle was Fpull
= 12  2 mN.
R
To determine whether the particle rolled or slid over the
surface, we zoomed into a particle (radius R = 125 mm) that had
microscopic defects while it was pulled by a drop [Fig. 4(a),
Video 2, ESI†]. The time taken for the defects to perform a
complete revolution was 16 s. 16 s corresponds to the time
period of rolling (2pR/v, where v is the speed of the surface),
assuming that the particle rolls at the same speed as the
surface. Therefore, we conclude that the particle was rolling
on the surface without any noticeable slip. The defects caused
the particle to roll unevenly, resulting in a periodic motion of
the water–air–particle contact line. We tracked the contact
angle, Y, of water on the particle and the position, xCL, of the
contact line along the x-axis, relative to the centre of the particle
[Fig. 4(b)]. Each data point for Y and xCL corresponds to an
average value of the upper and lower contact points [two green
dots in Fig. 4(a), middle column]. Both the contact line position
and the contact angle oscillated with a time period equal to that
of rolling (16 s). The advancing angle refers to the maximum
angle (YA E 1001) when the contact line advanced [positive
gradient of xCL in Fig. 4(b)] on the particle. The receding angle
refers to the minimum angle (YR E 751) when the contact line
receded on the particle. The contact angles are higher than
what would typically be expected for water on glass because
uncrosslinked PDMS molecules from the flat substrate adhere
to silica, lowering the surface energy of the particle.28
We estimated the component of the capillary force pulling the
particle horizontally along x from the image series shown in
Fig. 4(a). The net capillary force, Fg, is obtained by integrating the
surface tension vector around the contact line, which we assume
to be a circle of diameter L [Fig. 4(a)]. Furthermore, we assume a
constant contact angle around the contact line. Due to symmetry
about the xz plane, the force components along the y-axis cancel,
leaving only the components parallel to the xz plane, jF~xz j ¼
jF~g j cos b; where b is the angle between the surface tension vector
and the x-axis [defined in Fig. 4(a)]. The x-component of the force
-

Fig. 3 Drop–particle collision on a PDMS surface at 50 mm s1. (a) A
collision between a drop (cyan; 3 mL dyed with ATTO 488) and a glass
particle (radius 115 mm, dark red). The focus was in a horizontal plane going
through the centre of the particle. Scale bar: 250 mm. (b) Lateral force
acting on the drop before and during the collision. Fpush
(F pull
R
R ) is the
resistive force acting on the particle when it is pushed (pulled) by the drop.
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is obtained by taking the projection of Fxz along x,
-

Fx = |Fxz|sin A = pLg cos b sin A,

(1)

where pL is the circumference of the contact line, A is the angle
between the flat substrate and the plane containing the contact
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When the collision was performed at 500 mm s1, the
particle entered and exited the drop [Fig. 6(a), Video 3, ESI†].
The particle fully crossed the front drop–air interface and the
force reached a maximum of Fpush
= 16 mN [Fig. 6(b)]. The force
g
decreased when the particle was inside the drop [Fig. 6(b), t2],
suggesting that viscous drag is negligible. The viscous drag is
given by Fdrag = 1.7  6pZR2(dt/dt),29 where Z is the dynamic
viscosity of water and R is the particle’s radius. dt/dt E vD/H is
the shear rate of the flow, where vD is the speed of the drop
relative to the surface and H is the drop’s height. Fdrag is of the
order of 109 N – negligible compared to the capillary force.
Consequently, a particle that crosses the front side of the drop
will easily move through the drop, reaching the rear interface.
The particle detached from the drop just after t3 [Fig. 6(b)],
exerting a maximum force of Fpull
= 13 mN.
g
3.1

Criterion for particle removal

For a particle to remain attached to a drop–air interface, it has
to slide or roll over the substrate such that its centre of mass is
at rest relative to the drop. When the particle moves relative to
the surface, it experiences resistive forces FR. The particle stays
attached to the drop when
Z FR,
F max
g

(2)

where Fgmax is the maximum capillary force that the drop–air interface
can exert on the particle. We will refer to Fgmax as F push
(Fgpull) when
g
the particle is attached to the air–water interface at the front (rear)
side of the drop since capillary force acts to push (pull) the particle
out of (into) the drop.
Fig. 4 Water drop pulling a particle (radius 125 mm) with defects. (a) The
highlighted defects appear in focus every 16 s. The green dots in the
middle image highlight the position of the contact line of diameter L. Y is
the contact angle and b is the angle between the drop–air interface and
the x-axis. (b) Position of the contact line (xCL) and contact angle (Y) as a
function of time. xCL is defined relative to the centre of the particle. Both Y
and xCL are averages of the values measured at the two green dots in (a).
(c) Capillary force acting on the particle, calculated from the image series
(Video 2, ESI†) in (a), using eqn (1). The points were averaged every 0.8 s.

line, and g is the magnitude of the surface tension vector. Fx is
plotted as a function of time in Fig. 4(c) (refer to Video 2 for a
live plot, ESI†). In Fig. 4(c), we used A E 401. This approximation was obtained by imaging the water meniscus around a
particle in contact with a static drop, in three-dimensions
[Fig. 5(a)]. The shape of the three-phase contact line around
the bottom half of the particle was circular (radius 117 mm), and
the angle between the contact line and the substrate was A E
401 [Fig. 5(b) and (c)]. Therefore, the horizontal component of
the capillary force is obtained by multiplying the |Fxz| by
sin 401. In general, however, we expect the shape of the water
meniscus surrounding the particle to change with speed and
therefore expect A to deviate from 401 when the surface moves.
Nevertheless, the average force calculated using eqn (1) [15 mN,
Fig. 4(c)] shows good agreement with the force measured with
the blade [Fpull
= 12  2 mN, Fig. 3(b)].
R
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3.2

Maximum capillary forces

To estimate Fmax
, we first consider a spherical particle going
g
through an air–water interface perpendicularly, neglecting the
PDMS substrate. Fmax
depends on whether the particle rolls or
g
slides, the contact line geometry, and the contact angle Y
between the particle and water. For a perfectly smooth and
homogeneous particle, Y has a unique value given by Young’s
law cos Y = (gSA  gSD)/g, where gSA, gSD and g are the solid–air,
solid–drop and drop–air interfacial tensions, respectively.30
However, for real materials, the contact angle lies between
the advancing and receding angles (YR r Y r YA). When a
particle moves from the air phase into the water phase, the
contact angle of water on the particle corresponds to the
advancing angle YA. The maximum force Fpush
acting on a
g
non-rolling particle during entry is31,32
Fgpush ¼ 2pRg sin2

YA
;
2

(3)

where R is the particle’s radius and g is the surface tension of
the interface. When the particle is pulled away from the water
phase, the corresponding maximum capillary force is31,33
Fgpull ¼ 2pRg cos2

YR
:
2

(4)

However, when the particle is slowly pushed across an air–water
interface while rolling, half of it moves out of the water (receding)
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Fig. 5 Water meniscus around a particle. (a) Three-dimensional confocal image of the water meniscus (cyan) surrounding a stationary particle (not drawn)
of radius 125 mm. Note that above the particle’s centre, the image is subject to an optical artefact since the particle obstructs fluorescent light emitted by the
drop. Therefore, the shape of the meniscus is only accurate below the red dots (drawn). (b) Shape of the lower half of the three-phase contact line around the
particle, extracted from (a). (c) Schematic side view showing the capillary force and its horizontal projection.

particle, j and Y are functions of a due to contact angle hysteresis.
To evaluate eqn (5), we introduce a simplifying approximation by
splitting the contact-line into two separate regions. On the right of
the rotational axis (0 o a o p), Y = YR and j = jR. On the left (p o
a o 2p), Y = YA and j = jA. eqn (5) then evaluates to
Fg = pgR[cos(YR + jR)cosjR+ cos(YA + jA)cosjA].
(6)
To find the maximum force, we first write the diﬀerential
of F:




@F
@F
djA þ
dj
(7)
dF ¼
@jA jR
@jR jA R

= pgR[sin(jA  YA)cosjA+ cos(jA  YA)sinjA]djA
Fig. 6 Drop–particle collision on a PDMS surface at 500 mm s1.
(a) Collision between a drop (cyan, 3 mL dyed with ATTO 488) and a
particle (radius 115 mm, dark red). The focus was on a horizontal plane
through the particle’s centre. (b) Lateral force acting on the drop. The
particle was initially 1.2 cm away from the drop and collided with the drop
at E23 s.

while the other half moves into water (advancing). The three-phase
contact line on the rotating particle is divided into two regions: one
having a contact angle of YR and the other, an angle of YA. Below
we derive expressions for the maximum capillary forces on a rolling
particle. When a particle is pushed across a horizontal air–water
interface, the vertical component of surface tension (along +z)
acting on the particle is
ð 2p
Fg ¼
g cosðp  Y  jÞR cos jda:
(5)
0

Here, g is the air–water surface tension, R is the radius of the
particle, a is the azimuthal angle in the xy plane, and j is the angle
between the xy plane and a line joining the three-phase contact line
to the centre of the particle [Fig. 7 (a)]. j is defined to be positive
(negative) above (below) the xy plane. In general, for a rotating
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(8)
+ pgR[sin(jR + YR)cos jR + cos(jR + YR)sin jR]djR.
Assuming that jA and jR are independent, dF is zero when
jA = YA/2 + np/2 and jR = YR/2 + mp/2, where n = 1 or 0, and
m = 0 or 1 such that p/2 r jA r p/2 and p/2 r jR r p/2,
respectively. To determine whether these solutions correspond
to a minimum (downward capillary force pulling particle
towards liquid) or a maximum (upward capillary force pushing
particle out of liquid), we calculate the second derivatives of F:
@2F
¼ 2pgR½cosðjA  YA Þ cos jA  sinðjA  YA Þ sin jA ;
@jA2
(9)
@2F
¼
@jA2

(

2pgR 4 0;

jA ¼ YA =2;

2pgR o 0;

jA ¼ ðYA  pÞ=2:

(10)

Therefore, jA = YA/2 corresponds to a minimum and jA =
YA/2  p/2 to a maximum. Similarly, we find that jR = YR/2
corresponds to a minimum whereas jR = YR/2 + p/2

Soft Matter, 2021, 17, 17461755 | 1751

View Article Online

Open Access Article. Published on 21 December 2020. Downloaded on 3/19/2021 7:57:41 AM.
This article is licensed under a Creative Commons Attribution 3.0 Unported Licence.

Soft Matter

Fig. 7 Maximum force acting on a particle (YA = 1001 and YR = 751) as it
enters and exits a drop. (a) Schematic of a particle rolling at an air–water
interface. (b) Maximum force measured on a 182 mm particle during entry (red
squares) and exit (blue circles) at 500 mm s1. The error bars correspond to the
standard deviations of the drop friction due to surface inhomogeneities. The
solid horizontal lines correspond to the predicted maximum capillary force on
a sliding particle [eqn (3) (red) and eqn (4) (blue)]. The broken lines correspond
to a rolling particle [eqn (11) (red) and eqn (12) (blue)].

corresponds to a maximum. By substituting jA = (YA  p)/2 and
jR = (YR + p)/2 in eqn (6), we obtain the maximum upwards
capillary force acting on a rolling particle when it is pushed
across the interface:


2 YR
2 YA
push
Fg
þ sin
:
(11)
¼ pgR sin
2
2
To obtain the maximum downwards capillary force that the
air–water interface exerts on the particle when the latter is
pulled away from the water phase, we substitute jA = YA/2 and
jR = YR/2 in eqn (6):


pull
2 YR
2 YA
Fg ¼ pgR cos
þ cos
:
(12)
2
2
Since YR o YA, the maximum capillary force for a rolling
particle (eqn (11) and (12)) is lower than that for a non-rolling
particle (eqn (3) and (4)). We expect the contact line approximation
used here to be valid for small contact angle hysteresis (YA  YR E
251 for our case). For large diﬀerences between YA and YR, the
assumption about jA and jR being independent will no longer be
valid. An exact calculation of the maximum capillary force requires
precise knowledge of the contact line geometry, in particular
how j and Y vary around the contact line.
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Fig. 7(b) compares the predicted maximum forces to the
maximum forces measured when a particle entered (red
squares) and exited (blue circles) a drop. The solid lines
correspond to a sliding particle [eqn (3) (red) and eqn (4)
(blue)], and the broken lines correspond to a rolling particle
[eqn (11) (red) and eqn (12) (blue)]. All the experiments were
performed at 500 mm s1 on the same track and with the same
particle. The particle (radius 182 mm) and the drop (volume
8–10 mL) were carefully aligned such that they collided head-on.
The predictions are around two times larger than the measured
forces. This discrepancy is likely because eqn (3), (4), (11) and
(12) assume that the angle, A [Fig. 5(c)], between the substrate
and the water–air–particle contact line is 901. However, in
general, A differs from 901 [Fig. 5(b)]. Since the measurements
only capture the horizontal component of the capillary force,
the predictions provided by eqn (3), (4), (11) and (12) are indeed
expected to be higher. To reconcile the predicted forces with
the measured forces, only the horizontal projection of the
predicted force has to be considered when calculating the
maximum force. Therefore, |Fg|sin A has to be maximised. An
expression for the maximum horizontal component of the
capillary force (ignoring rolling) has been proposed.6,8 It was
suggested that eqn (4) should be multiplied by sin YS, where YS
is the contact angle between the drop and the flat substrate (801 in
our case, at the rear side). However, our experiments demonstrate
that this correction still overestimates the exit force since YS is, in
general, not equal to A (401 in Fig. 5).
3.3

Resistive forces

In this section, we provide insights on the physical origins of
the resistive force, FR, experienced by a rolling particle when it
is attached to the drop–air interface and is pushed or pulled by
the drop. First, there is a contribution due to the friction force,
FS (‘S’ for surface), experienced by the particle as it rolls over the
surface. FS originates from viscoelastic dissipation in the elastomeric
substrate and from molecular attraction forces between the particle
and the substrate.34–36 As the particle rolls, the energy required to
peel the rear contact is greater than the energy recovered when
closing the front contact, thus giving rise to a rolling resistance.34
To determine FS, we measured the force to push a particle (radius
182 mm) by the blade (without the drop) on the surface at various
speeds [Fig. 8(a)]. FS increased with speed, at a decreasing rate.
During these experiments, the particle rolled on the PDMS substrate
while sliding relative to the blade. Thus, the measured force is
influenced by friction between the blade and the particle. However,
we expect the friction contribution due to the blade to only be E10%
of the measured FS since the coefficient of sliding friction between
PDMS-coated stainless steel (blade) and PDMS-coated glass (particle)
is low (E0.137). The blade accumulated PDMS when it pushed
cloaked drops and the particle accumulated PDMS as it rolled over
the substrate.
Second, there is a viscous contribution as particle rolls at the
interface while being partially submerged in the drop. However,
viscous eﬀects turn out to be negligible compared to capillary
forces due to the small capillary number, Ca = Zv/g E 105 { 1,
where Z is the dynamic viscosity of water, v is the rolling speed of
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the particle, and g is the surface tension of the drop. Assuming a
Stoke’s drag, we obtain a viscous force 6pZRv E 108 N.
A third contribution to the resistive force is due to capillary
torque (MDY, the subscript stands for ‘contact angle hysteresis’)
opposing rolling at the drop–air interface. To understand the
origins of MDY, consider a cylinder (radius R) quasi-statically
spinning counter-clockwise about its equilibrium position at a
horizontal air–water interface. Due to contact angle hysteresis,
the right side will make an angle YR with the interface, whereas
the left side, an angle YA [Fig. 8(b), inset]. This asymmetry gives
rise to a resistive torque gR(cos YR  cos YA) per unit length of
the cylinder, about the central axis. For a sphere, we obtain the
total torque by integrating over the contact line:
I
~
M DY ¼
r ~
gdl;
(13)
CL
-

where r is the perpendicular vector from the rotational axis to the
surface tension vector ~
g,  denotes the vector cross product, and
the contour integral is around the contact line (CL). To obtain an
analytical estimate of the above integral, we assume a circular
contact line of radius R whose centre coincides with the centre of
the particle, as drawn in the inset of Fig. 8(b). The surface tension
vector acts at a perpendicular distance R sin a from the rotational
axis, where a is the azimuthal angle in the xy plane about the
centre of the particle. The force acting on an infinitesimal contact
line element of length Rda is dF~ ¼ ~
gRda. Only the tangential
~
component, jdFj cos Y ¼ gR cos Yda, where Y = YR (right) and
YA (left), produces a net moment about the rotational axis. The
normal component produces no moment since the surface tension vector is symmetric about the yz plane. Therefore, the net
moment acting on the particle has a magnitude
MDY ¼

ðp
0

gR2 cos YR sin ada þ

ð 2p

gR2 cos YA sin ada

(14)

p

= 2gR2(cos YR  cos YA).

(15)

Here, R is the radius of the particle, a is the azimuthal angle
[Fig. 7(a)], and YR and YA are the receding and advancing

angles of water on the particle. The tangential force corresponding to this torque is
FDY = 2gR(cos YR  cos YA).

(16)

For a particle of radius 182 mm with a contact angle hysteresis
of 251, FDY E 10 mN [Fig. 8(b)]. Note that, eqn (16) is valid when
the contact line radius is equal to the particle radius. For our
case, this approximation is valid when the particle (mean contact
angle E901) rotates about its equilibrium position such that half
is in water and the other half in air. Fig. 9 compares FS + FDY (red
line and circles) to the measured values of FR when a particle
(radius 182 mm) was pushed (orange triangles) or pulled (blue
squares) by a water drop. To ensure a systematic comparison, FS,
FRpush and FRpull were measured along the same track on the
substrate and with the same particle. There is good agreement
between the sum of the two contributions and the measured FR,
particularly at low speeds. However, unlike FS, FR showed no
clear dependence on speed. We speculate this is because FDY
decreases with speed and balances the increase in FS such that
their sum, FR, is approximately constant. To understand why FDY
could decrease with speed, we consider a particle attached to the
rear side of the drop. When the particle is in equilibrium at the
drop–air interface, half of it will lie inside the water phase since
the contact angle of water on the particle is approximately 901. In
this configuration, the contact line radius is equal to the radius
of the particle and FDY is given by eqn (16). However, when the
particle moves with the drop, the net capillary force has a
component pulling the particle to the drop. To produce this
force, the contact line has to slide over the particle such that the
net capillary force has a component pointing towards the drop,
as in Fig. 5(c). As the contact line slides, the particle moves
further out of the drop and the contact line radius decreases.
Therefore, eqn (16) is no longer valid. Replacing the radius, R, in
eqn (16) by a smaller effective radius, would lead to a smaller
FDY. Furthermore, it is likely that the angular tilt of the contact
line [A in Fig. 5(c)] changes with speed, causing both the
magnitude and the direction of the net capillary force vector to
change with speed. Another important consideration is that
when the particle is attached to the drop, FS may no longer take
the same values as measured in dry conditions [Fig. 8(a)]. The

Fig. 8 Contributions to the resistive force. (a) Force required to push a particle on a dry PDMS surface at diﬀerent speeds. Error bars correspond to the
standard deviation of the measurements due to surface inhomogeneities. (b) Calculated resistive force due to contact angle hysteresis on a particle
(radius 182 mm) rolling at an air–water interface. The inset shows the shape of the assumed contact line.
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Fig. 9 Resistive force experienced by a particle (radius 182 mm) when it is
pushed (orange triangles) or pulled (blue squares) by a water drop. The red
line and circles were obtained by adding the two dominant resistive
contributions, FR and FDY. Error bars correspond to the standard deviation
of the measurements due to surface inhomogeneities.

normal adhesion force between the particle and the surface will
be influenced by the vertical component of capillary force acting
at the air–water–particle contact line and by van der Waals forces
which act through water instead of air. Since rolling friction on
elastomers depends on the normal force,34 it is likely that FS will
also change. Given all the complexity, it is indeed surprising that
FS + FDY E FR [Fig. 9].

Paper
than predicted by existing models describing the attachment of
a particle sliding (ignoring rolling) through an interface. We
propose a model to account for rolling of the particle. The
model predicts that a rolling particle experiences a smaller
capillary force than a sliding particle when it crosses the interface. Accounting for rolling leads to a better agreement between
the predicted and measured forces. However, the predicted
forces remain too high, likely due to the angular tilt, A, of the
air–water–particle contact line with respect to the substrate,
which was assumed to be 901 in the models. Although we
expect A to depend on the contact angle between the drop and
the substrate, and the advancing and receding angles between
the drop and the particle, it is not clear what the relationship
between these quantities is. Additionally, A will depend on how
the drop locally deforms as the particle crosses the interface.
Particle removal by water drops on hydrophobic surfaces is
conceptually diﬀerent to particle removal on superhydrophobic
surfaces. On a hydrophobic (PDMS) surface, a water drop pulls
a glass particle horizontally along the surface. In contrast, on
superhydrophobic surfaces, particles are removed in the vertical
direction due to the low normal adhesion between the particle
and the surface.8,12 Despite this diﬀerence, a unifying principle
to enhance self-cleaning of both surfaces is to minimise the
adhesion and friction forces between the particle and the
surface.

Author contributions
4 Summary and conclusions
When a particle collides with a water drop on a PDMS surface, it
either enters the drop (fast collision) or stays attached at the
drop–air interface (slow collision). Intuitively, this may seem
expected since a fast particle has a high kinetic energy and
therefore interfacial forces have to do more work to stop the
particle. However, balancing the kinetic and interfacial energies
reveals that if a particle (radius 182 mm; average contact angle
901 with water) and a water drop collide in free space, the relative
speed must be at least around a few centimetres per second for
the particle to cross the drop–air interface. In contrast, on a
hydrophobic (PDMS) surface, the minimum speed of entry is
reduced by approximately two orders of magnitude (300 mm s1).
On PDMS, the particle remained attached to the drop–air
interface for speeds o300 mm s1 and rolled without noticeable
slip. When a particle is pushed or pulled by a water drop, it
experiences resistive forces FR. FR has two main contributions.
First, there is a friction force FS due to rolling hysteresis
between the particle and the substrate. The second contribution, FDY, has capillary origins and is due to contact angle
hysteresis at the air–water interface – an effect which has been
overlooked so far. We provide an analytical expression to
estimate FDY and show that FS + FDY E FR, particularly at low
speeds.
At high speeds, the particle entered and exited the drop. We
measured the force that the particle exerted on the drop when it
crossed the drop–air interface. The measured values were lower
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